




Стручна биографија Андријане Шолајић 

  

Андријана Шолајић је рођена 1991. године у Београду, где је завршила Математичку гимназију 

2010. године. Дипломирала је на одсеку за Физичку електронику на Електротехничком 

факултету Универзитета у Београду, на смеру Наноелектроника, оптоелектроника и ласерска 

техника, са просеком 8.26. Дипломски рад под називом „Електронска структура напрегнутих 

графенских нанотачака“ одбранила је са оценом 10 у јуну 2016. године. 

Исте године уписује мастер студије на Електротехничком факултету Универзитета у 

Београду, на модулу Наноелектроника и фотоника. У септембру 2017. године одбранила је 

мастер тезу под називом “Одређивање електронских и фононских својстава графена 

допираног стронцијумом и итербијумом ДФТ методом”, чиме завршава мастер студије са 

просечном оценом 10.0. Мастер рад је комплетно урађен у Центру за физику чврстог стања и 

нове материјале, Института за физику у Београду, у лабораторији за 2Д материјале, под ко-

менторством др Јелене Пешић. 

У октобру 2017. године уписује докторске студије из Физике кондензоване материје и 

статистичке физике, на Физичком факултету Универзитета у Београду, од када волонтира у 

Центру за физику чврстог стања и нове материјале, Института за Физику Београд, у 

Лабораторији за 2Д материјале. Од децембра 2018. године запослена је у истој групи. 

У оквиру свог доктората, Андријана се бави истраживањем особина нових хетероструктура 

базираних на хексагоналном бор нитриду (hBN) и монохалкогенидима IIIa групе помоћу 

теорије функционала густине. Примарно циљ истраживања је утицај различитих спољашњих 

сила на овакве структуре, првенствено примене напрезања, у циљу испитивања могућности 

прецизне контроле одређених својставa, као што су ширина енергијског процепа и оптичке 

особине. На колегијуму докторских студија Физичког факултета одржаног 01.12.2021.  

одобрена јој је израда докторске дисертације под темом под називом “Испитивање утицаја 

напрезања на особине хетероструктура дводимензионалних монохалкогенида IIIа групе ab-

initio методама”. Од августа 2020. године учесник је ПРОМИС пројектa “StrainedFeSC - Strain 

effects in iron chalcogenide superconductors” под руководством др Ненада Лазаревића, задужена 

за нумеричке прорачуне. 

До сада је аутор на 10 радова у међународним часописима, као и учесник на неколико 

међународних конференција. У септембру 2019 године учествовала је на ДФТ школи у 

Љубљани “Summer School on Advanced Materials and Molecular Modelling” као учесник и тутор 

на практичним вежбама. Рецензент је два рада у међународним часописима. У октобру 2019. 

године била је члан организационог одбора конференције Симпозијум физике кондензоване 

материје у Београду. 



Преглед научне активности Андријане Шолајић 

 

Андријана Шолајић се у свом научном раду бави истраживањем особина нових 

слојевитих и 2Д материјала као и хетероструктура базираних на њима. У свом истраживању 

користи ab-initio прорачуне, базиране на теорији функционала густине. Теорија функционала 

густине је данас једна од најпопуларнијих унмеричких метода за моделирање материјала, 

заснована на законима квантне механике. Резултати добијени овим методом се углавном 

добро слажу са експерименталним резултатима, и користе се како за објашњење и потврду 

експерименталних резултата, тако и за предвиђање нових материјала и њихових својстава.  

  

• Хетероструктуре на бази хексагоналног бор нитрида (hBN) и 
монохалкогенида IIIa групе 

 
Моделовање и испитивање хетероструктура на бази једнослојног хексагоналног бор нитрида 

(hBN) и једнослојних монохалкогенида IIIa групе (InTe, GaTe) помоћу теорије функционала 

густине. Анализиране су електронска структура и оптичке особине оваквих хетероструктура, 

као и утицај hBN-a на својства монохалкогенида у циљу механичке заштите осетљивих 

монослојева монохалкогенида подложних оксидацији при изложености ваздуху. Уочена је 

повећана оптичка апсорпција у УВ делу спектра приликом формирања хетероструктуре, у 

поређењу са монослојевима InTe и GaTe. Резултати истраживања су тренутно на рецензији у 

међународном часопису. 

 

Наставак истраживања базиран је на даљем испитивању ових и сличних хетероструктура, тј. 

могућности примене различитих спољашњих сила на овакве системе у циљу прецизне 

контроле жељених својстава материјала. Конкретно у фокусу је тренутно испитивање 

примене униформног напрезања на хетероструктуре у циљу контроле ширине енергијског 

процепа као и оптичких својстава, као истраживање и боље познавање фундаменталних 

процеса у њима – међуслојног спрезања, трансфера наелектрисања  

 

 

• Изучавање утицаја спин-орбитне интеракције на електронске дисперзије 

2Д материјала одређених типова симетрије 

Према истраживањима колеге Владимира Дамљановића и колега са Физичког факултета, 

симетријска анализа даје индикације да ниско-енергијски спектар материјала одређених 

типова симетрије може бити интересантнији од Дираковог или квадратног спектра. 

Систематски анализирајући ефективне Хамилтонијане и дисперзије у тачкама високе 

симетрије са четвороструком зонском дегенерацијом, откривене су нове врсте електронских 

дисперзија, такозване “poppy flower” дисперзије (облик подсећа на цвет мака). Овакви типови 

дисперзија постоје у немагнетним дводимензионим материјалима са спин-орбитном 

интеракцијом који поседују неку од десет предложених 10 симетријских група. Међу 



материјалима који су као ексфолирани у монослој кандидати за овакав тип дисперзије, налази 

се и слојевити BiIO4, који постоји као тродимензиони кристал и ексфолира се у стабилни 

монослој симетрије pb21a. Методом теорије функционала густине, потврђена је стабилност 

једнослојног BiIO4 и изучавана су електронска својства овог материјала, која потврђују 

присуство тзв. Fortune Teller фермиона у тачкама високе симетрије електронске дисперзије. 

Резултати овог истраживања објављени су у истакнутом међународном часопису: 

Damljanović, V., Lazić, N., Šolajić, A., Pešić, J., Nikolić, B. and Damnjanović, M., 2020. Peculiar 

symmetry-protected electronic dispersions in two-dimensional materials. Journal of Physics: 

Condensed Matter, 32(48), p.485501. 

 

• Истраживање електрон-фонон интеракције у допираном графену и 

његових оптичких и механичких особина 

Настављено је истраживање особина једнослојног графена допираног металним адатомима. 

Претходни резултати анализе електронских и фононских особина оваквих система 

индиковали су могућу појаву суперпроводности у слоју графена допираног различитим 

адатомима. Ови закључци мотивисали су на даља истраживања својстава допираног графена. 

Анализиране су особине једнослојног графена допираног стронцијумом, као и прелазним 

металима итријумом и скандијумом. Методом теорије функционала густине рачуната је 

електрон-фонон интеракција оваквих система. Показано је да монослој графена допираног 

стронцијумом има појачану елецтрон-фонон интеракцију са параметром λ=0.38 и испољава 

суперпроводност испод Тc = 0.9 К, а слични резултати очекивани су и за преостале две 

структуре услед повећања густине стања на Ферми нивоу. 

Даље, како овакви материјали могу наћи различите примене у многим областима, испитиване 

су њихова механичка и оптичка својства. Рачунате и анализиране су еластичне константе свих 

структура. Резултати показују да се допирањем еластичне константе смањују за око 50% у 

односу на чист једнослојни графен, што их и даље чини супериорним у поређењу са многим 

сличним 2Д материјалима. Израчуната диелектрична функција, тј. њен имагинарни део, не 

показује било какве значајне промене које би довеле до смањеног квалитета оптичких 

особина повољних у графену. 

Резултати овог истраживања објављени су у истакнутом међународном часопису (М22): 

Šolajić, A., Pešić, J. & Gajić, R. Optical and mechanical properties and electron–phonon interaction 

in graphene doped with metal atoms. Opt Quant Electron 52, 182 (2020). 

https://doi.org/10.1007/s11082-020-02300-0 

 

 

• Истраживање вибрационих и својстава слојевитих квази 2Д материјала 

 

https://doi.org/10.1007/s11082-020-02300-0


o Испитивање електронских и фононских својстава VI3 

Испитиване су електронска структура и рачунати Раман спектри за различите фазе структуре 

VI3, комплементарно са Раман мерењима колега из Центра за физику чврстог стања и нове 

материјале. Рад који сумира све резултате истраживања објављен је у међународном часопису 

изузетних вредности (М21а): 

Djurdjić Mijin S, Abeykoon AMM, Šolajić A, Milosavljević A, Pešić J, Liu Y, Petrovic C, Popović ZV, 

Lazarević N. Short-Range Order in VI3. Inorganic Chemistry, 2020. 

doi:10.1021/acs.inorgchem.0c02060. 

 

o Прорачуни Раман спектара CrSi0.8Ge0.1Te3 

Рачунати су Раман спектри и анализирана динамика решетке CrSi0.8Ge0.1Te3 у циљу бољег 

разумевања експерименталних резултата. Резултати истраживања су публиковани у раду у 

истакнутом међународном часопису (М22): 

Milosavljević, A, Šolajić, A, Višić, B, et al. Vacancies and spin–phonon coupling in CrSi0.8Ge0.1Te3. 

Journal of Raman Spectroscopy, 2020; 1– 8. https://doi.org/10.1002/jrs.5962 

 

o Прорачуни електронских и фононских особина квази-2Д трихалкогенида 

и емиксена 

Испитиване су вибрационе особине Ti3C2 и TiC2 методом теорије функционала густине, у 

циљу бољег разумевања експерименталних резултата карактеризације Ti3C2/PMMA 

нанокомпозита. Рад који сумира резултате истраживања послат је у међународни часопис и 

очекује се скорашња публикација. 

o Динамика решетке слојевитог Fe3-xGeTe2 

Прорачуни раман спектара и вибрационих својстава слојевитог Fe3-xGeTe2 комплементарно 

експерименталним резултатима, у циљу анализе динамике решетке и фазних прелаза овог 

материјала. Резултати истраживања публиковани су у врхунском међународном часопису 

(М21): 

A. Milosavljević, A. Šolajić, S. Djurdjić-Mijin, J. Pešić, B. Višić, Yu Liu, C. Petrovic, N. Lazarević, and Z. 

V. Popović. "Lattice dynamics and phase transitions in Fe 3− x GeTe 2." Physical Review B 99, no. 21: 

214304. (2019) 

 

• Учешће на пројектима у овом периоду: 

2020 - : Фонд за науку републике Србије: Промис пројекат под бројем 6062656 – “StrainedFeSC 

- Strain effects in iron chalcogenide superconductors” 

https://doi.org/10.1002/jrs.5962


2018 – 2020: Физика уређених наноструктура и нових материјала у фотоници ОИ171005, 

Министарство просвете, науке и техолошког развоја 

2018 – 2020: Наноструктурни мултифункционални материјали и нанокомпозити ИИИ450018, 

Министарство просвете, науке и техолошког развоја 

2018 – 2020: Modelling and measuring phase transitions and optical properties for perovskites, 

Билатерални пројекат са Johannes Kepler Универзитетом, Linz Austria 

 

• Рецензије радова у међународним часописима: 

Децембар 2019 – Physica E: Low dimensional Systems and Nanostructures, Elsevier 

Септембар 2020 – Electronic Structure, IOP publishing 



Списак публикација Андријане Шолајић  

 

РАДОВИ У МЕЂУНАРОДНИМ ЧАСОПИСИМА ИЗУЗЕТНИХ ВРЕДНОСТИ (М21а): 

1. S. Djurdjic Mijin, A. M. M. Abeykoon, A. Šolajić, A. Milosavljević, J. Pešić, Y. Liu, C.  Petrovic, Z. V. 

Popović, N. Lazarević, Short-Range Order in VI3, Inorganic Chemistry, vol. 59, no. 22, pp. 16265 - 

16271, doi: 10.1021/acs.inorgchem.0c02060, (2020). 

РАДОВИ У ВРХУНСКИМ МЕЂУНАРОДНИМ ЧАСОПИСИМА (М21): 

1. S. Djurdjić-Mijin, A. Šolajić, J. Pešić, M. Šćepanović, Y. Liu, A. Baum, C. Petrovic, N. Lazarević, Z.V. 

Popović, "Lattice dynamics and phase transition in CrI3 single crystals", Physical Review B 98 (10), 

104307 (2018) 

2. A. Milosavljević, A. Šolajić, J. Pešić, Yu Liu, C. Petrovic, N. Lazarević, Z.V. Popović, "Evidence of 

spin-phonon coupling in CrSiTe3", Physical Review B 98 (10), 104306 (2018) 

3. А. Milosavljević, A. Šolajić, B. Višić, M. Opačić, J. Pešić, Y. Liu, C. Petrovic, Z. V. Popović, N. 

Lazarević, Vacancies and spin–phonon coupling in CrSi0.8Ge0.1Te3, Journal of Raman 

Spectroscopy, Wiley, 51, 11, 0377-0486, 10.1002/jrs.5962, (2020). 

4. S. Djurdjic-Mijin., A. Baum, J. Bekaert, A. Šolajić, J. Pešić, Y. Liu, ... & N. Lazarević, “Probing charge 

density wave phases and the Mott transition in 1 T− TaS 2 by inelastic light scattering”, Physical 

Review B, 103(24), 245133. (2021) 

5. A. Milosavljević, A. Šolajić, S. Djurdjić-Mijin, J. Pešić, B. Višić, Yu Liu, C. Petrovic, N. Lazarević, and 

Z. V. Popović. "Lattice dynamics and phase transitions in Fe 3− x GeTe 2." Physical Review B 99, no. 

21: 214304. (2019) 

РАДОВИ У ИСТАКНУТИМ МЕЂУНАРОДНИМ ЧАСОПИСИМА (М22): 

1. A. Šolajić, J. Pešić, R. Gajić, "Ab-initio calculations of electronic and vibrational properties of Sr 

and Yb intercalated graphene", Optical and Quantum Electronics 50 (7), 276 (2018) 

2. A. Solajic, J. Pesic, R. Gajic, “Optical and mechanical properties and electron-phonon interaction 

in graphene doped with metal atoms”, Optical and Quantum Electronics, vol. 52, no. 3, issn: 0306-

8919, doi: 10.1007/s11082-020-02300-0 (2020). 

3. V. Damljanović, N. Lazić, A. Šolajić, J. Pešić, B. Nikolić, & M. Damnjanović. “Peculiar symmetry-

protected electronic dispersions in two-dimensional materials”. Journal of Physics: Condensed 

Matter, 32(48), 485501. (2020) 

 РАДОВИ У НОВИМ ЧАСОПИСИМА БЕЗ КАТЕГОРИЈЕ: 

1.  J. Pešić, I. Popov, A. Šolajić, V. Damljanović, K. Hingerl, M. Belić, & R. Gajić (2019). Ab initio study 

of the electronic, vibrational, and mechanical properties of the magnesium diboride monolayer. 

Condensed Matter, 4(2), 37. (2019) 



 

САОПШТЕЊЕ СА МЕЂУНАРОДНОГ СКУПА ШТАМПАНО У ИЗВОДУ М34: 

1.  A. Šolajić, J. Pešić, R. Gajić, “Ab-initio calculations of electronic and vibrational properties of Sr 

and Yb-intercalated graphene”, VI International School and Conference on Photonics - PHOTONICA 

2017, 28.8 - 1.9.2017, Beograd, Srbija, ISBN 978-86-82441-46-5 

2.  A. Šolajić, J. Pešić, R. Gajić, "First principle study of Yb and Sr doped monolayer graphene", 

Program and the Book of Abstracts / Sixteenth Young Researchers' Conference Materials Sciences 

and Engineering, December 6-8, 2017, Beograd, Srbija, str 27., ISBN 978-86-80321-33-2 

3. J. Pešić, A. Šolajić, Electron-Phonon Interaction in Monolayer MgB2 from the First Principles, 

School on Electron-Phonon Physics from First Principles, International Centre for Theoretical 

Physics (ICTP), Trieste, Italy, 19. - 23. Mar, 2018 

4. J. Pesic, A. Solajic, R. Gajic, Strain effects on vibrational properties in hexagonal 2D materials 

from the first principles – doped graphene and MgB2- monolayer study, Knjiga Abstrakata - 

Simpozijum Fizike Kondenzovane Materije, pp. 69 - 69, Beograd, Srbija, 7. - 11. Oct, 2019 

5. A. Šolajić, J. Pešić, R. Gajić, Optical and mechanical properties and electron-phonon interaction in 

graphene doped with metal atoms, PHOTONICA2019: The Seventh International School and 

Conference on Photonics, 26 August – 30 August 2019, Belgrade, Serbia, Vinča Institute of Nuclear 

Sciences, pp. 106 - 106, isbn: 978-86-7306-153-5, Београд, 26. Aug - 30. Sep, 2019 

6. A. Milosavljević, A. Šolajić, S. Djurdjić Mijin, J. Pešić, B. Višić, Y. Liu, C. Petrovic, N. Lazarević, Z. V. 

Popović, Lattice dynamics and phase transitions in Fe3−xGeTe2, The20thSymposium on 

CondensedMatterPhysics BOOK OF ABSTRACTS, pp. 84 - 84, Београд, 7. - 11. Oct, 2019 

7. A. Šolajić, J. Pesic, Electron-phonon interaction and superconductivity in graphene doped with 

metal atoms, BOOK OF ABSTRACTS: Quantum ESPRESSO Summer School on Advanced Materials 

and Molecular Modelling, Jožef Stefan Institute, Jamova 39, Ljubljana, Slovenia, pp. 16 - 16, isbn: 
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We present a polarization-resolved, high-resolution Raman scattering study of the three consecutive charge
density wave (CDW) regimes in 1T -TaS2 single crystals, supported by ab initio calculations. Our analysis of
the spectra within the low-temperature commensurate (C-CDW) regime shows P3̄ symmetry of the system,
thus excluding the previously proposed triclinic stacking of the “star-of-David” structure, and promoting
trigonal or hexagonal stacking instead. The spectra of the high-temperature incommensurate (IC-CDW) phase
directly project the phonon density of states due to the breaking of the translational invariance, supplemented
by sizable electron-phonon coupling. Between 200 and 352 K, our Raman spectra show contributions from
both the IC-CDW and the C-CDW phases, indicating their coexistence in the so-called nearly commensurate
(NC-CDW) phase. The temperature dependence of the symmetry-resolved Raman conductivity indicates the
stepwise reduction of the density of states in the CDW phases, followed by a Mott transition within the C-CDW
phase. We determine the size of the Mott gap to be �gap ≈ 170–190 meV, and track its temperature dependence.

DOI: 10.1103/PhysRevB.103.245133

I. INTRODUCTION

Quasi-two-dimensional transition metal dichalcogenides
(TMDs), such as the various structures of TaSe2 and TaS2,
have been in the focus of various scientific investigations over
the last 30 years, mostly due to the plethora of charge density
wave (CDW) phases [1,2]. Among all TMD compounds 1T -
TaS2 stands out because of its unique and rich electronic phase
diagram [3–6]. It experiences phase transitions at relatively
high temperatures, making it easily accessible for investi-
gation and, mainly for the hysteresis effects, attractive for
potential applications such as data storage [7], information
processing [8], or voltage-controlled oscillators [9].

The cascade of phase transitions as a function of temper-
ature includes the transition from the normal metallic to the
incommensurate CDW (IC-CDW) phase, the nearly commen-
surate CDW (NC-CDW) phase, and the commensurate CDW
(C-CDW) phase occurring at around TIC = 554 K, TNC =
355 K, and in the temperature range from TC↓ = 180 K to
TC↑ = 230 K, respectively. Recent studies indicate the possi-
bility of yet another phase transition in 1T -TaS2 at TH = 80 K,
named the hidden CDW state [10–12]. This discovery led to a
new boost in attention for 1T -TaS2.

Upon lowering the temperature to TIC = 554 K, the normal
metallic state structure, described by the space group P3̄m1
(Dd

3d ) [13], transforms into the IC-CDW state. As will be

*Present address: Los Alamos National Laboratory, Los Alamos,
New Mexico 87545, USA.

demonstrated here, the IC-CDW domains shrink upon further
temperature reduction until they gradually disappear, giving
place to the C-CDW ordered state. This region in the phase
diagram between 554 and roughly 200 K is characterized by
the coexistence of the IC-CDW and C-CDW phases and is
often referred to as NC-CDW. At the transition temperature
TC , IC-CDW domains completely vanish [14] and a new lat-
tice symmetry is established. There is a general consensus
about the formation of “star-of-David” clusters with in-plane√

13a × √
13a lattice reconstruction, whereby 12 Ta atoms

are grouped around the 13th Ta atom [15,16]. In the absence of
any external strain fields, this can be achieved in two equiva-
lent ways (by either clockwise or counterclockwise rotations)
thus yielding domains [17]. Despite extensive investigations,
both experimental and theoretical, it remains an open ques-
tion whether the stacking of star-of-David clusters is triclinic,
trigonal, hexagonal, or a combination thereof [15,16,18–20].
The C-CDW phase is believed to be an insulator [3,21–23]
with a gap of around 100 meV [13]. Very recent theoretical
studies based on density-functional theory (DFT) find an ad-
ditional ordering pattern along the crystallographic c axis. The
related gap has a width of approximately 0.5 eV along kz and
becomes gapped at the Fermi energy EF in the C-CDW phase
[24,25].

Nearly all of the previously reported results for opti-
cal phonons in 1T -TaS2 are based on Raman spectroscopy
on the C-CDW phase and on temperature-dependent mea-
surements in a narrow range around the NC-CDW to
C-CDW phase transition [13,15,18–20]. In this paper we
present temperature-dependent polarization-resolved Raman
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measurements in the temperature range from 4 to 370 K
covering all three CDW regimes of 1T -TaS2. Our analysis
of the C-CDW phase confirms the symmetry to be P3̄, while
the NC-CDW phase is confirmed as a mixed regime of com-
mensurate and incommensurate domains. The Raman spectra
of the IC-CDW phase mainly project the phonon density of
states due to the breaking of translation invariance and sizable
electron-phonon coupling. The growth of the CDW gap upon
cooling, followed by the opening of the Mott gap, is traced via
the initial slope of the symmetry-resolved spectra. The size of
170–190 meV and the temperature dependence of the Mott
gap are directly determined from high-energy Raman data.

II. EXPERIMENTAL AND NUMERICAL METHODS

The preparation of the studied 1T -TaS2 single crystals
is described elsewhere [26–29]. Calibrated customized Ra-
man scattering equipment was used to obtain the spectra.
Temperature-dependent measurements were performed with
the sample attached to the cold finger of a He-flow cryostat.
The sample was cooled down to the lowest temperature and
then heated. In either case the rates were less than ±1 K/min.
All measurements were performed in a high vacuum of ap-
proximately 5 × 10−5 Pa.

The 575-nm laser line of a diode-pumped Coherent GEN-
ESIS MX-SLM solid state laser was used as an excitation
source. Additional measurements with the 458- and 514-nm
laser lines were performed with a Coherent Innova 304C
argon ion laser. The absorbed power was set at 4 mW. All
spectra shown are corrected for the sensitivity of the instru-
ment and the Bose factor, yielding the imaginary part of
the Raman susceptibility Rχ ′′, where R is an experimental
constant. An angle of incidence of �i = 66.0 ± 0.4◦ and
atomically flat cleaved surfaces enable us to measure at ener-
gies as low as 5 cm−1 without a detectable contribution from
the laser line since the directly reflected light does not reach
the spectrometer. The corresponding laser spot has an area of
roughly 50 × 100 μm2 which prevents us from observing the
possible emergence of the domains [17,30]. The inelastically
scattered light is collected along the surface normal (crystal-
lographic c axis) with an objective lens having a numerical
aperture of 0.25. In the experiments presented here, the linear
polarizations of the incident and scattered light are denoted as
ei and es, respectively. For ei horizontal to the plane of inci-
dence there is no projection on the crystallographic c axis. For
the low numerical aperture of the collection optics es is always
perpendicular to the c axis. Low-energy data up to 550 cm−1

were acquired in steps of �� = 1 cm−1 with a resolution
of σ ≈ 3 cm−1. The symmetric phonon lines were modeled
using Voigt profiles where the width of the Gaussian part is
given by σ . For spectra up to higher energies the step width
and resolution were set at �� = 50 cm−1 and σ ≈ 20 cm−1,
respectively. The Raman tensors for the D3d point group are
given in Table I. Accordingly, parallel linear polarizations
project both A1g and Eg symmetries, while crossed linear
polarizations only project Eg. The pure A1g response then can
be extracted by subtraction.

We have performed DFT calculations as implemented in
the ABINIT package [31]. We have used the Perdew-Burke-
Ernzerhof (PBE) functional, an energy cutoff of 50 Ha for the

TABLE I. Raman tensors for trigonal systems (point group D3d ).

A1g =
⎛
⎝a 0 0

0 a 0
0 0 b

⎞
⎠ 1Eg =

⎛
⎝c 0 0

0 −c d
0 d 0

⎞
⎠ 2Eg =

⎛
⎝ 0 −c −d

−c 0 0
−d 0 0

⎞
⎠

plane-wave basis, and we have included spin-orbit coupling
by means of fully relativistic Goedecker pseudopotentials
[32,33], where Ta-5d36s2 and S-3s23p4 states are treated as
valence electrons. The crystal structure was relaxed so that
forces on each atom were below 10 μeV/Å and the total
stress on the unit cell below 1 bar, yielding lattice parame-
ters a = 3.44 Å and c = 6.83 Å. Subsequently, the phonons
and the electron-phonon coupling (EPC) were obtained from
density-functional perturbation theory (DFPT) calculations,
also within ABINIT [34]. Here, we have used an 18 × 18 × 12
k-point grid for the electron wave vectors and a 6 × 6 × 4
q-point grid for the phonon wave vectors. For the electronic
occupation we employed Fermi-Dirac smearing with broaden-
ing factor σFD = 0.01 Ha, which is sufficiently high to avoid
unstable phonon modes related to the CDW phases.

III. RESULTS AND DISCUSSION

A. Lattice dynamics of the charge-density wave regimes

Temperature-dependent symmetry-resolved Raman spec-
tra of 1T -TaS2 are presented in Fig. 1. It is obvious that their
evolution with temperature is divided into three distinct ranges
(IC-CDW, NC-CDW, and C-CDW) as indicated. The lattice
dynamics for each of these ranges will be treated separately in
the first part of the section. In the second part we address the
electron dynamics.

1. C-CDW phase

At the lowest temperatures 1T -TaS2 exists in the com-
mensurate C-CDW phase. Here, the atoms form so-called
star-of-David clusters. Different studies report either triclinic
stacking of these clusters leading to P1̄ unit cell symme-
try [16], or trigonal or hexagonal stacking and P3̄ unit cell
symmetry [15,18–20]. A factor group analysis predicts 57
Ag Raman-active modes with an identical polarization de-
pendence for P1̄ unit cell symmetry, and alternatively 19
Ag+19 Eg Raman-active modes for P3̄ unit cell symmetry [13]
Our polarized Raman scattering measurements at T = 4 K,
measured in two scattering channels, together with the cor-
responding cumulative fits are shown in Fig. 2. As it can be
seen, we have observed modes of two different symmetries in
the related scattering channels. This result indicates trigonal or
hexagonal stacking of the star-of-David clusters. The symmet-
ric phonon lines can be described by Voigt profiles, the best fit
of which is shown as blue (for parallel light polarizations) and
red (crossed polarizations) lines. After fitting Voigt profiles
to the Raman spectra, 38 phonon modes were singled out.
Following the selection rules for Ag and Eg symmetry modes,
19 were assigned as Ag and 19 as Eg symmetry, meaning all
expected modes could be identified. The contribution from
each mode to the cumulative fit is presented in Fig. 2 as green
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FIG. 1. Symmetry-resolved Raman spectra of 1T -TaS2 at tem-
peratures as indicated. Both C-CDW (blue lines) and IC-CDW (red
lines) domains yield significant contributions to the Raman spectra
of the NC-CDW phase (green lines).

TABLE II. A1g and Eg Raman mode energies experimentally
obtained at T = 4 K.

no ωAg (cm−1) ωEg (cm−1)

1 62.6 56.5
2 73.3 63.3
3 83.4 75.3
4 114.9 82.0
5 121.9 90.5
6 129.5 101.1
7 228.7 134.8
8 244.1 244.0
9 271.9 248.9
10 284.2 257.5
11 298.6 266.6
12 307.2 278.3
13 308.2 285.0
14 313.0 292.9
15 321.2 300.5
16 324.2 332.7
17 332.0 369.2
18 367.2 392.6
19 388.4 397.7
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FIG. 2. Raman spectra at T = 4 K, i.e., in the C-CDW phase,
for parallel and crossed light polarizations. Red and blue solid lines
represent fits of the experimental data using Voigt profiles. Spectra
are offset for clarity. The short vertical lines depict central frequen-
cies obtained from the data analysis. The exact energy values are
presented in Table II.

lines, whereas the complete list of the corresponding phonon
energies can be found in Table II.

2. IC-CDW phase

At the highest experimentally accessible temperatures 1T -
TaS2 adopts the IC-CDW phase. Data collected by Raman
scattering at T = 370 K, containing all symmetries, are shown
as a blue solid line in Fig. 3. As 1T -TaS2 is metallic in this
phase [25] we expect the phonon lines to be superimposed on
a continuum of electron-hole excitations which we approxi-
mate using a Drude spectrum shown as a dashed line [35,36].

Since the IC-CDW phase arises from the normal metallic
phase, described by space group P3̄m1 [13,37], it is inter-
esting to compare our Raman results on the IC-CDW phase
to an ab initio calculation of the phonon dispersion in the
normal phase, shown as an inset in Fig. 3. Four different
optical modes were obtained at �: Eu at 189 cm−1 (double
degenerate), Eg at 247 cm−1 (double degenerate), A2u at 342
cm−1, and A1g at 346 cm−1. A factor group analysis shows
that two of these are Raman active, namely Eg and A1g [13].

We observe that the calculated phonon eigenvalues of the
simple metallic phase at � do not closely match the observed
peaks in the experimental spectra of the IC-CDW phase.
Rather, these correspond better to the calculated phonon
density of states (PDOS), depicted in Fig. 3. There are es-
sentially three different ways to project the PDOS in a Raman
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of the optical branches indicated through the color scale.

experiment and to overcome the q ≈ 0 selection given by the
small momentum of visible light: (i) scattering on impurities
[38], (ii) enhanced electron-phonon coupling [39], and (iii)
breaking of the translational symmetry in the IC-CDW phase.
(i) We rule out chemical impurity scattering, expected to exist
at all temperatures, as the low-temperature spectra (Fig. 2)
show no signs thereof. (ii) The additional scattering channel
may come from the electron-phonon coupling (EPC). The
calculated EPC, λ, in the optical modes (inset of Fig. 3) is
limited, yet not negligible, reaching maxima of ∼0.2 in the
lower optical branches around the Brillouin zone (BZ) points
� and A. The calculated atom-resolved PDOS shows the
acoustic modes to be predominantly due to Ta and the optical
modes due to S, as a result of their difference in atomic mass.
The acoustic modes display several dips that are signatures of
the latent CDW phases, for which the EPC cannot be reliably
determined. Significant EPC in the optical modes of 1T -TaS2

is furthermore supported by experimental results linking a
sharp increase in the resistivity above the IC-CDW transition
temperature to the EPC [37]. It also corroborates calculated
[14] and experimentally obtained [13] values of the CDW
gap, which correspond to intermediate to strong EPC [37].
(iii) Although EPC certainly contributes we believe that the
majority of the additional scattering channels can be traced
back to the incommensurate breaking of the translational in-

variance upon entering IC-CDW. Thus the “weighted” PDOS
is projected into the Raman spectrum [see Figs. 1(a) and 1(b)].
These “weighting” factors depend on the specific symmetries
along the phonon branches as well as the “new periodicity”
and go well beyond the scope of this paper.

3. NC-CDW phase

The nearly commensurate phase is seen as a mixed phase
consisting of regions of commensurate and incommensurate
CDWs [40,41]. This coexistence of high- and low-temperature
phases is observable in our temperature-dependent data as
shown in Fig. 1. The spectra for the IC-CDW (red curves) and
C-CDW phase (blue curves) are distinctly different, as also
visible in the data shown above (Figs. 2 and 3). The spectra of
the NC-CDW phase (235 K < T < 352 K) comprise contri-
butions from both phases. As 352 K is the highest temperature
at which the contributions from the C-CDW phase can be
observed in the spectra, we suggest that the phase transition
temperature from IC-CDW to NC-CDW phase is somewhere
in between 352 and 360 K. This conclusion is in good agree-
ment with experimental results regarding this transition [4–6].

B. Gap evolution

The opening of a typically momentum-dependent gap in
the electronic excitation spectrum is a fundamental prop-
erty of CDW systems which has also been observed in
1T -TaS2 [13,37,42]. Here, in addition to the CDW, a Mott
transition at the onset of the C-CDW phase leads to an
additional gap opening in the bands close to the � point
[21,43]. Symmetry-resolved Raman spectroscopy can provide
additional information here using the momentum resolution
provided by the selection rules. To this end, we look at the
initial slopes of the electronic part of the spectra.

As shown in Figs. 4(a)–4(c), different symmetries project
individual parts of the BZ [36,44]. The vertices given by the
hexagonal symmetry of 1T -TaS2 are derived in Appendix C.
The A1g vertex mainly highlights the area around the � point
while the Eg vertices predominantly project the BZ bound-
aries. The opening of a gap at the Fermi level reduces NF,
leading to an increase of the resistivity in the case of 1T -TaS2.
This reduction of NF manifests itself also in the Raman spectra
which, to zeroth order, are proportional to NF [35,44]. As
a result, the initial slope changes as shown Figs. 4(d) and
4(e), which zoom in on the low-energy region of the spec-
tra from Fig. 1. The initial slope of the Raman response is
R lim�→0

∂χ ′′
∂�

∝ NFτ0, where R incorporates only experimen-
tal factors [44]. The electronic relaxation �∗

0 ∝ (NFτ0)−1 is
proportional to the dc resistivity ρ(T ) [45]. If a gap opens up
there is vanishing intensity at T = 0 below the gap edge for an
isotropic gap. At finite temperature there are thermally excited
quasiparticles which scatter. Thus, there is a linear increase at
low energies [35]. The black lines in Figs. 4(d)–4(g) represent
the initial slopes and their temperature dependences. The lines
comprise carrier relaxation and gap effects, and we focus only
on the relative changes.

Starting in the IC-CDW phase at T = 370 K [Fig. 4(d)]
the initial slope is higher for the Eg spectrum than for A1g

symmetry. While the CDW gap started to open already at
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554 K around the M points [43], which are highlighted by the
Eg vertex, the Fermi surface projected by the Eg vertex contin-
ues to exist. Thus, we may interpret the different slopes as a
manifestation of a momentum-dependent gap in the IC-CDW
phase and assume overall intensity effects to be symmetry
independent for all temperatures. At T = 352 K [Fig. 4(e)]
the slope for Eg symmetry is substantially reduced to below
the A1g slope due to a strong increase of the CDW gap in the
commensurate regions [43] which emerge upon entering the
NC-CDW phase. Further cooling also decreases the slope for
the A1g spectrum, as the Mott gap around the � point starts
to open within the continuously growing C-CDW domains
[40,41]. Below T = 270 K the initial slopes are identical for
both symmetries and decrease with temperature. Apparently,
the Mott gap opens up on the entire Fermi surface in direct
correspondence with the increase of the resistivity by ap-
proximately an order of magnitude [3]. Finally, at the lowest
temperature close to 4 K the initial slopes drop to almost zero
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FIG. 5. Raman spectra up to high energies for (a) parallel and
(b) crossed polarizations of the incident and scattered light at tem-
peratures as given in the legend.

[Fig. 4(g)], indicating vanishing conductivity or fully gapped
bands in the entire BZ.

Concomitantly, and actually more intuitive for the opening
of a gap, we observe the loss of intensity in the Raman spectra
below a threshold at an energy �gap. Below 30 cm−1 the in-
tensity is smaller than 0.2 counts(mW s)−1 [Fig. 4(g)] and still
smaller than 0.3 counts(mW s)−1 up to 1500 cm−1 [Fig. 4(h)].
For a superconductor or a CDW system the threshold is given
by 2�, where � is the single-particle gap, and a pileup of in-
tensity for higher energies, � > 2� [44]. A pileup of intensity
cannot be observed here. Rather, the overall intensity is further
reduced with decreasing temperature as shown in Figs. 5 and
6 in Appendixes A and B. In particular, the reduction occurs
in distinct steps between the phases and continuous inside the
phases with the strongest effect in the C-CDW phase below
approximately 210 K (Fig. 5). In a system as clean as 1T -TaS2

the missing pileup in the C-CDW phase is surprising and
argues for an alternative interpretation.

In a Mott system, the gap persists to be observable but
the pileup is not a coherence phenomenon and has not been
observed yet. In fact, the physics is quite different, and the
conduction band is split symmetrically about the Fermi en-
ergy EF into a lower and a upper Hubbard band. Thus in
the case of Mott-Hubbard physics the experimental signa-
tures are more such as those expected for an insulator or
semiconductor having a small gap, where at T = 0 there
is a range without intensity and an interband onset with a
band-dependent shape. At finite temperature there are ther-
mal excitations inside the gap. For 1T -TaS2 at the lowest
accessible temperature, both symmetries exhibit a flat, nearly
vanishing electronic continuum below a slightly symmetry-
dependent threshold (superposed by the phonon lines at low
energies). Above the threshold a weakly structured increase is
observed. We interpret this onset as the distance of the lower
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FIG. 6. Luminescence contribution to the Raman data. (a), (b) In-
tensity as a function of the absolute frequency for (a) T = 330 K and
(b) T = 4 K. The approximate peak maximum of the contribution
attributed to luminescence is highlighted by the gray shaded area. (c),
(d) Raman susceptibility calculated from (a) and (b), respectively,
shown as a function of frequency (Raman) shift. The luminescence
peak appears at different Raman shifts depending on the wavelength
of the laser light. At T = 4 K the spectra are identical up to 1600
cm−1 for all laser light wavelengths.

Hubbard band from the Fermi energy EF or half of the dis-
tance between the lower and the upper Hubbard band, shown
as vertical dashed lines at 1350–1550 cm−1 ≡ 170–190 meV
[Fig. 4(h)]. The energy is in good agreement with gap obtained
from the in-plane angle-resolved photoemission spectroscopy
(ARPES) [43], scanning tunneling spectroscopy [46], and
infrared spectroscopy [13] which may be compared directly
with our Raman results measured with in-plane polarizations.
Upon increasing the temperature the size of the gap shrinks
uniformly in both symmetries [Fig. 4(i)] and may point to
an onset above the C-CDW phase transition, consistent with
the result indicated by the initial slope. However, we cannot
track the development of the gap into the NC-CDW phase as
an increasing contribution of luminescence (see Appendix B)
overlaps with the Raman data.

Recently, it was proposed on the basis of DFT calcula-
tions that 1T -TaS2 orders also along the c axis perpendicular
to the planes in the C-CDW state [24,25]. This quasi-one-
dimensional (1D) coupling is unexpectedly strong and the
resulting metallic band is predicted to have a width of ap-
proximately 0.5 eV. For specific relative ordering of the star
of David patterns along the c axis this band develops a gap of
0.15 eV at EF [25], which is intriguingly close to the various
experimental observations. However, since our light polariza-
tions are strictly in plane, we have to conclude that the gap

observed here (and presumably in the other experiments) is
an in-plane gap. Our experiment cannot detect an out-of-plane
gap. Thus, neither a quasimetallic dispersion along the c axis
nor a gap in this band along kz may be excluded in the C-CDW
phase. However, there is compelling evidence for a Mott-like
gap in the layers rather than a CDW gap.

IV. CONCLUSIONS

We have presented a study of the various charge den-
sity wave regimes in 1T -TaS2 by inelastic light scattering,
supported by ab initio calculations. The spectra of lattice
excitations in the commensurate CDW (C-CDW) phase de-
termine the unit cell symmetry to be P3̄, indicating trigonal or
hexagonal stacking of the “star-of-David” structure. The high-
temperature spectra of the incommensurate CDW (IC-CDW)
state are dominated by a projection of the phonon density
of states caused by either a significant electron-phonon cou-
pling or, more likely, the superstructure. The intermediate
nearly commensurate (NC-CDW) phase is confirmed to be a
mixed regime of commensurate and incommensurate regions
contributing to the phonon spectra below an onset tempera-
ture TNC ≈ 352–360 K, in good agreement with previously
reported values. At the lowest measured temperatures, the
observation of a virtually clean gap without a redistribution
of spectral weight from low to high energies below TC argues
for the existence of a Mott metal-insulator transition at a
temperature of order 100 K. The magnitude of the gap is found
to be �gap ≈ 170–190 meV and has little symmetry, thus
momentum, dependence, in agreement with earlier ARPES
results [37]. At 200 K, on the high-temperature end of the C-
CDW phase, the gap shrinks to ∼60% of its low-temperature
value. Additionally, the progressive filling of the CDW gaps
by thermal excitations is tracked via the initial slope of the
spectra, and indicates that the Mott gap opens primarily on
the parts of the Fermi surface closest to the � point.

Our results demonstrate the potential of using inelastic
light scattering to probe the momentum dependence and en-
ergy scale of changes in the electronic structure driven by
low-temperature collective quantum phenomena. This opens
perspectives to investigate the effect of hybridization on col-
lective quantum phenomena in heterostructures composed of
different 2D materials, e.g., alternating T and H monolayers
as in the 4Hb-TaS2 phase [47].
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APPENDIX A: RAW DATA

Figure 5 shows Raman spectra at temperatures ranging
from T = 4 to 370 K for parallel [Fig. 5(a)] and crossed
[Fig. 5(b)] in-plane light polarizations. The spectra were
measured in steps of �� = 50 cm−1 and a resolution of
σ ≈ 20 cm−1. Therefore neither the shapes nor the positions
of the phonon lines below 500 cm−1 may be resolved. All
spectra reach a minimum in the range from 500 to 1600
cm−1. At energies above 500 cm−1 the overall intensities are
strongly temperature dependent and decreasing with decreas-
ing temperature. Three clusters of spectra are well separated
according to the phases they belong to.

In the C-CDW phase (T � 200 K, blue lines) the spectra
start to develop substructures at 1500 and 3000 cm−1. The
spectra at 200 K increase almost linearly with energy. The
spectra of the NC- and IC-CDW phases exhibit a broad max-
imum centered in the region of 2200–3200 cm−1 which may
be attributed to luminescence (see Appendix B). For clarifi-
cation we measured a few spectra with various laser lines for
excitation.

APPENDIX B: LUMINESCENCE

Figure 6 shows Raman spectra measured with parallel light
polarizations for three different wavelengths λi of the incident
laser light. Figures 6(a) and 6(b) depict the measured inten-
sity I (without the Bose factor) as a function of the absolute
frequency ν̃ of the scattered light.

At high temperature [T = 330 K, Fig. 6(a)] a broad peak
can be seen for all λi which is centered at a fixed frequency
of 15 200 cm−1 of the scattered photons (gray shaded area).
The peak intensity decreases for increasing λi (decreasing en-
ergy). Correspondingly, this peak’s center depends on the laser
wavelength in the spectra shown as a function of the Raman
shift [Fig. 6(c)]. This behavior indicates that the origin of this
excitation is likely to be luminescence where transitions at
fixed absolute final frequencies are expected.

At low temperature [Fig. 6(b)] we can no longer find a
structure at a fixed absolute energy. Rather, as already in-
dicated in the main part, the spectra develop additional, yet
weak, structures which are observable in all spectra but are
particularly pronounced for blue excitation. For green and yel-
low excitation the spectral range of the spectrometer, limited
to 732 nm, is not wide enough for a deeper insight into the
luminescence contributions (at energies different from those
at high temperature) and no maximum common to all three
spectra is observed. If these spectra are plotted as a function
of the Raman shift, the changes in slope at 1500 and 3000
cm−1 are found to be in the same position for all λi, values
thus arguing for inelastic scattering rather than luminescence.
Since we do currently not have the appropriate experimental

tools for an in-depth study, our interpretation is preliminary
although supported by the observations in Fig. 6(d).

As shown in the inset of Fig. 6(d) we propose a sce-
nario on the basis of Mott physics. In the C-CDW phase the
reduced bandwidth is no longer the largest energy and the
Coulomb repulsion U becomes relevant [22] and splits the
conduction band into a lower and upper Hubbard band. We
assume that the onset of scattering at 1500 cm−1 corresponds
to the distance of the highest energy of the lower Hubbard
band to the Fermi energy EF. The second onset corresponds
then to the distance between the highest energy of the lower
Hubbard band and the lowest energy of the upper Hubbard
band. An important question needs to be answered: Into which
unoccupied states right above EF does the first process scatter
electrons? We may speculate that some DOS is provided by
the metallic band dispersing along kz or by the metallic do-
main walls between the different types of ordering patterns
along the c axis observed recently by tunneling spectroscopy
[46]. These quasi-1D domain walls would provide the states
required for the onset of scattering at high energy but are
topologically too small for providing enough density of states
for a measurable intensity at low energy [Fig. 4(g)] in a
location-integrated experiment such as Raman scattering.

APPENDIX C: DERIVATION OF THE RAMAN VERTICES

Phenomenologically, the Raman vertices can be derived
based on lattice symmetry, which are proportional to the Bril-
louin zone harmonics. They are a set of functions that exhibit
the symmetry and periodicity of the lattice structure proposed
by Allen [48]. These functions make the k-space sums and
energy integrals more convenient than that of the Cartesian
basis or the spherical harmonics basis, especially for those
materials who have anisotropic and/or multiple Fermi pock-
ets. The three Cartesian components of the Fermi velocity
vk are recommended to generate this set of functions since
they inherit the symmetry and periodicity of the crystal lattice
naturally. However, in most cases, we do not know the details
of band dispersion. A phenomenological method is needed to
construct such a set of basis functions. Here, we demonstrate
a method based on the group theory. The Brillouin zone har-
monics can be obtained by the projection operation on specific
trial functions.

For a certain group G with symmetry elements R and sym-
metry operators P̂R, it can be described by several irreducible
representations �n, where n labels the representation. For each
irreducible representation, there are corresponding basis func-
tions �

j
�n

that can be used to generate representation matrices
for a particular symmetry. Here, j labels the component or
partner of the representations. For an arbitrary function F , we
have

F =
∑
�n

∑
j

f �n
j �

j
�n

. (C1)

According to the group theory, we can always define a projec-
tion operator by the relation [49]

P̂�n = d

N

∑
R

χ�n (R) ∗ P̂R, (C2)
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S. DJURDJIĆ MIJIN et al. PHYSICAL REVIEW B 103, 245133 (2021)

TABLE III. Symmetry operations P̂R and corresponding charac-
ter table of theD3d point group.

P̂R x′ y′ z′ χ�n (R)

A1g Eg

E x y z 1 2
C1

3 − 1
2 x +

√
3

2 y −
√

3
2 x − 1

2 y z 1 −1
C−1

3 − 1
2 x −

√
3

2 y
√

3
2 x − 1

2 y z 1 −1
C′

2 x −y −z 1 0
C′′

2 − 1
2 x +

√
3

2 y
√

3
2 x + 1

2 y −z 1 0
C′′′

2 − 1
2 x −

√
3

2 y −
√

3
2 x + 1

2 y −z 1 0
I −x −y −z 1 2
S1

6
1
2 x −

√
3

2 y
√

3
2 x + 1

2 y −z 1 −1
S−1

6
1
2 x +

√
3

2 y −
√

3
2 x + 1

2 y −z 1 −1
σ ′

v −x y z 1 0
σ ′′

v
1
2 x −

√
3

2 y −
√

3
2 x − 1

2 y z 1 0
σ ′′′

v
1
2 x +

√
3

2 y
√

3
2 x − 1

2 y z 1 0

that satisfies the relation

P̂�n F =
∑

j

f �n
j �

j
�n

, (C3)

where d is the dimensionality of the irreducible representation
�n, N is the number of symmetry operators in the group, and
χ�n (R) is the character of the matrix of symmetry operator R
in irreducible representation �n. By projection operation on a
certain irreducible representation �n, we can directly get its
basis functions �

j
�n

.
The basis functions are not unique. In specific physical

problems, it is useful to use physical insight to guess an appro-
priate arbitrary function to find the basis functions for specific

problems. 1T -TaS2 belongs to the D3d point group. There are
12 symmetry operators in this group, i.e., E , C1

3 , C−1
3 , C′

2, C′′
2 ,

C′′′
2 , I , S1

6, S−1
6 , σ ′

v , σ ′′
v , σ ′′′

v . The coordinate transformations
after symmetry operations and the corresponding character
table are listed in Table III.

In order to simulate the periodicity of the Brillouin zone,
trigonometric functions are used as trial functions. According
to the parity of the irreducible representations, we can choose
an appropriate trigonometric function, e.g., a sine function for
odd parity representation and cosine function for even parity
representation. The combinations of them are also available.

Here, we use F = cos(kxa) as a trial function, where a is
the in-plane crystal constant. The basis function of A1g can be
derived as

�A1g(k) = 1

3

[
cos(kxa) + 2 cos

(
1

2
kxa

)
cos

(√
3

2
kya

)]
.

(C4)

With the same method, we obtain a basis function of Eg as

�E1
g
(k) = 2

3

[
cos(kxa) − cos

(
1

2
kxa

)
cos

(√
3

2
kya

)]
.

(C5)

Since the Eg is a two-dimensional representation, the projec-
tion operation provides only one of the two basis functions
of the corresponding subspace. The second function is found
based on the subspace invariance under the symmetry opera-
tions (e.g., if we operate �E1

g
with C1

3 symmetry, the result can
be presented as a linear combination of �E1

g
and �E2

g
). Thus

we obtain

�E2
g
(k) = 2 sin

(
1

2
kxa

)
sin

(√
3

2
kya

)
. (C6)
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ABSTRACT: We present a detailed investigation of the crystal structure
of VI3, a two-dimensional van der Waals material of interest for studies of
low-dimensional magnetism. As opposed to the average crystal structure
that features R3̅ symmetry of the unit cell, our Raman scattering and X-ray
atomic pair distribution function analysis supported by density functional
theory calculations point to the coexistence of short-range ordered P3̅1c
and long-range ordered R3̅ phases. The highest-intensity peak, A1g

3 , exhibits
a moderate asymmetry that might be traced back to the spin−phonon
interactions, as in the case of CrI3.

■ INTRODUCTION

A well-known family of transition metal trihalides (TMTs)
MX3 (X = Cr, B, or I) have received a great deal of attention
due to potential existence of two-dimensional (2D) ferromag-
netism,1−6 which has been confirmed in CrI3.

7,8 The similar
crystal structure and magnetic properties of CrI3 and VI3
fostered a belief that the same might be found in the latter. In
fact, magnetization measurements revealed the 2D ferromag-
netic nature of VI3 with a Currie temperature (Tc) of around
50 K.9,10 Contrary to a layer-dependent ferromagnetism in
CrI3,

11 the first-principles calculations predict that ferromag-
netism in VI3 persists down to a single layer,9 making it a
suitable candidate for engineering 2D spintronic devices.
Resistivity measurements showed VI3 is an insulator with an
optical band gap of ∼0.6 eV.9,12

Whereas laboratory X-ray diffraction studies reported three
possible high-temperature VI3 unit cell symmetries,9,12−14

high-resolution synchrotron X-ray diffraction confirmed a
rhombohedral R3̅ space group.10 A very recently published
Raman spectroscopy study indicated that the VI3 crystal
structure can be described within the C2h point group.15 All
results agree on the existence of a phase transition at a
temperature of 79 K. However, the subtle12 structural changes
below 79 K are still under debate.
The long-range magnetic order in ultrathin 2D van der

Waals (vdW) crystals stems from strong uniaxial anisotropy, in
contrast to materials with isotropic exchange interactions
where order parameters are forbidden.16−18 2D vdW magnetic
materials are of interest both as examples of exotic magnetic
order19 and for potential applications in spintronic technol-
ogy.2,4,20,21

Atomically thin flakes of CrCl3 have a magnetic transition
temperature that is different from that of bulk crystals possibly

due to the different crystal structure of the monolayer and
ultrathin crystals when compared to bulk.22,23 Similar
observations were made on CrI3 monolayers.22,24,25 It has
been proposed23 that the second anomaly in heat capacity in
bulk CrCl3 arises due to regions close to the surface that host a
different crystal structure when compared to bulk;26,27

however, due to the substantial mass fraction detected in
heat capacity measurements, this could also reflect differences
between the short-range order and long-range crystallographic
order of Bragg planes. The short-range order is determined by
the space group that is energetically favorable for a monolayer
or a few layers, whereas the long-range crystallographic order is
established over large packing lengths.
In this paper, we present an experimental Raman scattering

study of the bulk VI3 high-temperature structure, supported by
density functional theory (DFT) calculations and the X-ray
atomic pair distribution function (PDF) analysis. The
comparison between the Raman experiment and DFT
calculations for each of the previously reported space groups
suggested that the high-temperature lattice vibrations of bulk
VI3 are consistent with a P3̅1c trigonal structure. Nine (2A1g +
7Eg) of 12 observed peaks were assigned on the basis of factor
group analysis (FGA) and DFT calculations. The PDF analysis
indicated the coexistence of two crystallographic phases at two
different interatomic distances, short-range ordered P3̅1c and
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long-range ordered R3̅, as two segregated phases and/or as
randomly distributed short-range ordered P3̅1c domains in the
long-range ordered R3̅ lattice. Raman data displayed a
moderate asymmetry of the A1g

3 phonon line. This behavior
was attributed to the spin−phonon interaction, similar to the
case for CrI3. The additional peaks in our spectra obey Ag
selection rules and can be described in terms of overtones, as
well as the A2g silent modes “activated” by the symmetry
breaking.

■ EXPERIMENTAL AND COMPUTATIONAL DETAILS
The preparation of single-crystal VI3 samples used in this study is
presented elsewhere.10 For the Raman scattering experiment, a Tri
Vista 557 spectrometer was used in the backscattering micro-Raman
configuration with a 1800/1800/2400 grooves/mm diffraction grating
combination. A Coherent Ar+/Kr+ ion laser with a 514 nm line was
used as an excitation source. Laser beam focusing was achieved
through the microscope objective with 50× magnification. The
direction of the incident (scattered) light coincides with the
crystallographic c axis. The sample, cleaved in open air, was held
inside a KONTI CryoVac continuous helium flow cryostat with a 0.5
mm thick window. Raman scattering measurements were performed
under high vacuum (10−6 mbar). All of the obtained Raman spectra
were corrected by the Bose factor. The spectrometer resolution is
comparable to the Gaussian width of 1 cm−1.
PDF and wide-angle X-ray scattering measurements were carried

out in capillary transmission geometry using a PerkinElmer
amorphous silicon area detector placed 206 and 983 mm downstream
from the sample, respectively, at beamline 28-ID-1 (PDF) of National
Synchrotron Light Source II at Brookhaven National Laboratory. The
setup utilized a 74.3 keV (λ = 0.1668 Å) X-ray beam.
Two-dimensional diffraction data were integrated using the Fit2D

software package.28 Data reduction was performed to obtain
experimental PDFs (Qmax = 26A−1) using the xPDFsuite software
package.29 The Rietveld and PDF analyses were carried out using
GSAS-II30 and PDFgui31 software packages, respectively.
Density functional theory calculations were performed using the

Quantum Espresso software package,32 employing the PBE exchange-
correlation functional33 and PAW pseudopotentials.34,35 All calcu-
lations are spin-polarized. The cutoff for wave functions and the
charge density were set to 48 and 650 Ry, respectively. The k-points
were sampled using the Monkhorst−Pack scheme, on a 6 × 6 × 6 Γ-
centered grid for R3̅ and C2/m structures and a 12 × 12 × 8 grid for
the P3̅1c structure. Optimization of the lattice parameters and atomic
positions in the unit cell was performed until the interatomic forces
were <10−6 Ry/Å. To obtain more accurate lattice parameters,
treatment of the van der Waals interactions is included using the
Grimme-D2 correction. The correlation effects are treated with the
Hubbard U correction (LDA+U), using a rotationally invariant
formulation implemented in QE,36 where U = 3.68 eV. Band structure
plots are calculated at 800 k-points on the chosen path over high-
symmetry points. Phonon frequencies were calculated with the linear
response method, as implemented in the -honon part of Quantum
Espresso.

■ RESULTS AND DISCUSSION

The first reported results for VI3, dating from the 1950s,37−39

indicated that VI3 adopts a honeycomb layer-type BiI3
structure described with space group R3̅, which is a structure
common in TMTs, also found in the low-temperature phase of
CrI3.

6,40

There have been several proposed unit cell symmetries for
VI3 in the literature: R3̅,12,13 C2/m,14 and P3̅1c.9 Schematic
representations of the P3̅1c, R3̅, and C2/m crystal structures
are depicted in Figure 1. The corresponding crystallographic
unit cell parameters, previously reported, are listed in Table 1.

Each of the suggested symmetries implies a different
distribution of Raman active modes.
According to FGA, eight (4Ag + 4Eg), 11 (3A1g + 8Eg), and

12 (6Ag + 6Bg) Raman active modes are expected to be
observed in the light scattering experiment for R3̅, P3̅1c, and
C2/m crystal structures, respectively. Wyckoff positions,
irreducible representations, and corresponding tensors of
Raman active modes for each space group are listed in Table 2.
The first step in determining the crystal symmetry from the

light scattering experiment is to compare the expected and
observed Raman active modes, shown in Figure 2. The red
solid line represents the spectrum measured in the parallel
polarization configuration, whereas the blue line corresponds
to the cross polarization configuration. Five of 12 observed
peaks emerge only in parallel, whereas five peaks and a broad
peak-like structure can be observed for both polarization
configurations. The emergence of the 123.4 cm−1 peak in the
cross polarization can be understood as a “leakage” of the A1g

3

mode due to a possible finite c axis projection and/or the
presence of defects.
Now the peaks that appear only for the parallel polarization

configuration can be assigned as either A1g or Ag symmetry
modes, assuming the light polarization direction along the
main crystal axis of the C2/m structure for the later. On the
basis of the FGA for possible symmetry group candidates, the
remaining Raman active modes can be either of Eg or Bg
symmetry. The selection rules (Table 2) do not allow
observation of the Bg symmetry modes for the parallel
polarization configuration. Consequently, the peaks that can
be observed in both scattering channels were recognized as Eg
modes. The absence of Bg modes in the Raman spectra rules
out the possibility of the AlCl3 type of structure (space group
C2/m). Two possible remaining crystal symmetries (R3̅ and

Figure 1. Schematic representation of the high-temperature (a) P3̅1c,
(b) R3̅, and (c) C2/m structures of VI3. Black solid lines represent
unit cells.
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P3̅1c) are difficult to single out on the basis of the Raman data
symmetry analysis alone. To overcome this obstacle, the DFT
method was applied for each of the suggested structures.
It was reported in the literature that P3̅1c VI3 can have two

possible electronic states9,14,41−43 that both can be obtained
using DFT+U calculations by varying the smearing and mixing
parameters. This approach resulted in a Mott-insulator state
having a lower energy making it the electronic ground state of
VI3. However, the total energy difference of these two states is
small and will not be mentioned further because it is outside of
the scope of our analysis. For the sake of completeness, both
sets of phonon energies obtained through DFT calculations for
these electronic states of the P3̅1c structure are listed in Table
3 together with the results for the R3̅ and C2/m space groups
as well as the experimental results measured at 100 K.
Now one can see that, even though the Raman mode

symmetries for the case of the R3̅ crystal structure can describe
our Raman spectra, there is a stronger mismatch in calculated
and experimentally determined phonon energies when
compared to the results obtained for the P3̅1c structure. The
deviation is largest for the calculated Ag

1 mode. The closest
mode in energy, which obeys the same symmetry rules as the
calculated Ag

1, is a peak at ∼64.1 cm−1, yielding a deviation of
∼30%. Also, the calculated energy of the Ag

4 mode could not be
identified within our spectrum, with the closest experimental
Ag peaks being within 20%. Such deviation in theory and
experiment, >20%, indicates that the room-temperature
phonon vibrations in VI3 do not originate predominantly
from the BiI3 structure type either, leaving P3̅1c as the only
candidate. This indication is further reinforced by the inability
to connect the experimentally observed Eg modes at ∼77 and
∼86 cm−1 with the R3̅-calculated modes.
Our experimental data (Table 3) are mostly supported by

the phonon energies obtained for possible electronic states of

Table 1. Previously Reported Experimental and Calculated Unit Cell Parameters for P3̅1c, R3̅, and C2/m Structures of VI3

P3̅1c R3̅ C2/m

calcd exp.9 calcd exp.12 calcd exp.14

a (Å) 6.87 6.89(10) 6.69 6.89(3) 7.01 6.84(3)
b (Å) 6.87 6.89(10) 6.69 6.89(3) 12.14 11.83(6)
c (Å) 13.224 13.289(1) 19.81 19.81(9) 7.01 6.95(4)
α (deg) 90 90 90 90 90 90
β (deg) 90 90 90 90 109.05 108.68
γ (deg) 120 120 120 120 90 90
cell volume (Å3) 559.62 547.74(10) 767.71 814.09(8) 563.33 533.66(36)

Table 2. Wyckoff Positions of Atoms and Their Contributions to the Γ-Point Phonons for the R3 ̅, C2/m, and P3̅1c Structures
and the Raman Tensors for the Corresponding Space Groups

space group P3̅1c space group R3̅ space group C2/m

atom irreducible representation atom irreducible representation atom irreducible representation

V (2a) A2g + A2u + Eg + Eu V (3a) V (4g) Ag + Au + 2Bg + 2Bu

V (2c) A2g + A2u + Eg + Eu V (6c) Ag + Au + Eg + Eu I (4i) 2Ag + Au + Bg + 2Bu

I (12i) 3A1g + 3A1u + 3A2g + 3A2u + 6Eg + 6Eu I (18f) 3Ag + 3Au + 3Eg + 3Eu I (8j) 3Ag + 3Au + 3Bg + 3Bu
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b Ag = ( )a a
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Figure 2. Raman spectra of the high-temperature VI3 single-crystal
structure measured in parallel (red solid line) and cross (blue solid
line) polarization configurations at 100 K. Peaks observed in both
spectra were identified as Eg modes, whereas peaks observed only in
the red spectrum were assigned as A1g modes. Additional peaks that
obey pure A1g symmetry are marked as P1−P3.
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the P3̅1c trigonal structure with deviations of around 10% and
15%. Nine of 11 Raman modes were singled out and identified,
with Eg

1 being not observable in our experimental setup due to
its low energy. The A1g

1 mode might be missing due to its low
intensity and/or the finite spectrometer resolution. The most
striking was the observation of the broad feature at ∼180 cm−1,
persisting up to 300 K in both scattering channels. Whereas its
line shape resembles those of the two-magnon type of
excitation, we believe that scenario is unlikely for a
ferromagnetic material. The energy region where the feature
was observed may also suggest the possibility of a two-phonon
type of excitation. However, their scattering cross sections are
usually small and dominated by overtones, thus mostly
observed for the parallel scattering configuration.45 For
example, such an excitation was observed at ∼250 cm−1

(Figure 2). Finally, the observed feature also falls into the
energy region where, as suggested by the numerical
calculations, observation of the Eg

7 and Eg
8 modes is expected.

We believe that it is actually a complex structure comprising Eg
7

and Eg
8 Raman modes, significantly broadened by the spin−

phonon interaction, that is particularly strong on these phonon
branches. The proximity of the two very broad, presumably
asymmetric peaks hampers their precise assignment.
Closer inspection of other Raman peaks revealed that some

of them also exhibit an asymmetric line shape. To further
demonstrate this virtue, we have quantitatively analyzed the
highest-intensity peak, A1g

3 , using the symmetric Voigt line
shape and convolution of a Fano profile and a Gausian.44−46

The asymmetric line shape (with a Fano parameter of |q| =
12.3) gives a slightly better agreement with the experimental
data, as depicted in Figure 3. Considering that the observed
asymmetry in similar materials was shown to reflect the spin−
phonon interaction,46,47 we propose it as a possible scenario in
VI3, as well.
Our findings, based on the inelastic light scattering

experiments, at first glance differ from those presented in ref
10. To resolve this discrepancy, we used synchrotron X-ray
Rietveld and PDF analysis. Typically, the short-range order

(SRO) contributes to diffuse scattering under the long-range
order (LRO) Bragg peaks when they coexist. Because the
diffuse scattering is subtracted as part of the background in the
Rietveld refinement, this method is more sensitive to the
average structure of materials. In contrast, PDF analysis is
performed on the sine Fourier transform of the properly
corrected diffraction patten, including both Bragg and diffuse

Table 3. Comparison between Calculated Values of Raman Active Phonon Energies for Insulating and Half-Metallic States of
the P3 ̅1c Structure and Experimentally Obtained Values (left)a and Phonon Symmetries and Calculated Phonon Energies for
the R3̅ and C2/m Structures of VI3

b

space group P3̅1c space group R3̅ space group C2/m

symmetry calcd (cm−1) calcd (cm−1) exp. (cm−1) symmetry calcd (cm−1) symmetry calcd (cm−1)

Eg
1 17.2 15.2 − Eg

1 45.2 Ag
1 58.1

A2g
1 (silent) 35.0 56.8 Eg

2 69.9 Bg
1 60.0

Eg
2 62.2 61.6 59.8 Ag

1 99.3 Ag
2 82.7

A2g
2 (silent) 69.4 72.3 Eg

3 99.8 Bg
2 82.9

Eg
3 74.1 75.9 77.2 Ag

2 105.1 Ag
3 85.7

A1g
1 83.3 84.2 − Ag

3 135.5 Bg
3 88.9

Eg
4 84.9 86.6 86.7 Ag

4 167.9 Ag
4 99.3

Eg
5 91.5 98.4 95.2 Eg

4 176.8 Bg
4 99.3

A2g
3 (silent) 92.2 96.3 Ag

5 122.3
Eg
6 97.4 108.3 100.4 Bg

5 149.9
A1g
2 113.2 119.3 116.8 Bg

6 161.0
A1g
3 117.1 123.9 123.4 Ag

6 164.0
A2g
4 (silent) 121.3 147.8

Eg
7 132.2 151.9 c

Eg
8 149.4 166.9 c

A2g
5 (silent) 185.9 212.1

aThe experimental values were determined at 100 K. The experimental uncertainty is 0.3 cm−1. bAll calculations were performed at 0 K. cSee the
text for an explanation.

Figure 3. Quantitative analysis of the A1g
3 mode. The blue solid line

represents the line shape obtained as a convolution of the Fano line
shape and the Gaussian, whereas the green one represents a Voigt
profile fitted to experimental data (□). For details, see refs 44 and 45.

Inorganic Chemistry pubs.acs.org/IC Article

https://dx.doi.org/10.1021/acs.inorgchem.0c02060
Inorg. Chem. 2020, 59, 16265−16271

16268

https://pubs.acs.org/doi/10.1021/acs.inorgchem.0c02060?fig=fig3&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.inorgchem.0c02060?fig=fig3&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.inorgchem.0c02060?fig=fig3&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.inorgchem.0c02060?fig=fig3&ref=pdf
pubs.acs.org/IC?ref=pdf
https://dx.doi.org/10.1021/acs.inorgchem.0c02060?ref=pdf


components. PDF is a real space function that provides a
histogram of interatomic distances, which contain information
regarding all length scales.48−51 The 1−10 and 11−30 Å PDF
length scales are more sensitive to SRO and LRO, respectively.
For the VI3 system, the best Rietveld fit was obtained using the
R3̅ space group (Figure 4a), in agreement with that previously

observed.10 Not surprisngly, LRO obtained from the Rietveld
refinement showed a good agreement on the PDF length scale
of 10−30 Å. However, the R3̅ space group gave a poor fit on
the length scale of 1.5−15 Å with refined δ1 to account for
correlated motion (Figure 4b). In contrast, P3̅1c gave a better
fit to SRO, but a poor fit to LRO. The best PDF fits were
obtained by refining a weighted two-phase structural model
containing ∼25 wt % SRO P3̅1c and ∼75 wt % LRO R3̅
phases. The refined correlation length of the SRO is ∼15−20
Å (Figure 4c). These results suggest two possible seanarios:
(1) coexistence of two segregated phases, LRO R3̅ and SRO
P3̅1c, and (2) randomly distributed short-range ordered P3̅1c
domains in the long-range ordered R3̅ lattice. A detailed
structural analysis is required to pinpoint scenario 1 and/or 2,
which is beyond the scope of this work.
In addition to the peaks already assigned to Γ-point Raman

active phonons of the P3̅1c crystal structure (Table 2), three

additional peaks at 64.2 cm−1 (P1), 110.1 cm−1 (P2), and
220.6 cm−1 (P3) are observed (see Figure 2). According to the
results of DFT, energies of these modes correspond well to
those calculated for silent A2g

2 , A2g
3 , and A2g

5 modes. Their
observability in Raman data may come from the release of the
symmetry selection rules by breaking of the (translation)
symmetry as suggested by the PDF in both scenarios.52−55

However, as previously discussed, these peaks obey A1g
selection rules, indicating the possibility for them to be
overtones in nature. In this less likely scenario, the phonon−
phonon coupling is enhanced by the spin−phonon interaction
and/or by the structural imperfections, thus enhancing the
Raman scattering rate for the two-phonon processes.45 Hence,
the observed Raman modes reflect the symmetry of phonon
vibrations related to the SRO.56,57 It is interesting to note that,
besides a possible short-range crystallography that is different
from the average, VI3 might also feature short-range magnetic
order above 79 K.14

■ CONCLUSION

In summary, room-temperature phonon vibrations of VI3 stem
from the P3̅1c symmetry of the unit cell. The PDF analysis
suggested the coexistence of two phases, short-range ordered
P3̅1c and long-range ordered R3̅, as two segregated phases
and/or as randomly distributed short-range ordered P3̅1c
domains in the long-range ordered R3̅ lattice. Nine of 12
observed peaks in the Raman spectra were assigned in
agreement with P3̅1c symmetry calculations. Three additional
peaks, which obey A1g symmetry rules, could be explained as
either overtones or as activated A2g silent modes caused by a
symmetry breaking. The asymmetry of one of the A1g phonon
modes, together with the anomalous behavior of Eg

7 and Eg
8,

indicates strong spin−phonon coupling, which has already
been reported in similar 2D materials.46,58
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Abstract: Magnesium diboride gained significant interest in the materials science community after the
discovery of its superconductivity, with an unusually high critical temperature of 39 K. Many aspects
of the electronic properties and superconductivity of bulk MgB2 and thin sheets of MgB2 have
been determined; however, a single layer of MgB2 has not yet been fully theoretically investigated.
Here, we present a detailed study of the structural, electronic, vibrational, and elastic properties of
monolayer MgB2, based on ab initio methods. First-principles calculations reveal the importance of
reduction of dimensionality on the properties of MgB2 and thoroughly describe the properties of this
novel 2D material. The presence of a negative Poisson ratio, higher density of states at the Fermi
level, and a good dynamic stability under strain make the MgB2 monolayer a prominent material,
both for fundamental research and application studies.

Keywords: magnesium diboride; 2D materials; density functional theory

PACS: 71.15.Mb; 74.70.Ad

1. Introduction

Magnesium diboride was first synthesized and had its structure confirmed in 1953 [1]. An interest
in its properties has grown ever since 2001, when it was discovered that MgB2 exhibits the highest
superconducting transition temperature Tc of all metallic superconductors. It is an inter-metallic s-wave
compound superconductor with a quasi-two dimensional character [2] and a critical temperature of
superconductive transition at Tc = 39 K. The experimental confirmation of the isotope effect [3] in
MgB2 indicated that it is a phonon-mediated BCS superconductor. A better definition would describe
MgB2 as self-doped semimetal with a crucial σ-bonding band that is nearly filled [4]. The basic aspects
of the electronic structure and pairing is in a rather strong coupling of high frequency boron–boron
stretch modes to the bonding electronic boron–boron states at the Fermi surface. The phonon-mediated
mechanism with different coupling strengths between a particular phonon mode and selected electronic
bands, boron σ- and π-bands [5–13], results in the presence of two superconducting gaps at the Fermi
level. MgB2 has already been fabricated in bulk, as single crystals, and as a thin film, and shows
potential for practical applications.
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The discovery of graphene in 2004 [14] sparked an interest in 2D materials and their properties.
A variety of new properties, which distinguished graphene from graphite [14–22], inspired a search
for other low-dimensional limits of layered materials and possibilities they offered. Interest in a
low-dimensional limit of MgB2 has arisen in past years, showing that it is superconductive even in a
monolayer [23,24].

MgB2 has a distinct layer structure, where boron atoms form a honeycomb layer and
magnesium atoms are located above the center of the hexagons, between every boron plane.
The boron layers alternate with a triangular lattice of magnesium layers. There is a noticeable
structural similarity of MgB2 to graphite-intercalated compounds (GICs), some of which also exhibit
superconductivity [25–29]. Both monolayer and two-layer graphene, decorated/intercalated with
atoms of alkali and alkaline earth metals, exhibit superconductivity and have been thoroughly studied
using ab initio methods and isotropic and anisotropic Eliashberg theory [30–32].

Furthermore, a similarity in the electronic structure between GICs and MgB2 exists. The peculiar
and unique property of MgB2 is a consequence of the incomplete filling of two σ bands corresponding
to strongly covalent sp2-hybrid bonding within the graphite-like boron layers [33].

Here, we present a comprehensive study of the electronic, vibrational, and mechanical properties
of MgB2 using ab initio methods, in order to provide its detail description.

2. Computational Details

MgB2 has a hexagonal unit cell and consists of graphite-like B2 layers stacked with the Mg
atoms in between, as shown in Figure 1. The first-principles calculations were performed within
the density functional theory (DFT) formalism, using a general gradient approximation (GGA) to
calculate the electronic structure. For all electronic and phonon structure, the Quantum Espresso
software package [34] was used with ultra-soft pseudopotentials and a plane-wave cutoff energy of
30 Ry. All calculated structures are relaxed to their minimum energy configuration, following the
internal force on atoms and stress tensor of the unit cell. We used the Monkhorst-Pack 48× 48× 48
and 40× 40× 1 k-meshes, for the calculations of the electronic structure of the MgB2 bulk and MgB2

monolayer, respectively. The phonon frequencies are calculated using Density Functional Perturbation
Theory (DPFT) on the 12 × 12 × 12 and 20 × 20 × 1 phonon wave vector mesh for the bulk and
monolayer structures, respectively. In two-dimensional systems, the van der Waals (vdW) interaction
was found to play an important role on the electronic structure [35]; however, as this is study on
monolayer MgB2, we do not treat vdW interactions, especially since, in this case, the effects are
minor and including them would add additional computational costs but would not yield more
accurate results.

Figure 1. Crystal structure of the MgB2 monolayer (a) and bulk MgB2 (b), with a hexagonal unit cell.
Green (orange) spheres represent Boron (Magnesium) atoms. Color online.

The crystal structure of MgB2 and the MgB2 monolayer are presented in Figure 1. The lattice
parameters for the bulk MgB2 are in agreement with the experimental results, a = 3.083 Å and
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c/a = 1.142 [9]. In order to avoid an interlayer interaction due to the periodicity and to simulate a 2D
material, an artificial vacuum layer was set to be 25 Å. When the monolayer is modelled, the structure
is geometrically optimized, allowing the atoms to reach a minimum potential energy state. The bond
length between neighbouring atoms remained to be 1.78 Å, but the distance from the boron layer to
the Mg atoms changed from h = 1.76 Å to h = 1.60 Å.

For the molecular dynamics (MD) study, the Siesta code was utilized [36]. The super-cell is
built by repeating the unit cell three times in both in-plane directions, whereas the lattice vector
in the perpendicular direction is 15 Å, providing a large enough vacuum space between the 2D
material and its periodic replica in order to avoid their mutual interaction. The lattice parameters
and the geometry of the unit cell are initially optimized using the conjugate gradient method.
The Perdew-Burke-Ernzerhof form of the exchange-correlation functional [37], the double-zeta
polarized basis set, and the Troulier-Martins pseudopotentials [38] were used in all MD calculations.

The second-order elastic constants were calculated using the ElaStic software package [39]. First,
the direction is projected from the strain tensor and total energies for each deformation are calculated.
Elastic constants are then calculated using the second derivatives of the energy curves, dependent on
the parameter η. In our calculations, the maximum positive and negative amplitudes of 5% Lagrangian
strain were applied, with a step of 0.1%.

For the 2D square, rectangular, or hexagonal lattices, the non-zero second-order elastic constants,
in Voigt notation, are c11, c22, c12, and c66. Due to symmetry, in hexagonal structures c11 = c22 and
c66 = 1

2 (c11 − c12); so, we have 2 independent elastic constants. The layer modulus, which represents
the resistance of a 2D material to stretching, is given as

γ =
1
4
(c11 + c22 + 2c12).

The 2D Young modulus Y for strains in the (10) and (01) directions, Poisson’s ratio ν and the shear
modulus G are obtained from the following relations,

Y =
c2

11 − c2
12

c11
, ν =

c12

c22
, G = c66.

Units for elastic constants and those parameters are N/m.

3. Results and Discussion

In order to determine the stability of a single layer of MgB2, we perform MD simulations based on
DFT and the super-cell approach. Besides the system with optimized (pristine) lattice parameters, we
also consider a biaxially stretched system (up to 3% of tensile strain) and biaxially compressed system
(up to 5% of compressive strain). The MD simulations are conducted in the range of temperatures
between 50–300 K, with a step of 50 K, using the Nosé–Hoover thermostat [40].

Figure 2a shows the average distance between Mg and B atomic layers, as evolved over a time of
1 ps. Throughout the simulation time, there is no further evolution of the z-coordinate and the Mg
atom shows only oscillatory movement around the equilibrium positions (as is shown in Figure 2)
Importantly, the separation indicates that the Mg atoms do not leave the surface of the MgB2 crystal.
The plane in which the Mg atoms reside shifts away from the plane of the B atoms on average by
0.09 Å in a compressed crystal, while the distance between the planes decreases on average by 0.42 Å
in the stretched system. This (relatively larger) shift in the latter case can be understood by analysing
the details of the MgB2 atomic structure. When the crystal is biaxially stretched, its Mg–B bond lengths
increase, which is partially compensated by the nesting of the Mg atoms in the hollow sites closer to
the B sublattice. Despite these atomic shifts, the MD simulations show the structural stability of the
system. The stability from the MD simulations can be further quantitatively derived from the global
Lindemann index, the dependence of which on temperature is shown in Figure 2b. It is calculated
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for the pristine crystal, with a compressive strain of 5% and a tensile strain of 3%, from the local
Lindemann indices, given by the formula

qi =
1

N − 1 ∑
j 6=i

√
〈r2

ij〉 − 〈rij〉2

〈rij〉
,

by averaging over all atoms. Here qi is the local Lindemann index of atom i, N is number of atoms, rij
is a separation between atoms i and j, and the angle brackets denote averaging over time (i.e., MD
steps) [41]. The linear behaviour of the Lindemann indices indicate that systems are stable, at least up
to room temperature.

（a）

（b）

Figure 2. (a): Average distance between the Mg and B atomic layers; and (b): the dependence of the
global Lindemann index as a function of temperature.

The calculated second-order elastic constants and other structural parameters for monolayer
MgB2 are given in Table 1. All elastic constants related to the bulk material (those that have 3, 4, or 5 in
their subscripts), are calculated close to zero, as is expected for the monolayer. Compared to similar
2D materials, the layer modulus of MgB2 of 30.18 N/m is relatively small (in the range of Silicene and
Germanene), roughly five times smaller than that of graphene or h–BN, for example [42,43]. Similar
results are obtained for the Young modulus. Compared to borophene (two-dimensional boron sheets
with rectangular structures) [44], which is a hard and brittle 2D material that exhibits an extremely
large Young’s modulus of 398 N/m along the a direction [45], the MgB2 monolayer has a significantly
smaller value of 63.29 N/m. The most interesting observation in the elastic properties of the MgB2
monolayer is that the c12 constant is negative, which gives a negative Poisson ratio in the a and b
directions, too—although, with a very small negative value of −0.05. However, compared to 2D
borophene, which has an out-of-plane negative Poisson’s ratio (that effectively holds the strong boron
bonds lying along the a direction and makes the boron sheet show superior mechanical flexibility along
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the b direction [46]), we obtain similar values [45]. For comparison, graphene has a Young modulus
of 352.2 N/m and a Poisson ratio of 0.185 [42]. After confirming its stability and determining the
elastic properties of the MgB2 monolayer, we study its electronic properties. In Figure 3, the electronic
structures of bulk MgB2 and the MgB2 monolayer are presented. The band structures for the bulk
along the high-symmetry points Γ-K-M-Γ-A-L, and for the monolayer along Γ-K-M-Γ were calculated.
The Fermi level is set to zero. The band structure of the bulk is in full agreement with previous
studies [10,47–49]. The two bands crossing the Fermi level play a crucial role in the electronic properties
of MgB2. The density of the states around E f are predominantly related to the B atoms and their
p-orbitals, whereas the Mg atom contribution is negligible in this region. Previous studies described
Mg as fully ionized and showed that the electrons donated to the system are not localized on the anion
but, rather, are distributed over the whole crystal [6]. A similarity to graphite can be observed, with
three σ bands, corresponding to the in-plane spx py (sp2) hybridization in the boron layer and two
π-bands of boron pz orbitals [33]. Boron px(y) and pz orbitals contribute as σ and π states. Analysing
projected DOS, one concludes that the σ states are considerably involved in the total density of states
at the Fermi level, while the π states have only a partial contribution. It is worth emphasizing that
the bulk bands of this material at the K-point above the Fermi level present a formation similar to the
Dirac cones in graphene.

In the monolayer, there is an increase in the total density of states at the Fermi level from N(E f )bulk
= 0.72 states/eV to N(E f )mono = 0.97 states/eV. In the same manner as in the bulk, the monolayer
Mg atoms negligibly contribute to the density of states at the Fermi level, and the main contribution
comes from the B p-orbitals. The characteristic Dirac cone-like structure is still present and closer to
the Fermi level. Dg77, as the symmetry group of the MgB2 monolayer, hosts a Dirac-like dispersion
in the vicinity of the K-point in the hexagonal Brillouin zone, if the orbital wave functions belong to
the 2D representation E of the C3v point group of the wave vector [50,51]. In the tight-binding case,
the px and py orbitals of two boron ions give rise to one E-representation (and to two one-dimensional
representations), while the s-orbitals form a basis for one E-representation and pz-orbitals form a basis
for one E-representation as well. This explains the presence of the Dirac cones at the K-point in the
band structure of the MgB2 monolayer (as shown in Figure 3b).

Figure 3. The electronic band structure and total density of states in bulk MgB2 (a) and the MgB2

monolayer (b). The blue and red colors represent the B and Mg atoms contributions to the electronic
dispersion, respectively.

Table 1. The calculated elastic stiffness constants, layer modulus γ, Young’s modulus Y, Poisson’s ratio
ν, and shear modulus G for the MgB2 monolayer. All parameters are in units of N/m.

c11 c12 c66 γ Y ν G

63.4 −3.1 33.3 30.18 63.29 −0.05 33.3

Figure 4 shows the phonon dispersions for both the bulk and monolayer. For the bulk
(in Figure 4a), there are four optical modes at the Γ point. Due to the light atomic mass of the B
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atoms and the strong B–B coupling, the two high-frequency modes almost have a pure boron character.
The in-plane stretching mode E2g and the out-of-plane mode (where the atoms move in opposite
directions B1g) are the boron atom modes. E2g is a doubly-degenerate Raman active mode and
experimental studies [6,9] showed that this mode is very sensitive to structural changes and it has a
strong electron-phonon coupling. The low-frequency modes (A2u) and double degenerate (E1u) are
infrared active and they do not involve changes on in-plane bonds. In Figure 4b, the phonon dispersion
of the MgB2 monolayer is presented. In the phonon spectrum there are no imaginary frequencies,
which confirms, once again, the dynamical stability of the system (also demonstrated earlier by the
MD calculations).

Figure 4. The phonon dispersion and the phonon density of states for the MgB2 bulk (a) and
monolayer (b). The blue and red colours represent the B and Mg atom contributions in the phonon
dispersion, respectively.

At the Γ point, there are three acoustic and six optical modes (from which two pairs are doubly
degenerate). The optical modes A1, B1, E1, and E2 are related to the optical modes of the parent material.
Two significant differences between the bulk and monolayer spectrum can be observed: The E1 and A1

mode become energy degenerate in the monolayer, resulting in either a slight softening (hardening)
of the modes which leads to nearly equal frequencies, which opens a gap in the phonon density of
states (DOS) between the acoustic and optical modes. A more significant effect concerns the softening
of the B1 mode and hardening of the E2 mode. As in the bulk E2g mode, the monolayer E2 mode is
strongly coupled to electrons, causing the superconductivity in the monolayer in a similar fashion as
in the bulk. In Figure 5, the vibrational frequencies and normal coordinates for the MgB2 monolayer
are presented. The symmetry group is C6v, and the acoustic modes are A1 and E1. The optical modes
at the Γ point are A1, B1, E1, and E2, where the infrared-active ones are A1 and E1. The Raman-active
modes are A1, E1, and E2, and B1 is silent. In Table 2, the Raman tensor for the MgB2 monolayer is
presented [52]. Similar to graphene, the phonon eigenvectors and the normal coordinates at the Γ-point
are determined by symmetry rules and, therefore, are a model independent.

Table 2. Raman tensor of the MgB2 monolayer.

Raman Tensors

MgB2-mono
Dg77 = TC6v

Oz ||C6
Ox || σv

A1 a 0 0
0 a 0
0 0 b


E1 0 0 c

0 0 0
c 0 0

 0 0 0
0 0 c
0 c 0


E2 d 0 0

0 −d 0
0 0 0

 0 −d 0
−d 0 0
0 0 0
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Figure 5. Vibrational frequencies (in wavenumbers) and the vibration normal coordinates at Γ for the
MgB2 monolayer.

4. Conclusions

The electronic band structure, density of states, phonon dispersion, and elastic constants have
been calculated for the MgB2 monolayer and compared to the bulk material, using first-principles
calculations within the DFT framework. We demonstrated an increase of electronic density of states at
the Fermi level in the monolayer (compared to the bulk) and determined its stability under various
strains. These two features are crucial for the enhancement of electron–phonon coupling and they
enable significant mechanical modification that increases the critical superconducting temperature.
Establishing stability and offering insight into this novel 2D material, we focus on the effects of
ultimate lowering of the dimensionality. The question of reduction of dimensionality to its limit,
a truly atomic-scale 2D system, and the consequences of this [53–61] are highly relevant, not only to
fundamental science but also to applications in nanotechnology.
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28. Pešić, J.; Gajić, R.; Hingerl, K.; Belić, M. Strain-enhanced superconductivity in Li-doped graphene.
Europhys. Lett. 2014, 108, 67005. [CrossRef]

29. Szczesniak, D.; Durajski, A.P.; Szczesniak, R. Influence of lithium doping on the thermodynamic properties
of graphene based superconductors. J. Phys-Condens. Mat. 2014, 26, 255701. [CrossRef]

30. Durajski, A.; Skoczylas, K.; Szczesniak, R. Superconductivity in bilayer graphene intercalated with alkali
and alkaline earth metals. Phys. Chem. Chem. Phys. 2019, 21, 5925. [CrossRef] [PubMed]

31. Zheng, J.-J.; Margine, E.R. First-principles calculations of the superconducting properties in Li-decorated
monolayer graphene within the anisotropic Migdal-Eliashberg formalism. Phys. Rev. B 2016, 94, 064509.
[CrossRef]

32. Margine, E.R.; Lambert, H.; Giustino, F. Electron-phonon interaction and pairing mechanism in
superconducting Ca-intercalated bilayer graphene. Sci. Rep. 2016, 6, 21414. [CrossRef]

33. Mazin, I.I.; Antropov, V.P. Electronic structure, electron–phonon coupling, and multiband effects in MgB2.
Phys. C Supercond. 2003, 385, 49–65. [CrossRef]

34. Giannozzi, P.; Andreussi, O.; Brumme, T.; Bunau, O.; Buongiorno, N.M.; Calandra, M.; Car, R.;
Cavazzoni, C.; Ceresoli, D.; Cococcioni, M. et al. Quantum espresso: A modular and open-source software
project for quantum simulations of materials. J. Phys. Condensed Matter 2009, 21, 395502. [CrossRef] [PubMed]

35. Lu, N.; Guo, H.; Zhuo, Z.; Wang, L.; Wu, X.; Zeng, X.C. Twisted MX2/MoS2 heterobilayers: effect of van der
Waals interaction on the electronic structure. Nanoscale 2017, 9, 19131–19138. [CrossRef] [PubMed]

36. Soler, J.M.; Artacho, E.; Gale, J.D.; García, A.; Junquera, J.; Ordejón, P.; Sánchez-Portal, D. The SIESTA method
for ab initio order-N materials simulation. J. Phys. Condens. Matter. 2002, 14, 2745. [CrossRef]

37. Perdew, J.P.; Burke, K.; Ernzerhof, M. Generalized Gradient Approximation Made Simple. Phys. Rev. Lett.
1996, 77, 3865–3868. [CrossRef]

38. Troullier, N.; Martins, J.L. Efficient pseudopotentials for plane-wave calculations. Phys. Rev. B 1991, 43,
1993–2006. [CrossRef]

39. Golesorkhtabar, R.; Pavone, P.; Spitaler, J.; Puschnig, P.; Draxl, C.ElaStic: A tool for calculating second-order
elastic constants from first principles. Comput. Phys. Commun. 2013, 184, 1861–1873. [CrossRef]

40. Nosé, S. A unified formulation of the constant temperature molecular dynamics methods. J. Chem. Phys.
1984, 81, 511. [CrossRef]

41. Lindemann, F.A. The calculation of molecular vibration frequencies. Phys. Z. 1910, 11, 609.
42. Andrew, R.C.; Mapasha, R.E.; Ukpong, A.M.; Chetty, N. Mechanical properties of graphene and boronitrene.

Phys. Rev. B 2012, 85, 125428. [CrossRef]
43. Zhang, Z.; Yang, Y.; Penev, E.S.; Yakobson, B.I. Elasticity, Flexibility, and Ideal Strength of Borophenes.

Adv. Func. Mater. 2017, 27, 1605059. [CrossRef]
44. Zhong, H.; Huang, K.; Yu, G.; Yuan, S. Electronic and mechanical properties of few-layer borophene.

Phys. Rev. B 2018, 98, 054104. [CrossRef]
45. Mannix, A.J.; Zhou, X.F.; Kiraly, B.; Wood, J.D.; Alducin, D.; Myers, B.D.; Liu, X.; Fisher, B.L.; Santiago, U.;

Guest, J.R.; et al. Synthesis of borophenes: Anisotropic, two-dimensional boron polymorphs. Science 2015,
350, 1513–1516. [CrossRef]

46. Wang, H.; Li, Q.; Gao, Y.; Miao, F.; Zhou, X.-F.; Wan, X.G. Strain effects on borophene: Ideal strength, negative
Possion’s ratio and phonon instability. New J. Phys. 2016, 18, 073016. [CrossRef]

47. De la Pena-Seaman, O.; de Cross, R.; Heid, R.; Bohnen, K.-P. Effects of Al and C doping on the electronic
structure and phonon renormalization in MgB2. Phys. Rev. B 2009, 79, 134523. [CrossRef]

48. Ponce, S.; Margine E.R., Verdi, C.; Giustino, F. EPW: Electron-phonon coupling, transport and
superconducting properties using maximally localized Wannier functions. Comp. Phys. Commun. 2016, 209,
116–133. [CrossRef]

http://dx.doi.org/10.1002/pssb.201200142
http://dx.doi.org/10.1073/pnas.1510435112
http://www.ncbi.nlm.nih.gov/pubmed/26351697
http://dx.doi.org/10.1038/nphys2181
http://dx.doi.org/10.1209/0295-5075/108/67005
http://dx.doi.org/10.1088/0953-8984/26/25/255701
http://dx.doi.org/10.1039/C9CP00176J
http://www.ncbi.nlm.nih.gov/pubmed/30785457
http://dx.doi.org/10.1103/PhysRevB.94.064509
http://dx.doi.org/10.1038/srep21414
http://dx.doi.org/10.1016/S0921-4534(02)02299-2
http://dx.doi.org/10.1088/0953-8984/21/39/395502
http://www.ncbi.nlm.nih.gov/pubmed/21832390
http://dx.doi.org/10.1039/C7NR07746G
http://www.ncbi.nlm.nih.gov/pubmed/29184949
http://dx.doi.org/10.1088/0953-8984/14/11/302
http://dx.doi.org/10.1103/PhysRevLett.77.3865
http://dx.doi.org/10.1103/PhysRevB.43.1993
http://dx.doi.org/10.1016/j.cpc.2013.03.010
http://dx.doi.org/10.1063/1.447334
http://dx.doi.org/10.1103/PhysRevB.85.125428
http://dx.doi.org/10.1002/adfm.201605059
http://dx.doi.org/10.1103/PhysRevB.98.054104
http://dx.doi.org/10.1126/science.aad1080
http://dx.doi.org/10.1088/1367-2630/18/7/073016
http://dx.doi.org/10.1103/PhysRevB.79.134523
http://dx.doi.org/10.1016/j.cpc.2016.07.028


Condens. Matter 2019, 4, 37 10 of 10

49. Margine, E.R.; Giustino, F. Anisotropic Migdal-Eliashberg theory using Wannier functions. Phys. Rev. B 2013,
87, 024505. [CrossRef]

50. Damljanovic, V.; Gajic, R. Existence of Dirac cones in the Brillouin zone of diperiodic atomic crystals
according to group theory. J. Phys. Condens. Matter 2016, 28, 085502. [CrossRef]

51. Damljanovic, V.; Gajic, R. Addendum to ‘Existence of Dirac cones in the Brillouin zone of diperiodic atomic
crystals according to group theory’. J. Phys. Condens. Matter 2016, 28, 439401. [CrossRef]

52. Poulet, H.; Mathieu, J.P. Vibration Spectra and Symmetry of Crystals; Gordon and Breach: New York, NY,
USA, 1976.

53. Szalowski, K. Critical temperature of MgB2 ultrathin superconducting films: BCS model calculations in the
tight-binding approximation. Phys. Rev. B 2006, 74, 094501. [CrossRef]

54. Zhang, C.; Wang, Y.; Wang, D.; Zhang, Y.; Liu, Z.-H.; Feng, Q.-R.; Gan, Z.-Z. Suppression of superconductivity
in epitaxial MgB2 ultrathin films. J. Appl. Phys. 2013, 114, 023903. [CrossRef]

55. Ao, B.; Zhang, Z.; Tang, T.; Zhao, Y. Potential enhancement of superconductivity in MgB2 nanosheets:
First-principles calculations. Chem. Phys. Lett. 2014, 591, 185–188. [CrossRef]

56. Romero-Bermudez, A.; Garcıa-Garcıa, A.M. Shape resonances and shell effects in thin-film multiband
superconductors. Phys. Rev. B 2014, 89, 024510. [CrossRef]

57. Romero-Bermudez, A.; Garcıa-Garcıa, A.M. Size effects in superconducting thin films coupled to a substrate.
Phys. Rev. B 2014, 89, 064508. [CrossRef]

58. Acharya, N.; Wolak, M.A.; Cunnane, D.P.; Karasik, B.S.; Xi, X.X. MgB2 ultrathin films fabricated by hybrid
physical chemical vapor deposition and ion milling. APL Mater. 2016, 4, 086114. [CrossRef]

59. Valentinis, D.; van der Marel, D.; Berthod, C. Rise and fall of shape resonances in thin films of BCS
superconductors. Phys. Rev. B 2016, 94, 054516. [CrossRef]

60. Narlikar, A.V. Small Superconductors: Introduction. In The Oxford Handbook of Small Superconductors, 1st ed.;
Narlikar, A.V., Ed.; Oxford University Press: Oxford, UK, 2017.

61. Gariglio, S.; Scheurer, M.; Schmalian, J.; Monteiro, A.M.R.V.L.; Goswami, S.; Caviglia, A. Surface and
Interface Superconductivity. In The Oxford Handbook of Small Superconductors, 1st ed.; Narlikar, A.V., Ed.;
Oxford University Press: Oxford, UK, 2017.

c© 2019 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1103/PhysRevB.87.024505
http://dx.doi.org/10.1088/0953-8984/28/8/085502
http://dx.doi.org/10.1088/0953-8984/28/43/439401
http://dx.doi.org/10.1103/PhysRevB.74.094501
http://dx.doi.org/10.1063/1.4812738
http://dx.doi.org/10.1016/j.cplett.2013.11.045
http://dx.doi.org/10.1103/PhysRevB.89.024510
http://dx.doi.org/10.1103/PhysRevB.89.064508
http://dx.doi.org/10.1063/1.4961635
http://dx.doi.org/10.1103/PhysRevB.94.054516
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.


Journal of Physics: Condensed Matter

PAPER

Peculiar symmetry-protected electronic dispersions in two-dimensional
materials
To cite this article: V Damljanovi et al 2020 J. Phys.: Condens. Matter 32 485501

 

View the article online for updates and enhancements.

This content was downloaded from IP address 147.91.1.43 on 11/10/2021 at 22:16

https://doi.org/10.1088/1361-648X/abaad1
https://googleads.g.doubleclick.net/pcs/click?xai=AKAOjsvZuYW6zOPKYuzVrVE8bUWeA8hQVxELnVR7HRNnPRBUJwEgxnA3uGH92oF5E7Et7h5GOHd6O7hCPRsCwBVY5bSEB4ZLbPFu6FGSc6QJWTzCaix8RxddfZs1R79BLuWkMecqdMNFBXuuHBAiwL44jvm-J1RyQoQerkUhMRGQ3i9EDN7GNT0kkI0PqAkSLSJoUB6bxe9wY-6Xhq9n_Mwf2bge85Ops66tEfJK7TpWYkIfU4NPPM1RPBQMXGjvCE9y6l4m_oWuZLLH3gJrIVZWAGaiT3HWRPhnQBM&sig=Cg0ArKJSzD4uW_LkjZMe&fbs_aeid=[gw_fbsaeid]&adurl=http://iopscience.org/books


Journal of Physics: Condensed Matter

J. Phys.: Condens. Matter 32 (2020) 485501 (8pp) https://doi.org/10.1088/1361-648X/abaad1

Peculiar symmetry-protected electronic
dispersions in two-dimensional materials
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Abstract
Symmetry indicates that low energy spectra of materials could be richer than well-known
Dirac, semi-Dirac, or quadratic, hosting some unusual quasiparticles. Performing the
systematic study of exact forms of low energy effective Hamiltonians and dispersions in
high-symmetry points with fourfold degeneracy of bands, we found new, previously
unreported dispersion, which we named poppy flower (PF) after its shape. This massless
fermion exists in non-magnetic two-dimensional (2D) crystals with spin–orbit coupling
(SOC), which are invariant under one of the proposed ten noncentrosymmetric layer groups.
We suggest real three-dimensional (3D) layered materials suitable for exfoliation, having
layers that belong to these symmetry groups as candidates for realization of PF fermions. In
2D systems without spin–orbit interaction, fortune teller (FT)-like fermions were theoretically
predicted, and afterward experimentally verified in the electronic structure of surface layer of
silicon. Herein, we show that such fermions can also be hosted in 2D crystals with SOC,
invariant under additional two noncentrosymmetric layer groups. This prediction is confirmed
by density functional based calculation: layered BiIO4, which has been synthesized already as
a 3D crystal, exfoliates to stable monolayer with symmetry pb21a, and FT fermion is observed
in the band structure. Analytically calculated density of states (DOS) of the PF shows
semimetallic characteristic, in contrast to metallic nature of FT having non-zero DOS at the
bands contact energy. We indicate possibilities for symmetry breaking patterns which
correspond to the robustness of the proposed dispersions as well as to the transition from Dirac
centrosymmetric semimetal to PF.

Keywords: electronic dispersions, spin–orbit coupling, symmetry, new fermions

(Some figures may appear in colour only in the online journal)

1. Introduction

Electronic dispersion essentially determines crystal properties
and it is well known that it is assigned by quantum num-
bers of the underlying symmetry group. These are space,
layer (including wallpaper) or line groups, referring respec-
tively to dimensionality of crystals: 3D, quasi-2D (Q2D),
or quasi-1D. Probably the most famous example of a low-
dimensional material is graphene (there are also related single
layers, such as borophene [1], borophosphene [2], graphynes

3 Author to whom any correspondence should be addressed.

[3], etc), which hosts Dirac like (linear in quasi-momentum)
dispersion in the vicinity of high symmetry Dirac points. Such
shape of energy bands, besides being responsible for some
intriguing phenomena, provides material realization of rel-
ativistic electron. This triggered numerous investigations of
the connection between symmetry of materials and appear-
ance of Dirac and Weyl points in their band structures. These
points are attributed to existence of rotational [4], nonsymmor-
phic [5], mirror [6], space-time inversion [7, 8], time-reversal
plus fractional translation [9], and generalized chiral symme-
try [10]. There are also results on the search for Weyl and Dirac
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Figure 1. PF (up) and FT (bottom) dispersions (given by
equations (3.1)): from left to right are all bands, bands E±1,+1, bands
E±1,−1 and horizontal sections of the bands (iso-energetic lines).

points according to group theoretical criteria in Brillouin zones
(BZs) of all space [11], layer [12–14] or wallpaper groups
[15].

In addition, geometrical symmetries impose conditions that
lead to the emergence of unconventional quasiparticles in con-
densed matter systems. In 3D materials, enforced by space
groups, double Dirac points [16], three-component [17, 18]
or hourglass fermions [19] are found, inspiring further theo-
retical and experimental research [20–25]. Concerning Q2D
systems, besides Dirac (as in graphene [26]), there are also
semi-Dirac (Dirac-like in one direction, and quadratic in the
orthogonal one, as in black phosphorus [27]), quadratic (as in
molybdenum disulphide [28]), and fortune teller (FT) disper-
sions [29], which corresponds to the coexistence of a nodal
point and lines. Namely, symmetry analysis of the possible
completely linear dispersions in non-magnetic, Q2D materials
with negligible spin–orbit coupling (SOC) has shown that only
completely massless fermions appearing in layers are Dirac
and FT [29]. Recently, FT dispersion has been experimentally
confirmed in a surface layer of silicon [30].

A question arises whether new types of fermions are possi-
ble in Q2D materials by inclusion of SOC? With help of layer
double groups (LDGs) and time-reversal symmetry (TRS)
(i.e. gray LDG), we made a quite general search for linear
dispersions in the vicinity of high symmetry points (HSPs);
since no reference to nonsymmorphic symmetries is made,
the topological (hour-glass like) band crossing mechanisms
are not a priori assumed, as it is usual. Indeed, it turns out
that there are two peculiar types (figure 1) featuring twelve
nonsymmorphic and noncentrosymmetric groups: two groups
support previously predicted FT, and the remaining ones
poppy flower (PF) dispersion (generalizing both FT and Dirac
types).

After a brief overview of necessary group-theoretical meth-
ods, the obtained results are discussed on the basis of effec-
tive low-energy model, calculated densities of states and
symmetry breaking patterns. Also, a list of material can-
didates supporting the new dispersions is provided. The
predicted effect is justified by density functional based
relaxation and band structure calculation in BiIO4 mono-
layer. Synthesis of this layered 3D material was reported
around a decade ago [31]. Numerical band structure con-

firms our group theoretical prediction, which may be the
motivation for future laboratory synthesis of this material as
monolayer.

2. Method

Symmetry determines Bloch Hamiltonian in the vicinity
of high-symmetry BZ wave vector through the allowed
irreducible representations (IRs) of the little group [32].
Allowed IRs of LDGs are subduced from the correspond-
ing space groups IRs (found on Bilbao Crystallographic
Server [33]), and also independently constructed by POL-
Sym code [34]. Concerning LDGs with TRS, the dimen-
sions [33, 35] of the allowed IRs (actually co-representations)
are 1, 2 or 4, and for generic ones, giving bands degener-
acy, this is 1 or 2. Here we focus on the band structures
near quadruple points at high-symmetry momenta. Further,
we do not consider generically degenerate bands, giving dou-
ble degenerate Dirac dispersion (precisely, it consists of two
double spinfull degenerate cones meeting at one fourfold
degenerate point); this automatically excludes centrosymmet-
ric crystals, as Kramers degeneracy in them forbids non-
degenerate bands [36]. Among the remaining groups, only
twelve are with special points with four-dimensional allowed
(co)representation.

Analysis of all allowed IRs R of little groups G (k0) of
HSPs k0 in LDG lacking the inversion symmetry gives the
following conditions for quadruple point: k0 is time-reversal
invariant momentum, R is two-dimensional, either real or
complex IR. Therefore, we consider Ĥ(k) being Hamilto-
nian of the system Ĥ0 (including spin–orbit) in the basis
{|Ψ1〉 , |Ψ2〉 , |θΨ1〉 , |θΨ2〉}, where the spinors |Ψi〉 = |Ψi(k)〉
(i = 1, 2 counts two bands touching each other at k0 also in
the absence of TRS) belong to R at k0 and θ is an anti-unitary
operator of TRS, for which we used θ2 = −σ̂0, since spin-
full case is considered. Throughout the text σ̂0 is two-by-
two unit matrix, and σ̂1, σ̂2, σ̂3 are Pauli matrices. Denoting
the little group elements by � = (h|rĥ + b), where h is crys-
tallographic double point group element, while rĥ and b are
fractional and lattice translation, respectively, one gets the con-
ditions imposed by time-reversal and geometrical symmetries
on Ĥ(k0 + q) in the vicinity of k0 (therefore, the wavevector q
is small):

Ĥ∗(k0 + q) = T̂†Ĥ(k0 − q)T̂ , (2.1)

Ĥ(k0 + q) = D̂†(�)Ĥ(k0 + ĥ′q)D̂(�). (2.2)

Here, D̂ = diag(R̂, R̂∗), and ĥ
′
is an operator reduction of vector

representation ĥ to 2D BZ, while T̂ = −iσ̂2 ⊗ σ̂0 represents
the action of θ on the basis of spinors.

To focus on the terms linear in q, Hamiltonian is expanded

in the form Ĥ(k0 + q) ≈
∑

i=1,2 qi
∂Ĥ(k0+q)

∂qi
|q=0 (energy scale

is conveniently shifted such that Ĥ(k0) = 0). To incorporate
symmetry, the matrix elements of the Hamiltonian gradient
are arranged into the four-by-eight matrix Ŵ, which entries
wpq =

(
w1

pq w2
pq

)
are pairs wi

pq =
∂Hpq(k0+q)

∂qi
|q=0. The form
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Table 1. Groups providing dispersions (3.1). Notations for layer (columns 1 and 2) and space groups (columns 4, 5 and 6) are
according to [37, 38] respectively. IR notation in the eighth column is as in Bilbao Crystallographic Server [33]. Effective
Hamiltonian is indicated in the last column by the nonzero parameters (and their interrelations) of (2.5). For the last four
groups a = c while M̄6 and M̄7 are conjugated pair of IRs.

Layer double group Corresponding space double group

Group IR Group Plane IR Dispersion Nonzero vi
pq

21 p21212 S̄5 18 P21212 D3
2 z = 0 S̄5 (3.1a) v1

13, v1
23, v1

33, v2
11, v2

21, v2
31

25 pba2 S̄5 32 Pba2 C8
2v z = 0 S̄5 (3.1a) v1

13, v1
23, v1

33, v2
11, v2

21, v2
31

28 pm21b Ȳ5, S̄5 26 Pmc21 C2
2v y = 0 Z̄5, Ū5 (3.1a) v1

11, v1
21, v1

31, v2
10, v2

20, v2
30

29 pb21m Ȳ5, S̄5 26 Pmc21 C2
2v x = 0 Z̄5, T̄5 (3.1b) v1

02, v2
10, v2

20, v2
30

30 pb2b Ȳ5, S̄5 27 Pcc2 C3
2v x = 0 Z̄5, T̄5 (3.1a) v1

11, v1
21, v1

31, v2
10, v2

20, v2
30

32 pm21n Ȳ5 31 Pmn21 C7
2v y = 0 Z̄5 (3.1a) v1

13, v1
23, v1

33, v2
10, v2

20, v2
30

33 pb21a Ȳ5 29 Pca21 C5
2v y = 0 Z̄5 (3.1b) v1

33, v2
11, v2

21, v2
30

34 pb2n Ȳ5 30 Pnc2 C6
2v x = 0 Z̄5 (3.1a) v1

13, v1
23, v1

33, v2
10, v2

20, v2
30

54 p4212 (M̄6, M̄7) 90 P4212 D2
4 z = 0 (M̄6, M̄7) (3.1a)

⎧⎪⎪⎨
⎪⎪⎩

v1
02 = v2

02 = v1
31 = −v2

31

v1
10 = v2

10 = v1
23 = −v2

23

v1
13 = −v2

13 = −v1
20 = −v2

20

⎫⎪⎪⎬
⎪⎪⎭

56 p4bm (M̄6, M̄7) 100 P4bm C2
4v z = 0 (M̄6, M̄7) (3.1a)

58 p4̄21m (M̄6, M̄7) 113 P4̄21m D3
2d z = 0 (M̄6, M̄7) (3.1a)

60 p4̄b2 (M̄6, M̄7) 117 P4̄b2 D7
2d z = 0 (M̄6, M̄7) (3.1a)

Ŵ =

⎛
⎜⎜⎝
w11 w12 w13 w14

w∗
12 w22 w14 w24

w∗
13 w∗

14 −w11 −w∗
12

w∗
14 w∗

24 −w12 −w22

⎞
⎟⎟⎠ (2.3)

follows from the relation (2.1), together with wi
pq = wi∗

qp cor-

responding to the requirement that Hamiltonian Ĥ is a Hermi-
tian operator. Note that the form (2.3) of Ŵ leads to the trace-
less Hamiltonian: it excludes the scalar term (which imposes
the tilt of the bands). The geometrical symmetries are incorpo-
rated by (2.2), which is rewritten [11, 29] as an efficient fixed
point condition

∣∣∣Ŵ〉
= D̂ ⊗ D̂∗ ⊗ ĥ′

∣∣∣Ŵ〉
, (2.4)

on the column vector (32 × 1) form
∣∣∣Ŵ〉

of Ŵ . The

equation (2.4) is solved with help of the group projection oper-
ators for all of the twelve noncentrosymmetric groups hosting
quadruple points at high symmetry momenta; in this way, the
symmetry determines form of Ŵ. To explicate this, it is more
convenient to use another general expansion of the effective
low energy Hamiltonian,

Ĥ(q) =
3∑

p,q=0

2∑
i=1

qiv
i
pq σ̂p ⊗ σ̂q, (2.5)

and find the constraints imposed by symmetry on the real
coefficients vi

pq (simply interrelated with wi
pq).

3. Results and discussion

3.1. Symmetry adapted Hamiltonians and dispersions

Groups hosting new dispersions are listed in table 1. Besides
intrinsic layer group notation (the first part), the space group

of the system obtained by periodic repetition of the layer along
axis perpendicular to it (column plane) according to Bilbao
Crystallographic Server is also given (second part), where the
directions x, y and z are along axes of orthorombic/tetragonal
3D primitive unit cell. On the other hand, in POLSym approach
we used convention that layers are in xy-plane. Orthogonal lat-
tice vectors a1 and a2 span primitive rectangular/square 2D
unit cell, while reciprocal lattice vectors k1 and k2 satisfy
a j · kl = 2πδ j,l and q1, q2 are projections of q along k1 and
k2. Relevant BZs are in figure 2.

Effective Hamiltonians allowed by symmetry group in the
special points of Brillouin’s zone are presented in the last col-
umn of the table 1: the nonzero real coefficients vi

pq in the
expansion (2.5) are specified, together with the constraints
among them. The listed forms correspond to the group settings
(lattice vectors and coordinate origin) and double valued irre-
ducible co-representations obtained by POLSym code. In fact,
this enabled flexibility in the choice of generators (coordinate
system and translational periods), which finally results in the
form of irreducible co-representations. These are chosen such
to get the same form of the effective Hamiltonian whenever
it is possible (for different groups). Equivalent (but different)
settings (and co-representations) produce different (still equiv-
alent with respect to dispersions) Hamiltonian forms. Clearly,
the exact values of the nonzero coefficients vi

pq (listed in the
last column of the table 1) are material dependent. The groups’
generators and their representative matrices in the allowed
co-representations associated to the specified high-symmetry
points are in the table 2. It should be remarked that in all the
considered cases this point is fixed by the whole gray group,
i.e. the little group is the gray (double) group, and the allowed
co-representations of the little group are simultaneously the
irreducible co-representations of the gray group. The matri-
ces of the relevant co-representations are four-dimensional.
In all the cases time-reversal corresponds to the matrix T̂;
all other generators are represented by the block-diagonal
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Figure 2. BZs of the groups (listed in table 1) supporting dispersions (3.1). For layer groups 28, 29, 30, 32, 33 and 34 vector k2 is along
(screw) axis of order two.

matrices D̂ = diag(R̂, R̂∗), with mutually conjugated 2 × 2
blocks. Therefore, only this block, R̂, is given in the table 2.

The described technique leads to two new types of disper-
sions (figure 1; crossings are taken at E = 0). The first one is
PF, with four bands (obtained for u, v = ±1):

Ev,u(q) = v
√

aq2
1 + cq2

2 + u b |q1q2|. (3.1a)

The expression under the square root is non-negative since
a, b and c are positive quantities (functions of vi

pq) such that
b2 − 4ac < 0. For quadratic layer groups (54, 56, 58, 60)
c = a, and above dispersion degenerates to the isotropic
one Ev,u = v

√
aq2 + u b |q1q2|. Two groups, 29 and 33,

enforce b2 − 4ac = 0, hosting thus FT dispersions (with bands
counted by u, v = ±1):

Ev,u(q) = v | f |q1|+ u g |q2| |, (3.1b)

with f , g positive quantities, also functions of vi
pq. Note that

on the other side, the limit b → 0+ gives Dirac dispersion.

3.2. Density of states

Dispersions (3.1), differing from the well-known Dirac, semi-
Dirac or quadratic, impose specific physical properties. In this
context, one must take into account the range of validity of
these forms, describing the realistic band structures only in the
vicinity of high-symmetry point. In particular, corresponding
density of states (DOS) near E = 0 are:

ρSOC
PF =

2|E|
π
√

4ac − b2
, (3.2a)

ρSOC
FT ≈ L

4π2
√

f 2 + g2
. (3.2b)

Unlike to PF, but similarly to 3D nodal semimetals [39],
exact calculation of DOS of FT is prevented due to the non-
circular iso-energetic lines (figure 1). Thus, the last expression
corresponds to realistic situations where the horizontal parts
of band crossing lines are of the length L (this is an effective

range of approximation). In non-SOC case calculation of DOS
gives doubled results (3.2), since each energy is spin degener-
ate, which is then decoupled from the orbital one. Non zero
DOS of FT near E = 0 is in contrast to DOS of Dirac or PF
dispersions being proportional to |E|, as well as to semi-Dirac
which is proportional to

√
|E|. This affects many properties,

to mention only charge and spin transport. Further, it can be
shown that the electron effective mass, obtained from band
curvatures, for all dispersions (3.1) vanishes. Let us empha-
size that the higher order terms, neglected in derivation can-
not change the obtained band topology (figure 1), though may
distort bands slightly.

3.3. Symmetry breaking

Despite the obtained dispersions are essential, i.e. resistant to
symmetry preserving perturbation, an interesting additional
insight is gained by considering symmetry breaking. Herein,
taking into account group–subgroup relations, we discuss the
possibilities of robustness or switching between various dis-
persions at the same BZ-point by lowering the symmetry, e.g.
due to strain. It is expected that decreasing the number of sym-
metry elements leads to relaxing the constraints imposed on
Hamiltonians, and consequently increasing (or preserving) the
number of independent parameters. In this context, taking into
account the number of non-zero parameters vi

pq of (2.5) given
in table 1, it is meaningful to consider the transitions from FT
to anisotropic PF, as well as from isotropic PF to FT, when the
symmetry is lowered. Precisely, the allowed four-band model
Hamiltonian diagonalizing in PF dispersion have six real inde-
pendent parameters, which are reduced to three for quadratic
groups; similarly, there are 4 real independent Hamiltonian
parameters for FT. Before proceeding, let us take a brief look
into the robustness of FT and PF.

Regarding groups 29 and 33 supporting FT dispersion,
symmetry reduction in which either nonsymmorphic glide
plane or screw axis (but not both) is retained causes that FT at
the Y point splits into two non-degenerate conical dispersions.
Opposite out-of-plane shifts of the adjacent nuclei positioned

4



J. Phys.: Condens. Matter 32 (2020) 485501 V Damljanovíc et al

Table 2. Allowed irreducible co-representations: for each group and
corresponding HSP, the generators are listed, and the block-diagonal part R̂ of
double valued co-representation D̂ representing these generators (in the same
order). Here, Cnn̂ is rotation for 2π/n around axis n̂ (which is x̂, ŷ, ẑ, or
ĉ = 1√

2
(x̂ + ŷ)), mn̂ is vertical mirror plane which contains n̂ axis, mh is

horizontal mirror plane, and Sn = Cn̂zmh.

Group HSP Generators R̂

21 S (C2x̂| 1
2 0) (C2̂y|0 1

2 ) σ̂3 σ̂1

25 S (mx̂| 1
2 0) (mŷ|0 1

2 ) σ̂3 σ̂1

28 Y (I|10) (C2̂y|0 1
2 ) mŷ σ̂0 −σ̂3 −iσ̂2

28 S (I|10) (C2̂y|0 1
2 ) mŷ −σ̂0 −σ̂3 −iσ̂2

29 Y (I|10) (C2̂y|0 1
2 ) mh σ̂0 −σ̂3 −iσ̂2

29 S (I|10) (C2̂y|0 1
2 ) mh −σ̂0 −σ̂3 −iσ̂2

30 Y (I|10) (mŷ|0 1
2 ) C2ŷ σ̂0 −σ̂3 −iσ̂2

30 S (I|10) (mŷ|0 1
2 ) C2ŷ −σ̂0 −σ̂3 −iσ̂2

32 Y (I|10) (mh| 1
2

1
2 ) mŷ σ̂0 −σ̂3 −iσ̂2

33 Y (mh| 1
2 0) (C2̂y|0 1

2 ) iσ̂3 σ̂1

34 Y (I|10) (mh| 1
2

1
2 ) C2ŷ σ̂0 −σ̂3 −iσ̂2

54 M (I|10) (C2̂c| 1
2

1
2 ) C4̂z −σ̂0 −iσ̂2 e−i 3π

4 diag(1, i)

56 M (I|10) (mĉ| 1
2

1
2 ) C4̂z −σ̂0 −iσ̂2 e−i 3π

4 diag(1, i)

58 M (I|10) (mĉ| 1
2

1
2 ) S4 −σ̂0 −iσ̂2 e−i 3π

4 diag(1, i)

60 M (I|10) (C2̂c| 1
2

1
2 ) S4 −σ̂0 −iσ̂2 e−i 3π

4 diag(1, i)

in the mirror plane, transforms mirror into a glide plane, while
doubling the lattice constant; this in turn halves primitive vec-
tor k1 of the reciprocal lattice. Group 29 reduces to 33 and
the S point in 29 becomes Y point in 33. Consequently, FT
in Y and S points in 29 are robust against lowering the sym-
metry to group 33. Similarly, concerning the PF, any homoge-
nous stretching along a1 or a2 axis deforms square primitive
cell to rectangular, reducing the symmetries of layer groups
54 and 58 (56 and 60) to the group 21 (25) and causes PF
to change from isotropic to anisotropic form, which implies
direction-dependent electronic and related properties.

Since PF is a generalized form of FT, one could expect that
the parameters of these dispersions can be interrelated by tun-
ing. However, continuous transformation from FT to PF at the
same point of the BZ is not possible, since neither of groups
supporting FT is a subgroup of any of groups allowing PF, nor
vice-versa. The expression (3.2a) for DOS of PF shows that the
changing parameters such that PF approaches to FT results in a
singularity at zero energy. In the other words, if opposite would
hold, arbitrarily small displacements of nuclei, being sufficient
to lower the symmetry, would cause a jump of (graphene-like)
negligible DOS of PF to a finite and constant DOS of FT,
which we found unlikely. At the same time, such obstruction
from DOS does not forbid the transition between Dirac (dou-
ble degenerate cones with four-fold degenerate point) and PF,
nor it forbids splitting of FT and PF into two non-degenerate
conical dispersions (with double degenerate point).

Following the above arguments, it is expected that transition
from Dirac cone to PF may be realized by lowering the sym-
metry, since Dirac dispersions has less independent parameters
than PF. According to [5] Dirac semimetals in time-reversal
invariant two-dimensional systems with strong SOC are pos-
sible in nonsymmorphic groups with inversion symmetry. E.g.
let us consider the layer group 46 (pmmn), hosting Dirac cones

at X, Y and S HSPs (the BZ is the same as this one given on
the left panel in figure 2). It is expected that the violation of the
inversion symmetry leads to Weyl points or node [5]. However,
listing all subgroups, it turns out that the two of the subgroups,
32 and 21, actually host PF in the points Y and S, respec-
tively. Indeed, in [46], using spinfull tight-binding model with
four sites (with s-orbitals) per unit cell, authors show that at
fillings 2, 6, system invariant under double layer group 21 is
semimetal, which hosts one fourfold degenerate and four Weyl
points. A plethora of such cases, where groups allowing PF
from the table 1 are subgroups of symmetry groups of Dirac
semimetals, indicates candidates for transitions between cen-
trosymmetric and noncentrosymmetric crystals with protected
four-fold band crossing point. Moreover, the existence of such
essential fourfold degenerate point simultaneously with double
degenerate Weyl points in the same system, makes that the lay-
ers from our list represent possible two-dimensional materials
suitable for the study of their interplay.

3.4. Material realization

Despite the fabrication of freestanding layers is not always
feasible, the above theoretical predictions required material
realizations, or at least numerical simulations. To find realis-
tic material with layer groups from table 1 we searched the
list [41] of 3D layered materials, synthesis of which has been
reported in the literature. In the table 3 we listed potential
material candidates with symmetry groups allowing the pre-
dicted peculiar dispersions. These are laboratory fabricated
3D crystals with layered structures, which could be easily or
potentially exfoliated into layers.

It is interesting to single out our group-theoretical findings
indicated that dispersions (3.1) are not preserved when SOC is
neglected, except for the LDG 33, which supports FT disper-
sion also in that case [29]. Inclusion of SOC moves FT from
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Table 3. Material candidates: layered systems with symmetry groups hosting
the dispersions (3.1). Layer and corresponding space groups are listed for
materials given by a formula and materials project ID. Abbreviations EE and PE
stand for easily and potentially exfoliable, respectively, according to [41].

Layer group Space group Formula ID EE/PE

21 p21212 18 P21212 As2SO6 mp-27230 EE
MgMoTeO6 mp-1210722 EE

25 pba2 32 Pba2 Au2Se2O7 mp-28095 EE
Re2S2O13 –I mp-974650 EE

28 pm21b 26 Pmc21 TlP5 mp-27411 EE
KO2H4F mp-983327 PE
NaGe3P3 mp-1104707 PE

29 pb21m 26 Pmc21 WO2Cl2 mp-32539 EE
32 pm21n 31 Pmn21 CuCOCl mp-562090 EE
33 pb21a 29 Pca21 BiIO4 mp-1191266 PE

KPSe6 mp-18625 EE
58 p4̄21m 113 P4̄21m LiReO2F4 mp-554108 EE

Figure 3. Crystal structure of BiIO4 mono-layer: elementary cell
(left) and a part of layer (right).

BZ corners to the Y-point. The material BiIO4 belongs to cor-
responding space group 29 and has layers parallel to the y = 0
plane. Consequently, it should exfoliate to layer group 33 so
we choose it for further DFT investigations, as an example of
achievements of our theory. Since IRs from table 1 are the only
extra IRs in these BZ points, the dispersions (3.1) are unavoid-
able for crystals with symmetry of these groups. On the other
hand, the position of Fermi level cannot be determined solely
by symmetry arguments, nor it can be guaranteed that no other
bands cross or touch the Fermi level.

We determined crystal (figure 3) and band structure
(figure 4) of BiIO4 mono-layer configuration using DFT cal-
culations: full relaxation and bands calculations were per-
formed by QUANTUM ESPRESSO software package [42],
full relativistic PAW pseudopotentials [43, 44], with the
Perdew–Burke–Ernzerhof exchange–correlation functional
[45]. The energy cutoff for electron wavefunction and charge
density of 47 Ry and 476 Ry were chosen, respectively. The
band structures were found in 500 k-points on selected path,
and 2500 k-points for 2D band structure plots in the vicinity of
HSPs.

Crystal structure of mono-layer is shown in figure 3. It
belongs to rectangular lattice of the group 33, with nearly equal
a1 = 0.566 nm and a2 = 0.575 nm. Band structure of BiIO4

Figure 4. Band structure of BiIO4 mono-layer without SOC (top)
and with SOC (bottom), with insets showing magnified FT and split
FT dispersions. The Fermi level is set to zero eV.

mono-layer with and without SOC is shown in figure 4. It
turns out that the system is insulating in undoped and ungated
regime. The closest to Fermi level FT state is at −0.9 eV.
When SOC is neglected energy at the point S is eightfold
degenerate (including spin), which gives electron filling of 8n
that is necessary for insulating systems [40]. With inclusion of
SOC the eightfold spinfull degeneracy at S is lifted, but sets
of eight non-degenerate bands each, form cat’s cradle struc-
ture along ΓX line, as predicted in reference [46]. This gives
again electron filling of 8n [46, 47]. Our electron filling of 184,
derived from DFT calculations, is indeed divisible by 8. Elec-
tron filling for DLG 33 prevents FT to be the only dispersion at
the Fermi level, while for remaining groups in table 1 the filling
condition necessary for Fermi surface consisting of isolated
points is ν = 4n + 2.
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Figure 5. Band structures of BiIO4 mono-layer without and with
SOC near points S and Y . Inclusion of SOC turns FT dispersion into
nodal lines in S, and degenerate Dirac line into FT in Y.

Behavior of FT states with inclusion of SOC is shown in
figure 5. In non-SOC case, two pairs of Dirac lines meet at the
point S and form the FT states. SOC splits eightfold degenerate
band at S into four double degenerate ones. Near point Y, SOC
splits fourfold spinfull degenerate Dirac line into one FT state.
Since SOC strength is proportional to the fourth power of the
atomic number [48], heavy elements in the material induced
observable splitting.

4. Conclusions

Characterized by band crossings (touching) points (lines)
at Fermi level from which energies disperse linearly, nodal
metals/semimetals take an important role in investigations
of various topological properties of crystals. Among them,
symmetry-enforced ones represent a class of materials host-
ing such dispersions in HSPs due to increased degeneracy.
In the language of group theory, while the spinless case
is described by the ordinary group of geometrical trans-
formations, the spinfull situation, when system is robust
on spin–orbit perturbation, needs double groups. Additional
inclusion of TRS leads to gray magnetic ordinary or dou-
ble group. The increased degeneracy of energy is enabled by
higher dimensional allowed irreducible (co)representations of
the corresponding underlying crystal symmetry.

New fermions in 2D materials revealed by application
of full gray double layer group symmetry contribute to the
interesting physical phenomena of layered systems: two new
types of dispersions beyond Dirac, PF and FT, accompany the
fourfold degeneracy of bands in high-symmetry points. Our
findings single out list of twelve nonsymmorphic and non-
centrosymmetric layer groups that support such unusual lin-
ear electronic dispersions. As the method is not based on the
topological mechanism (invoking nonsymmorphicsymmetry),
the result is general, verifying a posteriori the necessity of
nonsymmorphic elements for the considered dispersions. Pro-
viding this list, numerical simulations aimed to find material
realizations of the peculiar dispersions are facilitated, which is
of a great importance to achieve corresponding physical prop-
erties. PF dispersion occurs in ten groups; in particular, there

are single isolated HSP hosting it in the groups p21212, pba2
(point S), pm21n, pb2n (Y), and p4212, p4bm, p4̄21m, p4̄b2
(M), while the groups pm21b and pb2b have two such points
(Y, S). On the other hand, the FT type of dispersion in the group
pb21a is hosted in single (Y), and in the group pb21m in two
HSPs (Y, S).

Particularly interesting are groups pb21a, supporting FT
dispersion both with and without SOC, as well as pba2 and
p4bm, which are also wallpaper groups, preserved even when
perpendicular, homogenous electric field is applied (e.g. due to
gating). Moreover, coexistence of degenerate point and lines
at the same energy in FT dispersion may lead to some new
phenomena. FT dispersion has constant contribution to DOS,
manifested as a plateau nearby zero energy in FT. This may be
important in technological applications, especially when elec-
tron and/or spin transport are looked for, like materials for solar
cells [49], spintronic etc. On the contrary, PF dispersion, simi-
larly to Dirac ones, contributes by linear DOS with no states on
zero energy. It has both isotropic and anisotropic forms which
may be continuously transformed into each other by crystal
deformations.

Our numerical calculations show that layered BiIO4 3D
crystal, exfoliates to stable mono-layer having a symmetry
group from our list. Band structure of BiIO4 mono-layer con-
firms theoretical prediction, but further efforts are necessary in
order to place the Fermi level at right energy.

Acknowledgments
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Abstract

We report temperature-dependent Raman scattering and magnetization stud-

ies of van der Waals ferromagnetic compound CrSi0.8Ge0.1Te3. Magnetic sus-

ceptibility measurements revealed dominant ferromagnetic interactions

below TC which shift to the lower values due to the presence of vacancies.

A Raman active mode, additional to the ones predicted by symmetry in the

parent compounds, has been observed. This Ag symmetry mode most likely

emerges as a consequence of the atomic vacancies on Si/Ge site. Presence of

the strong spin–phonon coupling at temperature around 210 K is indicated

by deviations from conventional phonon self-energy temperature dependence

of all analysed modes.

KEYWORD S
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1 | INTRODUCTION

Considerable progress has been made in the field of
material science through developing new materials and
revealing their properties in the last decade. Namely, in
the recent years, large family of van der Waals materials
with inherent magnetism became the focus of experimen-
tal and theoretical research, because they seem suitable
for numerous technical applications.[1-7] The family
includes Fe3− xGeTe2 metallic materials with high
magnetic transition temperature,[8-10] semiconductors
CrXTe3 (X = Si, Ge, Sn) and CrX3 (X = Cl, Br, I) mono-
layers[2,11-13] and heterostructures.[14]

CrSiTe3 and CrGeTe3 are ferromagnetic (FM) semi-
conductors with band gap of 0.4 and 0.7 eV and Curie
temperatures (TC) of 32 and 61 K, respectively.[15-18] Twin-
ing of CrSiTe3 single crystals along c-axes was revealed by
X-ray diffraction experiment as well as Cr3+ ions magnetic
order.[15] Recently, through high-resolution angle-re-
solved photoemission spectroscopy (ARPES), it was possi-
ble to identify full electronic structure near the Fermi
level. Due to spin–orbit coupling, CrSiTe3 is a Mott-type
FM insulator.[19] Electronic structure of CrGeTe3 single
crystals was also investigated by ARPES.[20] It was shown
that the low-lying valence bands are centred around the Γ
point and are mainly formed from Te 5p orbitals.
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Raman scattering studies of CrSiTe3 reveal strong
spin–lattice coupling in the paramagnetic phase[15,21] as a
consequence of a short-range magnetic order in this com-
pound. In addition to renormalization of energies and
linewidths of observed Raman active modes, coupling of
doubly degenerate Eg mode with magnetic continuum
was found.[21] The coupling results in an asymmetric
phonon line shape up to 180 K. Besides the splitting of
two low-energy Eg modes in the magnetic phase of
CrGeTe3 and unconventional behaviour of phonon prop-
erties around transition temperature, experimental
results indicate spin–phonon coupling effect with mag-
netic quasi-elastic scattering.[22] Pressure-dependent
Raman scattering study of CrGeTe3 showed a decrease in
bond length, the deviation of Cr–Te–Cr angle, and reduc-
tion of phase transition temperature.[23]

Change of the carrier concentration plays an impor-
tant role in the physics of semiconducting materials as it
can lead to surprising physical properties. Very small var-
iations in dopant concentrations can lead to structural
modifications and considerable changes in magnetic
transition temperature. Here, we report a Raman scatter-
ing and magnetization studies of CrSi0.8Ge0.1Te3. Our
scanning electron microscopy (SEM) measurements
reveal 10% of Ge atoms concentration and 10% of vacan-
cies. Vacancies induced a decrease in TC was detected
within magnetic susceptibility measurements. In the
Raman scattering results, we identified three Ag and four
Eg symmetry modes. Additional peak of the Ag symmetry
is also observed in our spectra. This mode may be traced
to vacancies and possible inhomogeneous distribution of
Ge atoms substitution on Si atomic site at nano-scale.
Energies of modes predicted by symmetry analysis are
found between the experimental values of parent
compounds CrSiTe3 and CrGeTe3, reported previously in
Milosavljevi et al..[21] The presence of the strong
spin–phonon interaction at temperature around 210 K
is indicated in small deviations from conventional
temperature-dependent behaviour of the observed modes
energies and linewidths, including additional one.

2 | EXPERIMENT AND
NUMERICAL METHOD

CrSi0.8Ge0.1Te3 single crystals were grown as described
previously.[24] Magnetic properties were measured in a
Quantum Design MPMS-XL5 system.

SEM measurements were performed using FEI
HeliosNanolab 650. This microscope is equipped with an
Oxford Instruments energy dispersive spectroscopy (EDS)
system with an X-max SSD detector operating at 20 kV.
Measurements were performed on as-cleaved samples

deposited on a graphite tape. The elemental composition
EDS mapping was obtained on crystals that appeared to
be uniform for several tens of microns. The maps show
the presence of Cr, Ge, Te and Si.

For Raman scattering experiment, Tri Vista 557 spec-
trometer was used in the subtractive backscattering
micro-Raman configuration. The combination of gratings
was 1800/1800/2400 grooves/mm and the entrance slit of
80 μm. Solid state laser with 532-nm line was used as an
excitation source. In our scattering configuration, plane
of incidence is ab-plane, where |a|= |b| (∡ða,bÞ= 120∘ ),
with incident (scattered) light propagation direction
along c-axes. Samples were cleaved in the air before being
placed in vacuum. All measurements were performed in
high vacuum (10−6 mbar) using a KONTI CryoVac con-
tinuous Helium flow cryostat with 0.5-mm thick window.
Laser beam focusing was achieved using microscope
objective with ×50 magnification. All spectra were
corrected for Bose factor.

Spin-polarized density functional theory calculations
were performed in Quantum Espresso software pack-
age,[25] based on plane waves and pseudopotentials, using
Perdew–Burke–Ernzerhof (PBE) exchange-correlation
functional[26] and projector augmented wave (PAW)
pseudopotentials.[27,28] The cutoff for wavefunctions and
the charge density of 85 and 425 Ry were chosen, respec-
tively. The k-point were sampled using the Monkhorst-
Pack scheme, on 8 × 8 × 8 Γ centred grid used for both
structures. Optimization of the lattice parameters and
atomic positions in unit cell was performed until the
interatomic forces were minimized down to 10−6 Ry/Å.
Treatment of the van der Waals interactions is included
using the Grimme-D2 correction, in order to obtain the
lattice parameters more accurately. Phonon wave num-
bers were calculated within the linear response method,
as implemented in PHonon part of Quantum Espresso.

FIGURE 1 Energy dispersive spectroscopy (EDS) mapping on

a CrSi0.8Ge0.1Te3 single crystal [Colour figure can be viewed at

wileyonlinelibrary.com]
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3 | RESULTS AND DISCUSSION

In order to investigate uniformity and elemental composi-
tion of CrSi0.8Ge0.1Te3 sample, SEM measurements were
performed on as-cleaved crystals. EDS mapping presented
in Figure 1 shows that the ratio of Cr:Si:Ge:Te (averaged
over 10 measurements) is 1:0.8:0.1:3. This result reveals
the presence of 10% Ge atomic vacancies in the sample.

Figure 2a,b presents the temperature dependence of
zero-field cooling (ZFC) magnetic susceptibility χ(T) =M
(T)/H measured in 1-kOe magnetic field applied parallel
to a (a) and c (b) crystallographic axes. Curie–Weiss law
χ = C

T−θ fit at high temperatures yields Weiss tempera-
tures θa = 61(2) K, θc = 70(2) K and high temperature
paramagnetic moments μeff,a = 4.14(2)μB and μeff,c = 3.91
(2)μB for CrSi0.8Ge0.1Te3, consistent with dominant FM
interactions below Tc and in line with the observed FM
Tc and magnetic hystheresis loops.[13,24] The approximate
Tc value can be determined from the minima of the
dχ/dT curves insets in Figure 2(a,b). It should be noted

that, instead of monotonous rise, there is a weak but
discernible shift to lower temperature in dχ/dT in
CrSi0.8Ge0.1Te3 when compared with CrSiTe3. This small
reduction in FM transition temperature is likely induced
by the presence of vacancies, as suggested by the EDS
data. The presence of vacancies in this class of materials
usually disarrange magnetic exchange due to disorder
increment, which leads to the reduction of TC.

[29]

Isostructural parent compounds CrSiTe3 and CrGeTe3
crystallize in the rhombohedral crystal structure,
described with space group R3 (C2

3i).
[30] According to fac-

tor group analysis, five Ag and five double degenerate Eg

symmetry modes are expected to be observed in the light
scattering experiment. Detailed symmetry analysis, pho-
non mode distribution and selection rules for parent
compounds (CrSiTe3 and CrGeTe3) can be found in
Milosavljevi�c et al.[21] In our scattering configuration, the
plane of incidence is ab plane, where |a|= |b|
(∡ða,bÞ= 120∘ ) (inset in Figure 3), and the direction of
incident (scattered) light propagation is along c-axes.
According to the selection rules for this scattering
configuration,[21] all Raman active modes may be
observed, having in mind that Ag symmetry modes can
be detected only in parallel polarization configuration.
The Eg symmetry modes are expected to appear in both
the parallel and cross polarization configurations. Raman
spectra of CrSi0.8Ge0.1Te3, obtained by continuous change
of the angle between polarization vectors of incident and

FIGURE 2 Temperature dependence of zero-field cooling

(ZFC) χ=M/H for CrSiTe3, CrSi0.8Ge0.1Te3 and CrGeTe3 in 1-kOe

magnetic field applied in-plane (a) and along the c-axis (b). Insets

show transition temperatures of ferromagnetic orders (dχ/dT) and

magnetic hystheresis loops taken at 2 K

FIGURE 3 Raman spectra of CrSi0.8Ge0.1Te3 single crystal,

measured at 100 K, as a function of angle θ, between incident and

scattered light polarization. Inset: schematic representation of the

incident and scattered light polarization with respect to the crystal

orientation [Colour figure can be viewed at wileyonlinelibrary.com]
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scattered light, θ=∡ðei,esÞ , (0∘⩽θ⩽90∘ ) at 100 K, are
shown in Figure 3. It can be seen that by changing this
angle, starting from θ = 0�, the intensities of the peaks at
energies 80.2, 116.4 and 145.5 cm−1 continuously
decrease and completely vanish for polarization angle of
90�. Therefore, these excitations obey pure Ag symmetry.
On the other hand, the peaks at energies of 84.5, 88.3,
117.2 and 215.0 cm−1 are not influenced by change of
polarization angle, so they can be identified as Eg symme-
try modes.

Here, one should note that the feature observed at
around 117 cm−1 in both scattering configurations is
actually a two-peak structure comprising of 116.4-cm−1

Ag and 117.2-cm−1 Eg symmetry modes. Detailed analysis
of the structure for two scattering configurations is pres-
ented in Figure A1 of Appendix. Furthermore, closer
inspection of the data revealed that peak at energy of
145.5 cm−1, which obeys pure Ag symmetry, is also com-
posed of two modes, P1 (144.6 cm−1) and A3

g (146.7 cm
−1),

as shown in Figure A2 of Appendix.
Calculated optical phonon wavenumbers of the

parent compounds, CrSiTe3 and CrGeTe3, together with
their experimental Raman active values as well as Raman
mode energies of CrSi0.8Ge0.1Te3, are compiled in Table 1.
As expected, experimental values of CrSi0.8Ge0.1Te3
Raman active modes are found between the values of the
observed modes in parent compounds.[21] Figure 4a
shows compositional evolution of the peaks with highest

intensity, assigned as E3
g and A3

g symmetry modes in par-
ent compounds. The E3

g mode energy changes almost lin-
early (Figure 4b), as a consequence of change in lattice
parameters and “change of mass” effect. The observed
energy shift is followed by doubling of the linewidth,
dominantly induced by the significant crystalline disor-
der. The similar type of behaviour, with somewhat larger
increase in the linewidth, was also observed for the A3

g

symmetry mode. The most striking feature was the addi-
tional Ag symmetry mode (denoted as P1, see Figure A2
of the Appendix), observed in the doped sample. Gener-
ally, both the substitutional defects and vacancies may
have similar impact on the Raman modes energy and
linewidth. Here, the appearance of P1 peak can be under-
stood as a consequence of the presence of vacancies on
Si/Ge atomic site and their inharmonious distribution at
nano-scale. The mode “splitting” is detected only for the
A3
g but not for other observed modes, due to the fact that

different nature of these vibrations results in different
values of energy shifts. In the case of other modes, the
difference between the shifts for corresponding domains
is smaller than the spectral resolution of the instrument
(�1.8 cm−1), and therefore, the separate modes can not
be resolved.

Figure 5 shows CrSi0.8Ge0.1Te3 Raman scattering
spectra measured at various temperatures. For clarity,
spectra obtained for cross polarization configuration are

FIGURE A1 Decomposition of unresolved A2
g and E3

g

symmetry modes obtained by simultaneous modelling in parallel

and cross polarization configuration. Grey line represents the

measured data, Voigt line of A2
g mode is shown by green, and blue

lines represent the E3
g symmetry mode in parallel (upper panel) and

cross (lower panel) polarization. The orange line is the

superposition of these two lines [Colour figure can be viewed at

wileyonlinelibrary.com]

FIGURE A2 Decomposition of phonon mode in parallel

scattering configuration on two Ag symmetry modes. Open circles

represent the measured data and the blue one sum of two Voigt

profile line shapes. Data modelled with one Voigt profile line shape

(orange line) deviates significantly from measured data [Colour

figure can be viewed at wileyonlinelibrary.com]
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TABLE 1 Phonon symmetry, calculated (T= 0 K) and experimental (T= 100 K) Raman active phonon wavenumbers of parent

compounds CrSiTe3 and CrGeTe3.
[21] Experimental values for Raman active phonons of CrSi0.8Ge0.1Te3 at 100 K are shown in the last

column

Raman active modes

Calculations Experiment

Symmetry CrSiTe3 CrGeTe3 CrSiTe3 CrGeTe3 CrSi0.8Ge0.1Te3

A1
g 88.2 84.2 — — 80.2

E1
g 93.5 82.0 88.9 83.5 84.5

E2
g 96.9 90.8 — — 88.3

E3
g 118.3 114.2 118.2 112.2 117.2

A2
g 122.0 105.9 — — 116.4

A3
g 148.0 134.8 147.4 137.9 146.7

A4
g 208.7 200.3 — — —

E4
g 219.5 209.6 217.2 217.5 215.0

E5
g 357.4 229.8 — — —

A5
g 508.9 290.7 — 296.6 —

Note: All values are given in cm−1.

FIGURE 4 (a) Raman scattering spectra of E3
g and A3

g phonon

modes of CrSiTe3 (orange line), CrSi0.8Ge0.1Te3 (yellow line) and

CrGeTe3 (green line) at T = 100 K measured in cross (left panel)

and parallel (right panel) scattering configuration, respectively.

(b) Energy (grey line) and linewidth (red line) of these two

modes with respect to the percentage of Si atoms concentration.

Energy and linewidth of P1 mode are marked with black and red

star, respectively [Colour figure can be viewed at

wileyonlinelibrary.com]

FIGURE 5 Raman spectra of CrSi0.8Ge0.1Te3 single crystal

measured at various temperatures. The spectra were analysed by

using multiple Voigt peak functions and a single

χ00cont = aΓω=ðΓ2 +ω2Þ+ bω function, for parallel (θ = 0�, solid
coloured lines) and cross (θ= 90�, dashed coloured lines) scattering

configuration. For clarity, higher and lower energy ranges (left and

right panel) are multiplied by the factor of five [Colour figure can

be viewed at wileyonlinelibrary.com]
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only shown for the mid-energy range. Temperature
dependence of energies and linewidths of all the observed
Ag symmetry modes, including P1, are presented in
Figure 6. By heating the sample from 100 K to approxi-
mately 210 K, monotonous decrease in energy of all the
Ag symmetry modes is present, dominantly driven by
thermal expansion.[31] In the temperature region around
210 K, these modes' energy exhibit small deviation,
followed by a continuous decrease up to room tempera-
ture. In the same temperature region, deviation from
expected anharmonic type of behaviour is observed for
all the Ag symmetry modes linewidth. This effect is more
pronounced for higher energy modes where the
anharmonicity is expected to be higher. Similar response
of analysed Eg symmetry modes is present and shown in
Figure 7.

Concerning previously reported strong spin–phonon
coupling in CrSiTe3,

[15,21] which persists up to 180 K, we
believe that this unconventional behaviour of energies
and linewidths can be attributed to the coupling of the
phonon modes to the spin system.[32] Due to the doping
and presence of vacancies, strong magnetic correlations
in CrSi0.8Ge0.1Te3 are sustained up to 210 K.

4 | CONCLUSIONS

In summary, we presented temperature-dependent
Raman scattering and magnetization studies of doped
van der Waals ferromagnet CrSi0.8Ge0.1Te3. SEM mea-
surements revealed the presence of 10% vacancies on
Si/Ge atomic site. As a consequence, magnetization mea-
surements detected small but clear decrease in TC. Seven
out of 10 Raman active modes have been assigned in our
Raman spectra. Temperature dependence of all the
observed modes shows the persistence of magnetic corre-
lations up to 210 K. In addition, the results revealed the
appearance of the peak that obey pure Ag symmetry,
which is attributed to the possible inhomogeneous distri-
bution of Ge atoms and vacancies at nano-scale. This
study provides an insight into the impact of doping and
presence of vacancies on magnetic and lattice properties
in this class of materials.
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APPENDIX: A DECOMPOSITION OF
UNRESOLVED MODES

Analysing the spectra of CrSi0.8Ge0.1Te3 single crystal, in
different polarization configurations (Figure 3), in the
energy range around 117 cm−1, becomes clear that lower
energy part completely disappears in cross polarization
configuration, whereas higher energy part persists.
Enlarged part of this energy region is shown in
Figure A1, in parallel and cross polarization configura-
tion at temperature of 100 K. After simultaneous model-
ling of these spectra becomes clear that they consist of
the A2

g and E3
g modes, at energies 116.4 and 117.2 cm−1,

respectively. This is completely supported with theoreti-
cal calculations presented in Table 1.
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On the other hand, existence of P1 is not predicted by
theoretical calculations, as Raman active peak. Only
closer inspection and detailed analysis, presented in

Figure A2, shows that much better agreement with
experimental results gives modelling as a superposition
of two Voigt lines.
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Evidence of spin-phonon coupling in CrSiTe3
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We present Raman scattering results on the layered semiconducting ferromagnetic compound CrSiTe3. Four
Raman-active modes, predicted by symmetry, are observed and assigned. The experimental results are supported
by density functional theory calculations. The self-energies of the A3

g and the E3
g symmetry modes exhibit

unconventional temperature evolution around 180 K. In addition, the doubly degenerate E3
g mode shows a clear

change of asymmetry in the same temperature region. The observed behavior is consistent with the presence of
the previously reported short-range magnetic order and strong spin-phonon coupling.

DOI: 10.1103/PhysRevB.98.104306

I. INTRODUCTION

Trichalcogenides CrXTe3 (X = Si, Ge) belong to a rare
class of quasi-two-dimensional semiconducting materials
with a ferromagnetic order, band gaps of 0.4 eV for Si and
0.7 eV for Ge compounds, and Curie temperatures (TC) of
32 and 61 K, respectively [1–6]. Because of their layered
structure, due to van der Waals bonding, they can be exfoliated
to mono- and few-layer nanosheets, which, together with
their semiconducting and magnetic properties, make an ideal
combination for applications in optoelectronics and nanospin-
tronics [7–11]. This was further supported by the observation
of giant resistivity modulation of CrGeTe3-based devices [12].

From an x-ray diffraction study [1], it was revealed that
CrSiTe3 crystals are twined along c axes, the thermal expan-
sion is negative at low temperatures, and the thermal conduc-
tivity shows strong magnon-phonon scattering effects. A very
small single-ion anisotropy favoring magnetic order along c

axes and spin waves was found in CrSiTe3 by elastic and
inelastic neutron scattering [13]. Spin-wave measurements
suggest the absence of three-dimensional correlations above
TC, whereas in-plane dynamic correlations are present up to
300 K. First-principles calculations suggested the possibility
of graphenelike mechanical exfoliation for CrXTe3 (X = Si,
Ge) single crystals with conserved semiconducting and ferro-
magnetic properties [14]. The exfoliation of CrSiTe3 bulk to
mono- and few-layer two-dimensional crystals onto a Si/SiO2

substrate has been achieved [15] with a resistivity between
80 and 120 K, depending on the number of layers. Critical
exponents for CrSiTe3 were also determined from theoretical
analysis [16].

Spin-phonon coupling in CrGeTe3 was investigated in
Raman scattering experiments [17]. Splitting of the two
lowest-energy Eg modes in the ferromagnetic phase has been
observed and ascribed to time-reversal symmetry breaking by

*nenadl@ipb.ac.rs

the spin ordering. Furthermore, the significant renormaliza-
tion of the three higher-energy modes’ self-energies below TC

provided additional evidence of spin-phonon coupling [17].
The external pressure-induced effect on lattice dynamics and
magnetization in CrGeTe3 has also been studied [18].

The Raman spectrum of CrSiTe3 single crystals was re-
ported in Ref. [1], where three Raman-active modes have been
observed. Similar results have also been presented in Ref. [15]
for ultrathin nanosheets of CrSiTe3. Here, we report a Raman
scattering study of CrSiTe3 single crystals, with the main
focus on phonon properties in the temperature range between
100 and 300 K. Our experimental results are qualitatively
different from those previously reported [1,15] but consistent
with the results obtained for CrGeTe3 [17,18]. Furthermore,
our data reveal the asymmetry of the E3

g mode, which is
suppressed at higher temperatures. The A3

g and E3
g symmetry

modes exhibit nonanharmonic self-energy temperature depen-
dence in the region around 180 K, related to the strong spin-
lattice interaction due to short-range magnetic order [1]. Ener-
gies and symmetries of the observed Raman-active modes are
in good agreement with theoretical calculations.

II. EXPERIMENT AND NUMERICAL METHOD

Single crystals of CrSiTe3 and CrGeTe3 were grown as
described previously [19]. For a Raman scattering experi-
ment, a Tri Vista 557 spectrometer was used in the backscat-
tering micro-Raman configuration with a 1800/1800/2400
grooves/mm diffraction grating combination. A coherent
Verdi G solid-state laser with a 532-nm line was used as the
excitation source. The direction of the incident (scattered)
light coincides with a crystallographic c axis. Right before
being placed in the vacuum, the samples were cleaved in
the air. All measurements were performed in a high vacuum
(10−6 mbar) using a KONTI CryoVac continuous-helium-flow
cryostat with a 0.5-mm-thick window. Laser-beam focusing
was achieved through a microscope objective with ×50 mag-
nification, a spot size of approximately 8 μm, and a power

2469-9950/2018/98(10)/104306(7) 104306-1 ©2018 American Physical Society
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TABLE I. Calculated and experimental crystallographic lattice
parameters for CrSiTe3 (|a| = |b|), bond lengths, interlayer distance
(d), and van der Waals (vdW) gap.

CrSiTe3 Calculation (Å) Experiment (Å) [20]

a 6.87 6.76
c 19.81 20.67
Si-Si 2.27 2.27
Si-Te 2.52 2.51
Cr-Te 2.77 2.78
d 6.86 6.91
vdW gap 3.42 3.42

<2 mW on the surface of a sample. All spectra were corrected
for the Bose factor.

Density functional theory calculations were performed
in the Quantum Espresso software package [21], using the
PBE exchange-correlation functional [22], PAW pseudopo-
tentials [23,24], and energy cutoffs for wave functions and
the charge density of 85 and 425 Ry, respectively. For k-point
sampling, the Monkhorst-Pack scheme was used, with a �-
centered 8 × 8 × 8 grid. Optimization of the atomic positions
in the unit cell was performed until the interatomic forces
were minimized down to 10−6 Ry/Å. In order to obtain
the parameters accurately, treatment of the van der Waals
interactions was included using the Grimme-D2 correction
[25]. Phonon frequencies were calculated at the � point

within the linear response method implemented in Quan-
tum Espresso. Calculated crystallographic properties obtained
by relaxing the structures are in good agreement with x-
ray diffraction measurements [20]. A comparison between
our, calculated, and experimental results is presented in
Table I.

III. RESULTS AND DISCUSSION

A. Polarization dependence

CrSiTe3 crystallizes in the rhombohedral crystal structure,
described by R3 (C2

3i) [26]. Wyckoff positions of atoms,
together with each site’s contribution to phonons at the � point
and corresponding Raman tensors, are listed in Table II. The
phonon mode distribution obtained by factor-group analysis
for the R3 space group is as follows:

�Raman = 5Ag + 5Eg,

�IR = 4Au + 4Eu,

�Acoustic = Au + Eu.

Since the plane of incidence is ab, where |a| = |b| [�(a, b) =
120◦], and the direction of light propagation is along c axes,
from the selection rules, it is possible to observe all Raman-
active modes, i.e., five Ag modes and five doubly degener-
ate Eg modes. According to the Raman tensors presented
in Table II, Ag symmetry modes are observable only in
the parallel polarization configuration, whereas Eg symmetry

TABLE II. (a) Type of atoms, Wyckoff positions, each site’s contribution to the phonons at the � point, and corresponding Raman tensors
for the R3 space group of CrSiTe3. (b) Phonon symmetry, calculated optical phonon frequencies at 0 K, and experimental values for Raman-
active (at 100 K) and infrared (IR)-active (at 110 K) [1] CrSiTe3 phonons.

(a) Space group R3 (No. 148)

Atom(s) (Wyckoff positions) Irreducible representations

Cr, Si (6c) Ag + Eg + Au + Eu

Te (18f ) 3Ag + 3Eg + 3Au + 3Eu

(b) Raman tensors

Ag =
⎛
⎜⎜⎜⎝
a 0 0
0 b 0
0 0 c

⎞
⎟⎟⎟⎠ E1

g =
⎛
⎜⎜⎜⎝
c d e

d −c f

e f 0

⎞
⎟⎟⎟⎠ E2

g =
⎛
⎜⎜⎜⎝

d −c −f

−c −d e

−f e 0

⎞
⎟⎟⎟⎠

Raman active IR active [1]

Calc. Expt. Calc. Expt.
Symmetry (cm−1) (cm−1) Symmetry (cm−1) (cm−1)
A1

g 88.2 – A1
u 91.8 91.0

E1
g 93.5 88.9 E1

u 93.7 –

E2
g 96.9 – A2

u 116.8 –

E3
g 118.3 118.2 E2

u 117.1 –

A2
g 122.0 – A3

u 202.4 –

A3
g 148.0 147.4 E3

u 206.2 207.9

A4
g 208.7 – A4

u 243.7 –

E4
g 219.5 217.2 E4

u 365.8 370.4

E5
g 357.4 –

A5
g 508.8 –
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FIG. 1. Raman spectra of CrSiTe3 single crystals measured at
100 K in (a) parallel and (b) cross polarization configurations. The
gray line represents the TeO2 spectrum measured at 300 K. Inset:
Raman spectrum of CrGeTe3 in the parallel polarization configura-
tion measured at 100 K.

modes can be expected to appear for both in-parallel and cross
polarization configurations.

The Raman spectra of CrSiTe3 for two main linear po-
larization configurations, at 100 K, are shown in Fig. 1.
Four peaks can be observed in the spectra, at energies of
88.9, 118.2, 147.4, and 217.2 cm−1. Since only the peak at
147.4 cm−1 vanishes in the cross polarization configuration, it
corresponds to the Ag symmetry mode. The other three modes
appear in both parallel and cross polarization configurations
and, thereby, can be assigned as Eg symmetry modes (Fig. 1).

In order to exclude the possibility that any of the observed
features originate from the TeO2 [17,27], its Raman spectrum
is also presented in Fig. 1. It can be noted that no TeO2

contribution is present in our CrSiTe3 data. Furthermore, the
observed CrSiTe3 Raman spectra are also consistent with the
CrGeTe3 Raman spectra (see inset in Fig. 1), isostructural to
CrSiTe3. Five Raman-active modes have been observed for
CrGeTe3, two Ag modes, at 137.9 and 296.6 cm−1, and three
Eg modes, at 83.5, 112.2, and 217.5 cm−1, in agreement with
the previously published data [17,18]. The main difference in
the spectra of CrSiTe3 and CrGeTe3 arises from the change in
mass and lattice parameter effects that cause the peaks to shift.

Calculated and observed Raman-active phonon energies
are compiled in Table II, together with the experimental
energies of the infrared (IR)-active phonons [1], and are found
to be in good agreement. Displacement patterns of the Ag
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FIG. 2. (a) The E3
g mode Raman spectra of CrSiTe3 at four

temperatures measured in the cross polarization configuration. Blue
lines represent line shapes obtained as a convolution of the Fano
line shape and Gaussian, calculated to fit the experimetal data.
Temperature dependence of (b) the energy, (c) the line width, and (d)
the Fano parameter q of the E3

g mode. The dashed red line represents
standard anharmonic behavior [28,29]. All the parameters show a
change in tendency around 180 K.

and Eg symmetry modes are presented in Fig. 4, in the
Appendix.

B. Temperature dependence

After proper assignment of all the observed CrSiTe3

Raman-active modes we proceeded with temperature evolu-
tion of their properties, focusing on the most prominent ones,
E3

g and A3
g . Figure 2(a) shows the spectral region of the doubly

degenerate E3
g mode at an energy of 118.2 cm−1, at four

temperatures. Closer inspection of the 100 K spectra revealed
clear asymmetry of the peak on the low-energy side. The
presence of defects may result in the appearance of the mode
asymmetry [30], however, they would also contribute to the
mode line width and, possibly, the appearance of phonons
from the edge of the Brillouin zone in the Raman spectra [29].
The very narrow lines and absence of additional features in
the Raman spectra of CrSiTe3 do not support this scenario.
The asymmetry may also arise when the phonon is coupled
to a continuum [31]. Such a coupling of the E3

g phonon mode
would result in a line shape given by the convolution of a Fano
function and a Gaussian, the latter representing the resolution
of the spectrometer [29]. Comparison between the Fano line
shape convoluted with a Gaussian, the Voigt line shape, and
the experimental data at 100 K is presented in Fig. 5, in the
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FIG. 3. (a) A3
g mode Raman spectra of CrSiTe3 at four tem-

peratures measured in the parallel polarization configuration. Blue
lines represent Voigt line shapes. (b) Energy and (c) line-width
temperature dependence of the A3

g mode.

Appendix, with the former yielding better agreement with the
experimental data. Furthermore, it fully captures the E3

g mode
line shape at all temperatures under investigation [Figs. 2(a)
and 6].

Upon cooling of the sample, the E3
g mode energy hardens

[Fig. 2(b)] with a very small discontinuity in the temperature
range around 180 K. Down to the same temperature, the
line width monotonically narrows in line with the standard
anharmonic behavior [dashed red line in Fig. 2(c)]. Upon
further cooling, the line width increased, deviating from the
expected anharmonic tendency. This indicates activation of
an additional scattering mechanism, e.g., spin-phonon inter-
action. Figure 2(d) shows the evolution of the Fano param-
eter, |q|. Whereas in the region below 180 K, it increases
slightly but continuously, at higher temperatures it promptly
goes to lower values and the mode recovers a symmetric
line shape. We believe that the observed behavior of the
E3

g mode can be traced back to the short-range magnetic
correlations, which, according to Ref. [1], persist up to
150 K, and the strong spin-phonon coupling in CrSiTe3.
Similar behavior of the energy and line width, which dif-
fers from the conventional anharmonic, as well as the Eg

mode Fano-type line shape, was recently reported in α-RuCl3

and was interpreted as a consequence of the spin-phonon
interaction [32].

Unlike the E3
g mode, no pronounced asymmetry was ob-

served for the A3
g mode. As can be seen from Figs. 3(b) and

3(c) both the energy and the line width of the A3
g mode showed

FIG. 4. Unit cell of a CrSiTe3 single crystal (solid lines) with
the displacement patterns of the Ag and Eg symmetry modes. Arrow
lengths are proportional to the square root of the interatomic forces.

a similar change in tendency in the same temperature region
as the E3

g mode, most likely due to the spin-phonon coupling.

IV. CONCLUSION

The lattice dynamics of CrSiTe3, a compound isostruc-
tural to CrGeTe3, is presented. An Ag and three Eg modes
were observed and assigned. The experimental results are
well supported by theoretical calculations. The temperature
dependences of the energies and line widths of the A3

g and
E3

g modes deviate from the conventional anharmonic model
in the temperature range around 180 K. In addition, the E3

g

mode shows clear Fano resonance at lower temperatures. This
can be related to the previously reported short-range magnetic
correlations at temperatures up to 150 K [1] and the strong
spin-phonon coupling.
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FIG. 5. Analysis of the E3
g asymmetry. Measured data are shown

as the black line. The solid blue line represents the line shape
obtained as a convolution of the Fano line shape and a Gaussian,
whereas the orange line represents a Voigt line shape, both calculated
to fit the experimental data. The Voigt profile deviates from the
experimental data at the peak flanks.
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APPENDIX

1. Eigenvectors of Raman-active modes

Figure 4 summarizes the Ag and Eg symmetry mode
displacement patterns of a CrSiTe3 single crystal (R3 space
group). Arrow lengths are proportional to the square root of
the interatomic forces.

2. Asymmetry of the E3
g line

The peak at 118.2 cm−1, which we assigned as the E3
g sym-

metry mode, at low temperatures shows a significant asym-
metry towards lower energies. The possibility of additional
defect-induced features in Raman spectra can be excluded,
since the modes are very narrow, suggesting high crystallinity
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FIG. 6. The E3
g mode Raman spectra of CrSiTe3 at all temper-

atures measured in the cross polarization configuration. Blue lines
represent calculated spectra obtained as the convolution of the Fano
line shape and Gaussian.

of the sample. Also, the theoretical calculations do not predict
additional Raman-active modes in this energy region. On the
other hand, coupling of the phonon mode to a continuum may
result in an asymmetric line shape described with the Fano
function. Due to the finite resolution of the spectrometer it has
to be convoluted with a Gaussian (�G = 1 cm−1). In Fig. 5 we
present a comparison of the line obtained as a convolution of
the Fano line shape and a Gaussian (blue line) and a Voigt line
shape (orange line) fitted to the experimental data. Whereas
the Voigt line shape deviates at the peak flanks, excellent
agreement has been achieved for convolution of the Fano line
shape and a Gaussian.

3. E3
g mode temperature dependence

Figure 6 shows Raman spectra of CrSiTe3 in the region of
the E3

g mode in the cross polarization configuration at various
temperatures. Solid blue lines represent the convolution of
the Fano line shape and Gaussian fitted to the experimental
data. The asymmetry is the most pronounced below 190 K.
Above this temperature, the asymmetry is decreasing, and at
high temperatures the peak recovers the fully symmetric line
shape.
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Lei, C. Petrovic, and Z. V. Popović, Probing IrTe2 crystal
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The vibrational properties of CrI3 single crystals were investigated using Raman spectroscopy and were
analyzed with respect to the changes of the crystal structure. All but one mode are observed for both the
low-temperature R3̄ and the high-temperature C2/m phase. For all observed modes the energies and symmetries
are in good agreement with DFT calculations. The symmetry of a single layer was identified as p3̄1/m. In
contrast to previous studies we observe the transition from the R3̄ to the C2/m phase at 180 K and find no
evidence for coexistence of both phases over a wide temperature range.

DOI: 10.1103/PhysRevB.98.104307

I. INTRODUCTION

Two-dimensional layered materials have gained attention
due to their unique properties, the potential for a wide spec-
trum of applications, and the opportunity for the development
of functional van der Waals heterostructures. CrI3 is a member
of the chromium-trihalide family which are ferromagnetic
semiconductors [1]. Recently they have received significant
attention as candidates for the study of magnetic monolayers.
The experimental realization of CrI3 ferromagnetic monolay-
ers [1] motivated further efforts towards their understanding.
CrI3 features electric field controlled magnetism [2] as well as
a strong magnetic anisotropy [3,4]. With the main absorption
peaks lying in the visible part of the spectrum, it is a great
candidate for low-dimensional semiconductor spintronics [5].
In its ground state, CrI3 is a ferromagnetic semiconductor with
a Curie temperature of 61 K [1,6] and a band gap of 1.2 eV
[6]. It was demonstrated that the magnetic properties of CrI3

mono- and bilayers can be controlled by electrostatic doping
[2]. Upon cooling, CrI3 undergoes a phase transition around
220 K from the high-temperature monoclinic (C2/m) to the
low-temperature rhombohedral (R3̄) phase [3,7]. Although
the structural phase transition is reported to be first order,
it was suggested that the phases may coexist over a wide
temperature range [3]. Raman spectroscopy can be of use here
due to its capability to simultaneously probe both phases in a
phase-separated system [8–10].

A recent theoretical study predicted the energies of all
Raman active modes in the low-temperature and high-
temperature structure of CrI3 suggesting a near degeneracy
between the Ag and Bg modes in the monoclinic (C2/m)
structure. Their energies match the energies of Eg modes in
the rhombohedral (R3̄) structure [7].

In this article we present an experimental and theoretical
Raman scattering study of CrI3 lattice dynamics. In both
phases all but one of the respective modes predicted by

symmetry were observed. The energies for all modes are
in good agreement with the theoretical predictions for the
assumed crystal symmetry. Our data suggest that the first-
order transition occurs at Ts ≈ 180 K without evidence for
phase coexistence over a wide temperature range.

II. EXPERIMENT AND NUMERICAL METHOD

The preparation of the single crystal CrI3 sample used in
this study is described elsewhere [11]. The Raman scatter-
ing experiment was performed using a Tri Vista 557 spec-
trometer in backscattering micro-Raman configuration with
a 1800/1800/2400 groves/mm diffraction grating combina-
tion. The 532 nm line of a Coherent Verdi G solid state laser
was used for excitation. The direction of the incident light
coincides with the crystallographic c axis. The sample was
oriented so that its principal axis of the R3̄ phase coincides
with the x axis of the laboratory system. A KONTI CryoVac
continuous helium flow cryostat with a 0.5-mm-thick window
was used for measurements at all temperatures under high
vacuum (10−6 mbar). The sample was cleaved in air before be-
ing placed into the cryostat. The obtained Raman spectra were
corrected by the Bose factor and analyzed quantitatively by
fitting Voigt profiles to the data whereby the Gaussian width
�Gauss = 1 cm−1 reflects the resolution of the spectrometer.

The spin polarized density functional theory (DFT) calcu-
lations have been performed in the Quantum Espresso (QE)
software package [12] using the Perdew-Burke-Ernzehof
(PBE) exchange-correlation functional [13] and PAW pseu-
dopotentials [14,15]. The energy cutoffs for the wave func-
tions and the charge density were set to be 85 and 425 Ry,
respectively, after convergence tests. For k-point sampling, the
Monkhorst-Pack scheme was used with a 8 × 8 × 8 grid cen-
tered around the � point. Optimization of the atomic positions
in the unit cell was performed until the interatomic forces
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were smaller than 10−6 Ry/Å. To treat the van der Waals
(vdW) interactions a Grimme-D2 correction [16] is used in
order to include long-ranged forces between the layers, which
are not properly captured within LDA or GGA functionals.
This way, the parameters are obtained more accurately, es-
pecially the interlayer distances. Phonon frequencies were
calculated at the � point using the linear response method
implemented in QE. The phonon energies are compiled in
Table III together with the experimental values. The eigen-
vectors of the Raman active modes for both the low- and
high-temperature phase are depicted in Fig. 5 of the Appendix.

III. RESULTS AND DISCUSSION

CrI3 adopts a rhombohedral R3̄ (C2
3i) crystal structure

at low temperatures and a monoclinic C2/m (C3
2h) crys-

tal structure at room temperature [3], as shown in Fig. 1.
The main difference between the high- and low-temperature
crystallographic space groups arises from different stacking
sequences with the CrI3 layers being almost identical. In the
rhombohedral structure the Cr atoms in one layer are placed
above the center of a hole in the Cr honeycomb net of the two
adjacent layers. When crossing the structural phase transition
at Ts to the monoclinic structure the layers are displaced
along the a direction so that every fourth layer is at the same
place as the first one. The interatomic distances, mainly the
interlayer distance, and the vdW gap, are slightly changed by
the structural transition. The crystallographic parameters for
both phases are presented in Table I. The numerically obtained
values are in good agreement with reported x-ray diffraction
data [11].

The vibrational properties of layered materials are typically
dominated by the properties of the single layers composing
the crystal. The symmetry of a single layer can be described
by one of the 80 diperiodic space groups (DG) obtained by
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FIG. 1. Schematic representation of (a) the low-temperature R3̄
and (b) the high-temperature C2/m crystal structure of CrI3. Black
lines represent unit cells.

TABLE I. Calculated and experimental [11] parameters of the
crystallographic unit cell for the low-temperature R3̄ and high-
temperature C2/m phase of CrI3.

Space group R3̄ Space group C2/m

T (K) Calc. Expt. [11] Calc. Expt. [11]

a (Å) 6.87 6.85 6.866 6.6866
b (Å) 6.87 6.85 11.886 11.856
c (Å) 19.81 19.85 6.984 6.966
α (deg) 90 90 90 90
β (deg) 90 90 108.51 108.68
γ (deg) 120 120 90 90

lifting translational invariance in the direction perpendicular
to the layer [17]. In the case of CrI3, the symmetry analysis
revealed that the single layer structure is fully captured by the
p3̄1/m (D1

3d ) diperiodic space group DG71, rather than by
R3̄2/m as proposed in Ref. [7].

FIG. 2. (a) Compatibility relations for the CrI3 layer and the crys-
tal symmetries. Raman spectra of (b) the low-temperature R3̄ and
(c) the high-temperature C2/m crystal structure measured in parallel
(open squares) and crossed (open circles) polarization configurations
at 100 and 300 K, respectively. Red and blue solid lines represent fits
of Voigt profiles to the experimental data.
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TABLE II. Wyckoff positions of the two types of atoms and their contributions to the �-point phonons for the R3̄ and C2/m as well as the
p3̄1/m diperiodic space group. The second row shows the Raman tensors for the corresponding space groups.

Space group R3̄ Diperiodic space group p3̄1/m Space group: C2/m

Atoms Irreducible representations Atoms Irreducible representations Atoms Irreducible representations

Cr (6c) Ag+Au+Eg+Eu Cr (2c) A2g +A2u+Eg+Eu Cr (4g) Ag+Au+2Bg+2Bu

2A1g+A1u+A2g I (4i) 2Ag+2Au+Bg+BuI (18f ) 3Ag+3Au+3Eg+3Eu I (6k) +2A2u+3Eg+3Eu I (8j ) 3Ag+3Au+3Bg+3Bu
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⎛
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According to the factor group analysis (FGA) for a single
CrI3 layer, six modes (2A1g + 4Eg) are expected to be ob-
served in the Raman scattering experiment (see Table II). By
stacking the layers the symmetry is reduced and, depending
on the stacking sequence, FGA yields a total of eight Raman
active modes (4Ag + 4Eg) for the R3̄ and 12 Raman active
modes (6Ag + 6Bg) for the C2/m crystal symmetry. The
correlation between layer and crystal symmetries for both
cases is shown in Fig. 2(a) [18,19].

Figure 2(b) shows the CrI3 single crystal Raman spectra
measured at 100 K in two scattering channels. According
to the selection rules for the rhombohedral crystal structure
(Table II) the Ag modes can be observed only in the parallel
polarization configuration, whereas the Eg modes appear in
both parallel and crossed polarization configurations. Based
on the selection rules the peaks at about 78, 108, and 128 cm−1

were identified as Ag symmetry modes, whereas the peaks
at about 54, 102, 106, and 235 cm−1 are assigned as Eg

symmetry. The weak observation of the most pronounced
Ag modes in crossed polarizations [Fig. 2(b)] is attributed to

the leakage due to a slight sample misalignment and/or the
presence of defects in the crystal. The energies of all observed
modes are compiled in Table III together with the energies
predicted by our calculations and by Ref. [7], and are found
to be in good agreement for the Eg modes. The discrepancy is
slightly larger for the low energy Ag modes. Our calculations
in general agree with those from Ref. [7]. The A4

g mode of
the rhombohedral phase, predicted by calculation to appears
at about 195 cm−1, was not observed in the experiment, most
likely due to its low intensity.

When the symmetry is lowered in the high-temperature
monoclinic C2/m phase [Fig. 2(c)] the Eg modes split into an
Ag and a Bg mode each, whereas the rhombohedral A2

g and A4
g

modes are predicted to switch to the monoclinic Bg symmetry.
The correspondence of the phonon modes across the phase
transition is indicated by the arrows in Table III. The selection
rules for C2/m (see Table II) predict that Ag and Bg modes
can be observed in both parallel and crossed polarization
configurations. Additionally, the sample forms three types of
domains which are rotated with respect to each other. We

TABLE III. Phonon symmetries and phonon energies for the low-temperature R3̄ and high-temperature C2/m phase of CrI3. The
experimental values were determined at 100 and 300 K, respectively. All calculations were performed at zero temperature. Arrows indicate the
correspondence of the phonon modes across the phase transition.

Space group R3̄ Space group C2/m

Symm. Expt. (cm−1) Calc. (cm−1) Calc. (cm−1) [7] Symm. Expt. (cm−1) Calc. (cm−1) Calc. [7] (cm−1)

E1
g 54.1 59.7 53 B1

g 52.0 57.0 52

A1
g 53.6 59.8 51

A1
g 73.33 89.6 79 A2

g 78.6 88.4 79

E2
g 102.3 99.8 98 A3

g 101.8 101.9 99

B2
g 102.4 101.8 99

E3
g 106.2 112.2 102 B3

g 106.4a 108.9 101

A4
g 108.3 109.3 102

A2
g 108.3 98.8 88 B4

g 106.4a 97.8 86

A3
g 128.1 131.1 125 A5

g 128.2 131.7 125

A4
g – 195.2 195 B5

g – 198.8 195

E4
g 236.6 234.4 225 A6

g 234.6 220.1 224

B6
g 235.5 221.1 225

aObserved as two peak structure.
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FIG. 3. Temperature dependence of the A1
g and A3

g phonon
modes of the rhombohedral structure and the corresponding A2

g

and A5
g modes of the monoclinic structure, respectively. (a) and (b)

Raman spectra at temperatures as indicated. The spectra are shifted
for clarity. Solid red lines represent Voigt profiles fitted to the data.
(c) and (d) and (e) and (f) Temperature dependence of the phonon
energies and linewidths, respectively. Both modes show an abrupt
change in energy at the phase transition at 180 K.

therefore identify the phonons in the C2/m phase in relation
to the calculations and find again good agreement of the
energies. The B3

g and B4
g modes overlap and therefore cannot

be resolved separately. As can be seen from the temperature
dependence shown below [Fig. 4(b)] the peak at 106 cm−1

broadens and gains spectral weight in the monoclinic phase in
line with the expectance that two modes overlap. The missing
rhombohedral A4

g mode corresponds to the monoclinic B5
g

mode, which is likewise absent in the spectra.
The temperature dependence of the observed phonons is

shown in Figs. 3 and 4. In the low-temperature rhombohe-
dral phase all four Eg modes as well as A1

g and A2
g soften

upon warming, whereas A3
g hardens up to T ≈ 180 K before

softening again. Crossing the first-order phase transition from
R3̄ to C2/m crystal symmetry is reflected in the spectra
as a symmetry change and/or renormalization for the non-
degenerate modes and lifting of the degeneracy of the Eg

modes as shown in Table II. In our samples, this transition
is observed at Ts ≈ 180 K. The splitting of the Eg phonons
into Ag and Bg modes at the phase transition is sharp (Fig. 4).
The rhombohedral A1

g and A3
g phonons show a jump in energy

and a small discontinuity in the linewidth at Ts (Fig. 3). Our
spectra were taken during warming in multiple runs after
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FIG. 4. Temperature dependence of the rhombohedral A4
g and Eg

modes. (a)–(c) Raman spectra in parallel (open squares) and crossed
(open circles) light polarizations at temperatures as indicated. The
spectra are shifted for clarity. Blue and red solid lines are fits of
Voigt profiles to the data. Two spectra were analyzed simultaneously
in two scattering channels with the integrated intensity as the only
independent parameter. (d)–(f) Phonon energies obtained from the
Voigt profiles. Each Eg mode splits into an Ag and a Bg mode above
180 K.

cooling to 100 K each time. We found that the temperature
dependence for the phonon modes obtained this way was
smooth in each phase. McGuire et al. [3,20] reported Ts in
the range of 220 K, a coexistence of both phases and a large
thermal hysteresis. However, they also noted that the first and
second warming cycle showed identical behavior and only
found a shift of the transition temperature to higher values for
cooling cycles. We therefore consider the difference between
the reported transition around 220 K and our Ts ≈ 180 K
significant. To some extent this difference may be attributed
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to local heating by the laser. More importantly, we find no
signs of phase coexistence in the observed temperature range.
The spectra for the low-temperature and high-temperature
phases are distinctly different (Fig. 2) and the Eg modes
exhibit a clearly resolved splitting which occurs abruptly at Ts.
We performed measurements in small temperature steps (see
Figs. 3 and 4). This limits the maximum temperature interval
where the phase coexistence could occur in our samples to
approximately 5 K, much less than the roughly 30 to 80 K
reported earlier [3,20]. We cannot exclude the possibility
that a small fraction of the low-temperature phase could still

coexist with the high-temperature phase over a wider tempera-
ture range, whereby weak peaks corresponding to the remains
of the low-temperature R3̄ phase might be hidden under the
strong peaks of the C2/m phase.

IV. CONCLUSION

We studied the lattice dynamics in single crystalline CrI3

using Raman spectroscopy supported by numerical calcu-
lations. For both the low-temperature R3̄ and the high-
temperature C2/m phase, all except one of the predicted
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FIG. 5. Raman-active phonons in CrI3 for (a) the monoclinic phase hosting Ag and Bg modes and for (b) the rhombohedral phase hosting
Ag and Eg modes. Blue and violet spheres denote Cr and I atoms, respectively. Solid lines represent primitive unit cells. Arrow lengths are
proportional to the square root of the interatomic forces. The given energies are calculated for zero temperature.
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phonon modes were identified and the calculated and experi-
mental phonon energies were found to be in good agreement.
We determined that the symmetry of the single CrI3 layers is
p3̄1/m. Abrupt changes to the spectra were found at the first-
order phase transition which was located at Ts ≈ 180 K, lower
than in previous studies. In contrast to the prior reports we
found no sign of phase coexistence over temperature ranges
exceeding 5 K.

ACKNOWLEDGMENTS

The work was supported by the Serbian Ministry of Educa-
tion, Science and Technological Development under Projects
No. III45018 and No. OI171005. DFT calculations were
performed using computational resources at Johannes Kepler
University, Linz, Austria. Work at Brookhaven is supported
by the U.S. DOE under Contract No. DE-SC0012704.

S.Dj.M. and N.L. conceived the experiment, performed the
experiment, analyzed and discussed the data, and wrote the
paper. A.Š. and J.P. calculated the phonon energies, analyzed
and discussed the data, and wrote the paper. Y.L. and C.P.
synthesized and characterized the samples. M.Š. performed
the experiment and analyzed and discussed the data. A.B. and
Z.V.P. analyzed and discussed the data and wrote the paper.
All authors commented on the manuscript.

APPENDIX: EIGENVECTORS

In addition to the phonon energies we also calculated
the phonon eigenvectors which are shown in Fig. 5(a)
for the high-temperature monoclinic phase and in Fig. 5(b)
for the low-temperature rhombohedral phase. The energies,
as given, are calculated for zero temperature. The relative
displacement of the atoms is denoted by the length of the
arrows.
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We present Raman spectroscopy measurements of the van der Waals bonded ferromagnet Fe3−xGeTe2,
together with lattice dynamics. Four out of eight Raman active modes are observed and assigned, in agreement
with numerical calculations. The energies and linewidths of the observed modes display an unconventional
temperature dependence at about 150 and 220 K, followed by the nonmonotonic evolution of the Raman
continuum. Whereas the former can be related to the magnetic phase transition, the origin of the latter anomaly
remains an open question.
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I. INTRODUCTION

A novel class of magnetism hosting van der Waals bonded
materials has recently become of great interest, since the
materials are suitable candidates for numbers of technical ap-
plications [1–5]. Whereas CrXTe3 (X = Si, Ge, Sn) and CrX3

(X = Cl, Br, I) classes maintain low phase transition temper-
atures [1,6–9] even in a monolayer regime [10], Fe3−xGeTe2

has a high bulk transition temperature, between 220 and 230 K
[11,12], making it a promising applicant.

The Fe3−xGeTe2 crystal structure consists of Fe3−xGe sub-
layers stacked between two sheets of Te atoms, and a van der
Waals gap between neighboring Te layers [13,14]. Although
the structure contains two different types of Fe atoms, it is
revealed that vacancies take place only in the Fe2 sites [13,15].

Neutron diffraction, thermodynamic and transport mea-
surements, and Mössbauer spectroscopy were used to analyze
the magnetic and functional properties of Fe3−xGeTe2, with
an Fe atom deficiency of x ≈ 0.1 and TC = 225 K. It is
revealed that at a temperature of 1.5 K, magnetic moments
of 1.95(5)μB and 1.56(4)μB are directed along the easy
magnetic c axes [16]. In chemical vapor transport (CVT)
grown Fe3GeTe2 single crystals, besides the ferromagnetic
(FM)-paramagnetic (PM) transition at a temperature of 214 K,
FM layers order antiferromagnetically at 152 K [17]. Close to
a ferromagnetic transition temperature of 230 K, a possible
Kondo lattice behavior, i.e., coupling of traveling electrons
and periodically localized spins, is indicated at TK = 190 ±
20 K, which is in good agreement with theoretical predictions
of 222 K [18].

Lattice parameters, as well as the magnetic transition tem-
perature, vary with Fe ion concentration. Lattice parameters
a and c follow the opposite trend, whereas the Curie temper-
ature TC decreases with an increase of Fe ion concentration
[15]. For flux-grown crystals, the critical behavior was inves-
tigated by bulk dc magnetization around the ferromagnetic
phase transition temperature of 152 K [13]. The anomalous
Hall effect was also studied, where a significant amount of
defects produces bad metallic behavior [19].

Theoretical calculations predict a dynamical stabil-
ity of Fe3GeTe2 single-layer, uniaxial magnetocrystalline
anisotropy that originates from spin-orbit coupling [20].
Recently, anomalous Hall effect measurements on single-
crystalline metallic Fe3GeTe2 nanoflakes with different thick-
nesses are reported, with a TC near 200 K and strong perpen-
dicular magnetic anisotropy [21].

We report Fe3−xGeTe2 single-crystal lattice dynamic cal-
culations, together with Raman spectroscopy measurements.
Four out of eight Raman active modes were observed and
assigned. Phonon energies are in a good agreement with theo-
retical predictions. Analyzed phonon energies and linewidths
reveal fingerprint of a ferromagnetic phase transition at a
temperature around 150 K. Moreover, discontinuities in the
phonon properties are found at temperatures around 220 K.
Consistently, in the same temperature range, the Raman con-
tinuum displays nonmonotonic behavior.

II. EXPERIMENT AND NUMERICAL METHOD

Fe3−xGeTe2 single crystals were grown by the self-flux
method as previously described [13]. Samples for scanning
electron microscopy (SEM) were cleaved and deposited on
graphite tape. Energy dispersive spectroscopy (EDS) maps
were collected using a FEI Helios NanoLab 650 instrument
equipped with an Oxford Instruments EDS system, equipped
with an X-max SSD detector operating at 20 kV. The surface
of the as-cleaved Fe3−xGeTe2 crystal appears to be uniform
for several tens of microns in both directions, as shown in
Fig. 4 of Appendix A. Additionally, the elemental composi-
tion maps of Fe, Ge, and Te show a distinctive homogeneity
of all the three elements (Fig. 5 of Appendix A).

For Raman scattering experiments, a Tri Vista 557 spec-
trometer was used in the backscattering micro-Raman con-
figuration. As an excitation source, a solid state laser with a
532 nm line was used. In our scattering configuration, the
plane of incidence is the ab plane, where |a| = |b| (�(a, b) =
120◦), with the incident (scattered) light propagation direction
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TABLE I. Top panel: The type of atoms, Wyckoff positions, each site’s contribution to the phonons in the � point, and corresponding
Raman tensors for the P63/mmc space group of Fe3−xGeTe2. Bottom panel: Phonon symmetry, calculated optical Raman active phonon
frequencies (in cm−1) for the magnetic (M) phase, and experimental values for Raman active phonons at 80 K.

Space group P63/mmc (No. 194)

Fe1 (4e) A1g + E1g + E2g+A2u + E1u

Fe2 (2c) E2g+A2u + E1u

Ge (2d) E2g+A2u + E1u

Te (2c) A1g + E1g + E2g+A2u + E1u

Raman tensors

A1g =
⎛
⎝a 0 0

0 a 0
0 0 b

⎞
⎠ E1g =

⎛
⎝ 0 0 −c

0 0 c
−c c 0

⎞
⎠ E2g =

⎛
⎝ d −d 0

−d −d 0
0 0 0

⎞
⎠

Raman active modes

Symmetry Calculations (M) Experiment (M)

E 1
2g 50.2

E 1
1g 70.3

E 2
2g 122.2 89.2

A1
1g 137.2 121.1

E 2
1g 209.5

E 3
2g 228.6 214.8

A2
1g 233.4 239.6

E 4
2g 334.3

along the c axes. Samples were cleaved in the air, right before
being placed in the vacuum. All the measurements were
performed in the high vacuum (10−6 mbar) using a KONTI
CryoVac continuous helium flow cryostat with a 0.5 mm
thick window. To achieve laser beam focusing, a microscope
objective with ×50 magnification was used. A Bose factor
correction of all spectra was performed. More details can be
found in Appendix C.

Density functional theory (DFT) calculations were per-
formed with the QUANTUM ESPRESSO (QE) software package
[22]. We used the projector augmented-wave (PAW) pseu-
dopotentials [23,24] with the Perdew-Burke-Ernzerhof (PBE)
exchange-correlation functional [25]. The electron wave func-
tion and charge density cutoffs of 64 and 782 Ry were chosen,
respectively. The k points were sampled using the Monkhorst-
Pack scheme, with an 8 × 8 × 4 �-centered grid. Both mag-
netic and nonmagnetic calculations were performed, using
the experimentally obtained lattice parameters and the calcu-
lated values obtained by relaxing the theoretically proposed
structure. In order to obtain the lattice parameters accurately,
a treatment of the van der Waals interactions is introduced.
The van der Waals interaction was included in all calculations
using the Grimme-D2 correction [26]. Phonon frequencies in
the � point are calculated within the linear response method
implemented in QE.

III. RESULTS AND DISCUSSION

Fe3−xGeTe2 crystallizes in a hexagonal crystal structure,
described with the P63/mmc (D4

6h) space group. The atom
type, site symmetry, each site’s contribution to the phonons

in the � point, and corresponding Raman tensors for the
P63/mmc space group are presented in Table I.

Calculated displacement patterns of Raman active modes,
which can be observed in our scattering configuration, are
presented in Fig. 1(a). Since the Raman tensor of the E1g mode
contains only the z component (Table I), by selection rules,
it cannot be detected when measuring from the ab plane in
the backscattering configuration. Whereas A1g modes include
vibrations of Fe and Te ions along the c axis, E2g modes
include in-plane vibrations of all four atoms. The Raman
spectra of Fe3−xGeTe2 in the magnetic phase (M), at 80 K, and
nonmagnetic phase (NM), at 280 K, in a parallel scattering
configuration (ei ‖ es), are presented in Fig. 1 (b). As it can be
seen, four peaks at 89.2, 121.1, 214.8, and 239.6 cm−1 can be
clearly observed at 80 K. According to numerical calculations
(see Table I), peaks at 89.2 and 239.6 cm−1 correspond to
two out of four E2g modes, whereas peaks at 121.1 and
239.6 cm−1 can be assigned as two A1g symmetry modes. One
should note that numerical calculations performed by using
experimentally obtained lattice parameters in the magnetic
phase yield a better agreement with experimental values. This
is not surprising since the calculations are performed for the
stoichiometric compound as opposed to the nonstoichiometry
of the sample. Furthermore, it is known that lattice parameters
strongly depend on the Fe atom deficiency [15]. All calculated
Raman and infrared phonon frequencies, for the magnetic
and nonmagnetic phase of Fe3−xGeTe2, using relaxed and
experimental lattice parameters, together with experimentally
observed Raman active modes, are summarized in Table II of
Appendix D.

After assigning all observed modes we focused on their
temperature evolution. Having in mind finite instrumental
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FIG. 1. (a) Displacement patterns of A1g and E2g symmetry
modes. (b) Raman spectra of Fe3−xGeTe2 single crystal measured
at different temperatures in a parallel polarization configuration.

broadening, the Voigt line shape was used for the data analysis
[27,28]. The modeling procedure is described in detail in
Appendix B and presented in Fig. 6. Figure 2 shows the
temperature evolution of the energy and linewidth of the A1

1g,
E3

2g, and A2
1g modes between 80 and 300 K. Upon heating

the sample, both the energy and linewidth of A1
1g and A2

1g
symmetry modes exhibit a small but sudden discontinuity at
about 150 K [Figs. 2(a) and 2(e)]. An apparent discontinuity
in energy of all analyzed Raman modes is again present at
temperatures around 220 K. In the same temperature range
the linewidths of these Raman modes show a clear deviation
from the standard anharmonic behavior [27–31].

Apart from the anomalies in the phonon spectra, a closer
inspection of the temperature-dependent Raman spectra mea-
sured in the parallel polarization configuration reveals a
pronounced evolution of the Raman continuum [Fig. 3(a)].
For the analysis we have used a simple model including
a damped Lorentzian and linear term, χ ′′

cont ∝ a�ω/(ω2 +
�2) + bω [32], where a, b, and � are temperature-dependent
parameters. Figure 3(b) summarizes the results of the analysis
with the linear term omitted (most likely originating from a lu-
minescence). At approximately the same temperatures, where
phonon properties exhibit discontinuities, the continuum tem-
perature dependence manifests nonmonotonic behavior. The
maximum positions of the curve were obtained by integrating
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FIG. 2. Energy and linewidth temperature dependence of A1
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[(a) and (b)], E 3
2g [(c) and (d)], and A2

1g [(e) and (f)] phonon modes in
Fe3−xGeTe2.

those shown in Fig. 3(b). The inset of Fig. 3(b) shows the
temperature evolution of their displacements. This analysis
confirms the presence of discontinuities in the electronic con-
tinuum at temperatures around 150 and 220 K, which leaves
a trace in the phonon behavior around these temperatures
(Fig. 2). While we do not have evidence for the Kondo effect
in the Fe3−xGeTe2 crystals we measured, a modification of
the electronic background at FM ordering due to localization
or the Kondo effect cannot be excluded.

The temperature evolutions of the phonon self-energies and
the continuum observed in the Raman spectra of Fe3−xGeTe2

suggest the presence of phase transition(s). Magnetization
measurements of the samples were performed as described in
Ref. [13], revealing a FM-PM transition at 150 K. Thus, the
discontinuity in the observed phonon properties around this
temperature can be traced back to the weak to moderate spin-
phonon coupling. The question remains open regarding the
anomaly observed at about 220 K. As previously reported, the
Curie temperature of the Fe3−xGeTe2 single crystals grown
by the CVT method is between 220 and 230 K [11,12,14],
varying with the vacancy concentration, i.e., a decrease in the
vacancy content will result an increment of TC [15]. On the
other hand, the Fe3−xGeTe2 crystals grown by the self-flux
method usually have a lower Curie temperature, since the
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FIG. 3. (a) Raman spectra of Fe3−xGeTe2 at four temperatures
measured in a parallel polarization configuration. Solid lines rep-
resent the theoretical fit to the experimental data. (b) Temperature
evolution of the electronic continuum after omitting the linear term.
Inset: Displacement of the maximum of fitted curves.

vacancy content is higher [13,15]. Crystals used in the Raman
scattering experiment presented here were grown by the self-
flux method with a Fe vacancy content of x ≈ 0.36 [13]. This
is in good agreement with our EDS results of x = 0.4 ± 0.1,
giving rise to the FM-PM transition at 150 K. Nevertheless,

FIG. 4. SEM image of a Fe3−xGeTe2 single crystal.

FIG. 5. EDS mapping on a Fe3−xGeTe2 single crystal. (a) Sec-
ondary electron image of the crystal with the mapping performed
within the rectangle. (b)–(d) Associated EDS maps for Fe, Ge, and
Te, respectively.

an inhomogeneous distribution of vacancies may result the
formation of vacancy depleted “islands” which in turn would
result in an anomaly at 220 K similar to the one observed in
our Raman data. However, the EDS data (see Fig. 5) do not
support this possibility. At this point we can only speculate
that while the long-range order temperature is shifted to a
lower temperature by the introduction of vacancies, short-
range correlations may develop at 220 K.

IV. CONCLUSION

We have studied the lattice dynamics of flux-grown
Fe3−xGeTe2 single crystals by means of Raman spectroscopy
and DFT. Four out of eight Raman active modes, two A1g

and two E2g, have been observed and assigned. DFT cal-
culations are in good agreement with experimental results.
The temperature dependence of the A1

1g, E3
2g, and A2

1g mode
properties reveals a clear fingerprint of spin-phonon cou-
pling, at a temperature of around 150 K. Furthermore, the
anomalous behavior in the energies and linewidths of the
observed phonon modes is present in the Raman spectra at
temperatures around 220 K with the discontinuity also present
in the electronic continuum. Its origin still remains an open
question, and requires further analysis.
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APPENDIX A: ELECTRON MICROSCOPY

In order to examine the uniformity of Fe3−xGeTe2, Scan-
ning electron microscopy (SEM) was performed on as-
cleaved crystals. It can be seen from Fig. 4 that the crystals
maintain uniformity for several tens of microns. Furthermore,
the elemental composition was obtained using EDS mapping,
as shown in Fig. 5. The atomic percentage, averaged over
ten measurements, is 47%, 17%, and 36% (±2%) for Fe, Ge,
and Te, respectively, with the vacancy content x = 0.4 ± 0.1.
The maps associated with the selected elements appear homo-
geneous, as they are all present uniformly with no apparent
islands or vacancies.

APPENDIX B: DATA MODELING

In order to obtain the temperature dependence of the
energies and linewidths of the observed Fe3−xGeTe2 phonon
modes, the Raman continuum, shown in colored lines in

TABLE II. Top panel: Comparison of calculated energies of
Raman active phonons using relaxed (R) and experimental [nonre-
laxed (NR)] lattice parameters for the magnetic (M) and nonmagnetic
phase (NM), given in cm−1. Obtained experimental values in the
magnetic phase at a temperature of 80 K are given in the last column.
Bottom panel: Comparison of calculated energies of infrared optical
phonons of Fe3−xGeTe2.

Raman active modes

Calculations

Sym. NM-R M-R NM-NR M-NR Experiment (M)

E 1
2g 28.4 49.6 33.9 50.2

E 1
1g 79.2 70.2 71.7 70.3

E 2
2g 115.5 121.0 100.0 122.2 89.2

A1
1g 151.7 139.2 131.7 137.2 121.1

E 2
1g 225.5 206.0 194.3 209.5

E 3
2g 238.0 232.6 204.9 228.6 214.8

A2
1g 272.0 262.6 235.7 233.4 239.6

E 4
2g 362.0 337.6 315.4 334.7

Infrared active modes

A1
2u 70.7 96.6 73.5 92.7

E 1
1u 112.5 121.2 89.4 121.6

A2
2u 206.0 162.5 183.1 153.7

E 2
1u 226.4 233.6 192.1 231.3

A3
2u 271.8 248.6 240.8 241.0

E 3
1u 361.1 336.6 314.7 334.7

Fig. 3(a), was subtracted for simplicity from the raw Raman
susceptibility data (black line). The spectra obtained after the
subtraction procedure are presented in Fig. 6 (black line) for
various temperatures. Because of the finite resolution of the
spectrometer and the fact that line shapes of all the observed
phonons are symmetric, the Voigt line shape (�G = 0.8 cm−1)
was used for data modeling. Blue, yellow, and green lines in
Fig. 6 represent fitting curves for A1

1g, E3
2g, and A2

1g phonon
modes, respectively, whereas the overall spectral shape is
shown in the red line.

APPENDIX C: EXPERIMENTAL DETAILS

Before being placed in a vacuum and being cleaved, the
sample was glued to a copper plate with GE varnish in order to
achieve good thermal conductivity and prevent strain effects.
Silver paste, as a material with high thermal conductivity, was
used to attach the copper plate with the sample to the cryostat.
The laser beam spot, focused through an Olympus long-
range objective of × 50 magnification, was approximately
6 μm in size, with a power less than 1 mW at the sample
surface. A TriVista 557 triple spectrometer was used in the
subtractive mode, with a diffraction grating combination of
1800/1800/2400 grooves/mm and the entrance and second
intermediate slit set to 80 μm, in order to enhance stray light
rejection and attain good resolution.
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APPENDIX D: CALCULATIONS

In Table II the results of DFT calculations are pre-
sented for magnetic (M) and nonmagnetic (NM) relaxed
and experimental lattice parameters. For comparison, the

experimental results are shown in the last column. Since the
lattice parameters strongly depend on the Fe atom deficiency,
the best agreement with experimental results gives the mag-
netic nonrelaxed solution.
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Abstract
Since the 1960s, Graphite intercalation compounds (GIC) have been extensively stud-
ied, showing many new properties and exotic physics. This inspired many to investigate 
a single or few-layer intercalated graphene. Intercalated graphene has many extraordinary 
properties and it is different compared to pristine graphene or bulk GICs, with great spec-
tra of characteristics induced by various intercalants. This method opens new possibili-
ties for research and applications in electronics and photonics. Here we present the results 
of a DFT study on electronic and vibrational properties of the graphene doped with Sr 
and Yb adatoms, taking into account that only their corresponding bulk compounds have 
been investigated so far. The calculations were performed in Quantum Espresso software 
package.

Keywords Graphene · DFT · Electronic properties · 2D materials

1 Introduction

Since the experimental discovery in Novoselov et al. (2004), graphene has been attracting 
enormous attention. The relativistic behaviour of the low-energy excitations (the so-called 
Dirac fermions) leads to many interesting effects and the linear electronic dispersion of gra-
phene in the vicinity of the K-point mimics the physics of the massless fermions in quan-
tum electrodynamics, at speed 300 times smaller than the speed of light. Therefore, many 
unusual properties can be observed in graphene, such are the Klein paradox (Katsnelson 
et al. 2006) or the anomalous integer quantum Hall effect (Gusynin and Sharapov 2005; 
Neto et  al. 2006) which can be observed at room temperatures (Novoselov et  al. 2007). 
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Graphene has excellent thermal conductivity, high electron mobility (Bolotin et al. 2008) 
and transparency, and at the same time it is one of the strongest materials known (Lee 
et  al. 2008), about 200 times stronger than structural steel, yet very flexible and stretch-
able. With all its unique properties, graphene has various potential applications in almost 
all research fields, especially in electronics and optoelectronics (Ferrari 2015; Blake et al. 
2008; Todorović et al. 2015). With high electrical and optical conductivity, it is promising 
candidate for applications in energy storage (Bonaccorso et al. 2015), detectors (Sassi et al. 
2017; Liu et  al. 2014), or even for the flexible touch screen technology (Ahn and Hong 
2014; Bae et al. 2010). Ultra-thin graphitic films are also well researched for applications 
in photonics with high transparency and electrical conductivity (Matković et al. 2016).

Already extraordinary characteristics of graphene can be tailored and enhanced in 
many ways—by various types of disorders, controlling the type of edges (Peres et al. 2006; 
Wakabayashi et  al. 1996, 2009), number of layers, by doping, applying the strain (Levy 
et  al. 2010; Choi et  al. 2010; Settnes et  al. 2016; Masir et  al. 2013), etc. Among them, 
doping graphene is an excellent way to make graphene suitable for various applications 
(Sharma and Ahn 2013; Wang et  al. 2010; Qu et  al. 2010; Jeong et  al. 2011; Cui et  al. 
2011). Especially interesting is intercalation of various species in a few layer graphene (or 
doping a single layer graphene with adatoms), in a similar manner to the graphite inter-
calation compounds (GIC). This provides very high level of doping and leads to many 
interesting effects that are not present in pristine graphene, offering a new way to design 
various materials with magnetic, highly conductive or superconducting properties. Doping 
via adsorption is also very convenient, as the graphene can host various adatoms or small 
molecules while preserving its own structure, and at the same time drastically change its 
electronic properties. By covering the graphene sheet with the layer of adatoms, significant 
structural changes are avoided, as the dopant atoms are not fitted in the graphene lattice 
instead of the carbon atoms. However, adsorbed atoms can strongly affect the electronic 
properties of graphene, dominantly through the pz orbitals. Therefore, it is an excellent 
tool for tuning the properties of graphene in a wide range and obtain new effects. GIC 
have been extensively researched since the 1960s (Rüdorff 1959; Enoki et al. 2003; Dres-
selhaus and Dresselhaus 2002), but the interest for them has significantly raised with dis-
covery of the superconductivity in some of the alkali or alkaline earth metal intercalated 
graphite structures, among which are CaC

6
 and YbC

6
 (Weller et al. 2005) with relatively 

high critical temperatures of Tc = 11.5K and Tc = 6.5K . As research of 2D materials has 
raised in the last decade, the superconductivity in GIC imposed a question of investigating 
the monolayer graphene doped with alkali and alkaline earth metal adatoms, searching for 
the atomically thin superconductors. The electrical characteristics of the doped graphene 
depend strongly on the species of the used adatom. Reports on related structures suggest 
the occurrence of superconductivity in some of them, usually with alkali or alkaline earth 
metals doping, similar to the GICs. The explanation for the emergence of the superconduc-
tivity in the alkali doped graphene lies in the electron-phonon coupling that arises from 
the new intercalant-derived band and the graphene �-bands at the Fermi level. Among 
first researched doped graphene structures was Li decorated graphene (Profeta et al. 2012; 
Pešić et  al. 2015), which is superconducting with the critical temperature of T = 5.9K . 
It can also be enhanced by applying the strain (Pešić et al. 2014). The experimental evi-
dence of superconductivity in the Li doped graphene (Ludbrook 2015) inspired many to 
search for other 2D superconducting structures (Calandra et al. 2012; Penev et al. 2016; 
Shimada et al. 2017; Saito et al. 2016). Graphene doped with the Ca atoms is also reported 
to be superconducting as the doped monolayer (Profeta et  al. 2012) and bilayer interca-
lated graphene (Mazin and Balatsky 2010; Margine et al. 2016), there are also reports for a 
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few-layer potassium doped graphene (Xue et al. 2012). Among other similar structures, the 
heavily n-doped graphene was also predicted to be superconducting (Margine and Giustino 
2014), the combination of biaxial strain with charge doping, which leads to the supercon-
ductor with Tc estimated to be up to 30  K (Si et  al. 2013), or the hole-doped graphane 
which was predicted to be a high Tc superconductor, with a critical temperature in range 
60–80  K (Durajski 2015). However, many possible structures based on doped graphene 
with potential superconducting properties are not considered yet.

In this paper we studied the electronic and vibrational properties of Sr and Yb doped 
graphene using the density functional theory approach. We were motivated by the fact that 
both structures are known as superconductors in their corresponding bulk compounds, 
YbC

6
 with critical temperature of Tc = 6.5K (Weller et  al. 2005) and SrC

6
 with up to 

Tc = 3.03K (Calandra and Mauri 2006). We are first to report the results for a monolayer 
graphene doped with those adatoms.

2  Computational details

All calculations were performed using the Quantum Espresso software package (Giannozzi 
et  al. 2009), based on the plane waves and pseudopotentials. We used norm-conserving 
pseudopotentials (Perdew and Zunger 1981) and LDA exchange-correlation functional. 
The plane wave energy cutoff is 120 Ry for SrC

6
-mono and 160 Ry for YbC

6
-mono. The 

unit cell for both structures is modelled as 
√

3 ×

√

3R30◦ supercell of the graphene unit 
cell, with adatoms positioned in the H-site. This is the favorable adsorption site for both 
adatoms, according to the DFT study (Nakada and Ishii 2011). The value of the hexagonal 
cell parameter a is 4.26Å taken theoretically, as there are no experimental realization of 
those structures. The top and side view of the structures are shown in Fig. 1. In order to 
avoid interactions between layers, the hexagonal cell parameter c of the unit cell was cho-
sen to be sufficiently large, c = 11.4 Å for SrC

6
-mono and 11.3 Å for YbC

6
-mono. Prior to 

any calculations, the ionic positions in systems are fully relaxed to their minimum energy 
configuration, using the Broyden-Fletcher-Goldfarb-Shanno (BFGS) algorithm. Obtained 
vertical distance between graphene layer and the adsorbed atom is h = 2.22Å for SrC

6
-

mono and h = 2.25Å for YbC
6
-mono. Phonon properties are obtained with the Density 

(a) (b)

Fig. 1  a Top view of the graphene structure with the adatoms adsorbed in the H-site. Unit cell is marked 
with the black line, b side view of the one hexagon with the adatom above
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Functional Perturbation Theory (DFPT) implemented in the PHonon part of the Quantum 
Espresso software.

3  Results and discussion

As we said in Sect. 2, the unit cell for our H-site doped structures is enlarged compared to 
the pristine graphene. Due to the increase in the size of the primitive cell in direct space, 
basis vector lengths in reciprocal space are reduced. As a consequence, the K-point of the 
Brillouin zone of graphene is folded to the Γ point of the Brillouin zone of H-site doped 
graphene. Brillouin zones of the graphene unit cell and the H-site doped graphene are 
shown in Fig. 2.

3.1  Electronic properties

Electronic dispersions along Γ-M-K-Γ high symmetry points for SrC
6
-mono and YbC

6
-

mono are shown in Fig. 3. Fermi level is set to zero in all figures. Folding the � and �∗ 
bands of graphene from K-point to Γ-point, the inner and outer carbon � and �∗ bands are 
obtained, crossing at the Γ point. For both structures, lower bands from the � bonds in the 
valence band are almost unaffected, as expected, and they are not shown in figures. The 
Fermi level is shifted up in both structures. By deposition of adatoms on top of graphene, 
new interlayer band derived from the Yb or Sr adatoms is formed around the Fermi level, 
showing a nearly free-electron-like dispersion. They are placed at 2.2 and 1.5 eV below 
the Fermi level in the YbC

6
-mono and SrC

6
-mono, respectively, being partially occupied. 

The density of states on Fermi level is also raised. The carbon � bands are not affected 
by the presence of the adatoms. Previously unoccupied �∗ bands now intersect the new 
up-shifted Fermi level and are strongly hybridized with the new band derived from the 
adsorbed atoms. In YbC

6
-mono, 4f orbitals coming from the Yb atoms form a set of flat 

non-dispersive bands, similar to the bulk YbC
6
 (Csányi et al. 2005). Those flat bands are 

characteristic for most lanthanides. They are localized at 0.7 eV below the Fermi level with 
the corresponding peak clearly observed in the density of states. As reported for the bulk 
YbC

6
 , calculations with the Hubbard+U corrections do not give significant changes and 

result only in slightly shifting down those bands, so the same is expected for the monolayer. 
The Dirac points from graphene are folded to the Γ point in the H-site doped graphene, and 

Fig. 2  Brillouin zones of 
graphene (black) and the H-site 
doped graphene (red). (Color 
figure online)
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they are now below the Fermi level. Due to the adatom presence, the symmetry is broken 
and a gap is opened. In the SrC

6
 , interlayer band is placed between the � and �∗ and a very 

small gap can be observed in the density of states, while in the YbC
6
-mono, the new inter-

layer band intersect the � band and the gap is closed.

3.2  Phonon properties

The symmetry group of graphene with adatoms adsorbed in the H-site is Dg77 = T
�

C
6v , 

which is a subgroup of the diperiodic group of graphene, Dg80 = TD
6h (Damljanović et al. 

2014). In order to connect the phonon modes of the H-site doped graphene with the cor-
responding phonon modes of graphene, the corresponding irreducible representation of 
group Dg77 of graphene to its subgroup Dg80 (Damljanović et al. 2014). The modes from 
the Γ point, ΓE

2g and ΓB
1g correspond to ΓE

2
 and ΓB

1
 . For the modes of graphene in the K 

point, KA′

1
 corresponds to the modes A

1
 and B

2
 , KA′

2
 to A

2
 and B

1
 , KE′ and KE′′ to E

1
 and E

2
 

(Altmann and Herzig 1994; Damljanović and Gajić 2012). The modes A
1
 and E

1
 are both 

infrared and Raman active, while E
2
 modes are only Raman active. The symmetry classifi-

cation of optical modes and Raman tensors for H-site doped graphene are given in Table 1. 
The displacement patterns of the SrC

6
-mono and YbC

6
-mono, in the Γ point are shown in 

Fig. 4. Those modes have displacement patterns similar to those of graphene phonons at Γ 
and K points, which happens due to the Brillouin zone folding. As the K point of graphene 
is folded to the Γ point of the new Brillouin zone in the H-site doped graphene, the phonon 
modes in graphene at the Γ and K points correspond to the Γ modes in the H-site doped 

Fig. 3  Electronic dispersions 
of a SrC

6
-mono and b YbC

6

-mono. Thickness of the red lines 
is proportional to the the Sr/Yb 
character and the interlayer band 
is marked in green dotted line. 
(Color figure online)

(a)

(b)
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structures. This is valid for all H-site doped graphene structures as the unit cell is the type. 
As the Kohn anomaly is present in graphene at Γ and K points in E

2g and KA′

1
 modes, we 

expect it to be present in the H-site doped graphene structures for the modes related to 
these two. Modes with Kohn anomaly can not be calculated precisely using the density 
functional theory as the DFT is based on the adiabatic Born-Oppenheimer approximation 
which is in this case broken. Comparing the calculated phonon modes for graphene at K 
and Γ point, with the corresponding phonon modes at the Γ point of the SrC

6
 and YbC

6
 

monolayers, we can observe small differences in the corresponding frequencies. Some of 
these are lower than in pristine graphene and some frequencies are split. For example, fre-
quencies of E

2
 mode in Sr and Yb doped graphene are 1470 cm−1 and 1488 cm−1 , respec-

tively, while the frequency of E
2g in pristine graphene is 1550 cm−1 ; Frequency of E′ mode 

in graphene is 1200 cm−1 , and corresponding modes in doped graphene are E
2
 at 1180 cm−1 

and E
1
 at 1200 cm−1 ; E′′ mode in graphene is at 580 cm−1 , and corresponding modes in 

doped graphene are E
2
 at 495 cm−1 and E

1
 at 510 cm−1 for SrC

6
-mono and E

2
 at 477 cm−1 

and E
1
 at 500 cm−1 for YbC

6
-mono. This can be ascribed to the adatoms impact, and in 

general, it depends on the type of the adatom.

4  Conclusion

Using the density functional theory approach, we calculated the electronic and phonon 
properties of the Sr and Yb doped graphene, in a similar manner to the GICs. Their cor-
responding bulk compounds have been studied so far and we are first to investigate the 
monolayer graphene doped with those adatoms. The electronic and phonon properties are 
of essential interest for electron-phonon coupling as well as the guidelines for experimental 
research. From the electronic band structure calculations, we can observe a new adatom-
derived interlayer band crossing the Fermi level in both structures, which hybridize strongly 
with the carbon pz orbitals. Density of states on the Fermi level is also raised. Those results 
can be indicating a possible superconductivity and can be inspiring for further research of 
those structures. Displacement patterns calculated in the Γ point are similar to those in the 
K and Γ point of the pristine graphene, as a consequence of the zone folding effect, but due 
to the adatoms impact we can observe some differences in frequencies and the splitting of 

Table 1  Raman tensors and symmetry classification of optical modes

Raman tensors

Graphene A1g E1g E2g

Dg80 = TD6h

Oz ∥ C6

Ox ∥ C
�

2

⎛

⎜

⎜

⎝

a 0 0

0 a 0

0 0 b

⎞

⎟

⎟

⎠

⎛

⎜

⎜

⎝

0 0 0

0 0 c

0 c 0

⎞

⎟

⎟

⎠   

⎛

⎜

⎜

⎝

0 0 − c

0 0 0

c 0 0

⎞

⎟

⎟

⎠

⎛

⎜

⎜

⎝

d 0 0

0 − d 0

0 0 0

⎞

⎟

⎟

⎠   

⎛

⎜

⎜

⎝

0 − d 0

−d 0 0

0 0 0

⎞

⎟

⎟

⎠

A� A1 E1 E2

Dg77 = TC6v

Oz ∥ C6

Ox ∥ �v

⎛

⎜

⎜

⎝

a 0 0

0 a 0

0 0 b

⎞

⎟

⎟

⎠

⎛

⎜

⎜

⎝

0 0 c

0 0 0

c 0 0

⎞

⎟

⎟

⎠   

⎛

⎜

⎜

⎝

0 0 0

0 0 c

0 c 0

⎞

⎟

⎟

⎠

⎛

⎜

⎜

⎝

d 0 0

0 − d 0

0 0 0

⎞

⎟

⎟

⎠   

⎛

⎜

⎜

⎝

0 − d 0

−d 0 0

0 0 0

⎞

⎟

⎟

⎠

Optical modes
A� �opt = 2A1 + A2 + 2B1 + B2 + 3E1 + 3E2
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(a)

(b)

Fig. 4  Displacement patterns of a SrC
6
-mono and b YbC

6
-mono. Acoustic modes ( � = 0 ) are not shown in 

pictures
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some modes. The results obtained in this paper are important base for further theoretical 
and experimental research of those two structures, as well for future research of similar 
structures of graphene doped with other metal adatoms.
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Abstract
Graphene, the first experimentally realized 2D material with outstanding mechanical and 
electrical properties as well an excellent optical transparency, is predicted to have many 
applications in various scientific fields. Furthermore, there are numerous ways for modifi-
cations of pure graphene that allow precise tuning of its properties or observation of some 
new effects, including the applied strain, various types of controlled defects, exposure to 
electrical or magnetic field, or doping. It is known that graphene with alkali metal atoms 
adsorbed on its surface becomes superconducting with due to enhanced electron–phonon 
coupling. The question remains what happens with optical and mechanical properties of 
such structures, can we preserve or enhance these superb properties while making gra-
phene superconducting at the same time. Here we investigate structures based on graphene 
doped with several metal atoms—Sr, and some transition metal atoms such are Y and Sc. 
Using the density functional theory, we analyze the optical and elastic properties of those 
structures, discussing the influence of adsorbed atoms on these properties and calculate the 
electron–phonon coupling related properties.

Keywords Graphene · DFT · Superconductivity · Electron–phonon interaction · Optical 
properties · 2D materials

1 Introduction

Since the experimental discovery in 2004, graphene has been attracting enormous atten-
tion, not only as the first experimentally realised 2D material as the large scale samples, but 
mostly for its many unique properties. With this wide spectra of effects, graphene was also 
predicted to be suitable for various applications (Ferrari 2015; Blake et al. 2008; Todorović 
et al. 2015; Bonaccorso et al. 2015; Sassi et al. 2017; Liu et al. 2014). Monolayer graphene 
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formed on various metal surfaces was also extensively researched (Wintterlin and Boc-
quet 2009; Aizawa et al. 1990a, b; Taleb and Farías 2016) along with intercalation of these 
supported graphene systems (Gall et al. 1997; Shikin et al. 1998; Farías et al. 1999). Up 
to today, a couple of thousands papers about graphene are publicated and it is very well-
known today how special graphene is and how its characteristics can be tailored to be suit-
able for even more suitable use. But in the long list of graphene’s remarkable properties 
(Katsnelson et al. 2006; Gusynin and Sharapov 2005; Castro Neto et al. 2006; Lee et al. 
2008), there is one notable effect missing, the superconductivity, which is absent in pris-
tine graphene. Among many attempts to make graphene superconducting, a successful idea 
came from the so-called Graphite intercalation compounds (GICs). GICs are composed 
from graphite layers, with metallic atoms nested between. They were extensively studied 
since the 1960s, but with discovery of the superconductivity in some of the GICs ( CaC6 
with Tc = 11.5K and YbC6 with Tc = 6.5K ), an interest in those structures has raised 
again. The origin of superconductivity in GICs was debated for a long time, but most sug-
gested was that the pairing mediated by electron–phonon interactions as the mechanism 
(Mazin 2005; Calandra and Mauri 2005), which was later confirmed by experimental data. 
As it can be observed, in all superconducting GICs there is an intercalant Fermi surface 
at the Fermi level, and those electrons are strongly coupled to the phonons. As reported 
in several studies, similar effects are present when going down to the thinnest limit, case 
of monolayer graphene doped with alkali adatoms in a similar manner to GICs. The elec-
tron–phonon coupling constant, �,

is proportional to the density of states at the Fermi level and the deformational potential 
D, and inversely proportional to effective atomic mass M and the frequency of the phonon 
involved �ph . As the DOS on the Fermi level in graphene is zero and slowly growing in its 
vicinity, the superconductivity in pristine graphene can not be observed, similar to pristine 
bulk graphite. However, the situation is changed upon doping with metallic adatoms, simi-
lar as in GICs. In the presence of adatoms, new electronic band is formed, the number of 
carriers is enlarged and, if the interlayer band occurs at the Fermi level, the electron–pho-
non coupling � is enhanced and the coupling to carbon out-of-plane vibrations is promoted. 
Besides DOS, electron–phonon coupling constant also depends on the deformation poten-
tial D, which is inversely related to the distance between the graphene and adatoms. Hence 
for occurrence of the superconductivity it is favourable for adatoms to be closer to the gra-
phene plane. On the other hand, it was shown that too small distance would result in a com-
plete charge transfer between the graphene and the adatoms, so the interlayer band would 
be completely empty, as is the case with the bulk LiC6 where the strong confinement along 
the z axis leads to interlayer band to be completely unoccupied and the superconductivity 
is suppressed. In contrary, in the LiC6 monolayer, the quantum confinement is removed, 
resulting in partially occupied interlayer band and superconductivity with Tc up to 8K.

Motivated by these results, we wanted to explore graphene doped with Sr atoms and also 
with some transition metal atoms such are Sc and Y. Besides the electron–phonon proper-
ties crucial for the superconductivity, we were interested to investigate mechanical and optical 
properties also in order to study effects of added adatoms, questioning can we obtain super-
conducting material and preserve this superb graphene’s properties, which would be of great 
significance for many applications. Using the density functional theory, we analyse the elec-
tron–phonon interaction properties and predict the critical temperature in the framework of the 

(1)� =
N(0)D2

M�2
ph

,
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electron–phonon coupling theory. We analyse the mechanical and optical properties of these 
structures and discuss the influence of adatoms on these properties.

2  Computational details

All calculations were performed in the Quantum Espresso software package (Giannozzi 
et  al. 2009), in the LDA approximation, which is proven to be suitable for graphene sys-
tems and often is used. We used norm-conserving pseudopotentials, with the energy cutoff 
for wavefunctions of 120 Ry, obtained with respect to the convergence test. The unit cell for 
all doped graphene structures is modelled as 

√

3 ×
√

3R30◦ supercell of graphene unit cell, 
with adatoms positioned above the centres of carbon hexagons, the so-called H-site, as it is 
the most favourable site for all three atoms, according to the DFT study (Nakada and Ishii 
2011). In order to avoid the interactions due to periodicity and to simulate a 2D system, the 
hexagonal c parameter was set to be sufficiently large, more than c = 10 Å . Prior to any fur-
ther calculations, the structures were relaxed to their minimum energy configuration, using the 
BFGS algorithm. The dielectric function was calculated within the framework of the random-
phase approximation (RPA), as implemented in epsilon.x code of QE, on the uniform k-point 
grid composed of 4096 k-points. The second-order elastic constants were calculated using the 
ElaStic code. First, the strain type and strength is chosen, and for each deformation, total ener-
gies are calculated. From the second derivatives of energy curves, elastic constants are calcu-
lated. Here we used amplitudes of 7% positive and negative Lagrangian strain.

The grid for electron–phonon coupling was used up to 48 × 48 × 1 electronic k-mesh and 
12 × 12 × 1 phonon-momentum mesh using the Monkhorst pack. The electron–phonon cou-
pling parameter � and the critical temperature Tc are obtained with the isotropic Eliashberg 
theory. The Eliashberg function is defined as

where N(0) is total density of states per spin, Nk and Nq are the total numbers of k and q 
points. g�

n�,m�+�
 is the electron–phonon matrix element, and electron eigenvalues and the 

band indexes are labelled with n and m, the wavevectors � and � + � , the phonon frequen-
cies with the mode number � and the wavevector � . From previous equation, the elec-
tron–phonon coupling coefficient is given as

The total electron phonon coupling is obtained for � → ∞ . The superconducting critical 
temperature is estimated using the Allen–Dynes formula,

(2)
�2F(�) =

1

N(0)NkNq

∑

n�,m�,�

|g�
n�,m�+�

|2

× �(�n�)�(�m�+�)�(� − ��
q
)

(3)�(�) = 2∫
�

0

�2F(�
�

)

�
�

d�
�

(4)Tc =
�log

1.2
exp

[
−1.04(1 + �)

�(1 − 0.62�∗) − �∗

]
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where �∗ is the screened Coulomb pseudopotential and

is the phonon frequencies logarithmic average.

3  Results and Discussion

The atomic structure of SrC6 monolayer is consisted of graphene sheet covered with Sr 
adatoms positioned in the H-site, as shown in Fig. 1. Upon relaxing the systems, obtained 
distance between the graphene sheet and the adatom are h = 2.22 Å for SrC6 , h = 2.04 Å 
for YC6 , and h = 1.76 Å for ScC6 . Comparing to, for example the bulk SrC6 compound, 
where this distance is 2.475 Å , Sr atoms are closer to the graphene plane, more nested in 
the centres of carbon hexagons.

The electronic structure of SrC6 monolayer is discussed in details in our previous work 
(Šolajić et al. 2018). We have shown the interlayer band that is forming due to the pres-
ence of Sr atoms, positioned near the Fermi level, partially occupied. Carbon �∗ bands 
are strongly hybridized with new adatom-derived bands and also the DOS on Fermi level 
is significantly raised. Very similar are monolayers of ScC6 and YC6 , without almost any 
qualitative difference or significant difference in position of the Fermi level. Electronic 
structure of all three systems are shown in Fig. 2.

Motivated with those results, we proceeded to calculate the phonon dispersion and 
electron phonon coupling. In Fig. 3 the phonon dispersion of SrC6 and phonon density of 
states for all structures are shown. The adatom contribution to phonon modes is marked 

(5)�log = exp

[
2

� ∫
d�

�
�2F(�) log�

]

Fig. 1  The structure of graphene with atoms adsorbed on H-site. On the right, top view of structure is 
shown, with unit cell marked with black line
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with red circles. The phonon dispersions do not show any negative modes and they sug-
gest that systems are dynamically stable. Similar to other metal doped graphene structures, 
we can observe three distinguished regions. Lowest region belongs to adatom modes, in 
the middle region are positioned carbon out-of-plane modes, and highest modes are C–C 
stretching modes. Since the phonon dispersions show minor differences for all three struc-
tures, presented is only SrC6 . First two modes with lowest energies (degenerated one at 
≈ 70 cm−1 and one at ≈ 175 cm−1 ) are related to pristine graphene’s acoustic modes. That 
can be also seen in Fig 4. of our previous study (Šolajić et al. 2018), for the lowest mode 
at 70 cm−1 , the in plane displacements of carbon atoms are like TA and LA modes, with 
the adatom oscillating in opposite direction, and analogue case for the mode at 175 cm−1 , 
related to ZA graphene mode. This splitting of ZA-like mode from the lower two is simi-
lar to the case where graphene layer is formed on metal substrates, and the gap at the �  
point is introduced due to interaction of graphene with substrate [The shift of ZA mode is 
seen at 48 cm−1 in graphene on Cu(111) substrate (Taleb and Farías 2016) and at 282 cm−1 
for graphene on transition-metal carbides TaC(111), HfC(111) and TiC(111) (Aizawa et al. 
1990b)]. We can consider that the splitting of the ZA-like mode can be described in a simi-
lar way, representing the interaction between the graphene and adsorbed metal atoms. The 
formed gap depends on the strength of the graphene-substrate coupling and as given in the 
following models. For free-standing pristine graphene, the dispersion of the acoustic ZA 
mode in the vicinity of the �  point is given by Taleb et al. (2015):

where �2D = 7.6 × 10−8 g/cm2 is the two-dimensional mass density of graphene. Coupling 
to the substrate introduces a gap at a frequency �0 at the �  point and the dispersion relation 
is given by Amorim and Guinea (2013)

where �0 =
√

g∕�2D and g is the coupling strength between graphene and substrate. Fol-
lowing this model, we can approximate the similar interaction of graphene with adsorbed 
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√
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metal layer and determine the g = 0.739 × 1019 N/m3 . This value is significantly smaller 
than for graphene on various substrates [from g = 5.7 × 1019 N/m3 for graphene on Cu 
(Taleb et al. 2015), to the order of 2 ×1021 for the (111) surface of transition metal carbides 
(Amorim and Guinea 2013)], as somewhat expecting given that the graphene is covered 
with not so dense placed Sr metal atoms and not suspended on a real surface.

The right side of Fig. 3 shows the phonon DOS for doped graphene structures. For all 
three structures, the phonon DOS is largest in the adatom region, as well in carbon in-plane 
modes area. As it can be seen in Eliashberg function, presented in Fig.  4, those modes also 
have significant contribution in electron–phonon coupling. The choice of adatom does not 
affect the phonon density of states and, in every of three systems, largest peaks are in low 
energy region and the highest ones with some minor difference in positions of peaks.

In the Eliashberg function calculated for SrC6 monolayer, shown in Fig.  4, three dis-
tinguished peaks are present as expected, one from the lowest adatom-related modes, one 
wide and narrow in the middle-energy region, and the highest peak at 1400–1500 cm−1 
related to the carbon in-plane modes. Although the C–C stretching modes are strongly cou-
pled with electronic states at Fermi level, the � parameter is enhanced most in the low 
energy region related to adatoms ( ≈ 0.18 ), given that it depends on the phonon energy 
inversely, so the low-energy modes have largest contribution to electron–phonon coupling 
constant. Comparing this to bulk SrC6 compound (Calandra and Mauri 2006), we can 
observe slightly softened Srz phonon mode, giving a larger peak in Eliashberg function. 
However, in the middle region, the contribution of carbon out-of-plane modes is signifi-
cantly smaller and the contribution to electron–phonon coupling is drastically lowered than 
in bulk. Very similar case is reported with CaC6 (Calandra and Mauri 2006; Profeta et al. 
2012) where the carbon out-of-plane vibrations are similar in bulk and the monolayer case 
but overall contribution to � is decreased in the monolayer. This is also an opposite to the 
LiC6 where the removal of confinement gives a rise to the �.

Overall electron–phonon coupling constant in SrC6-monolayer is � = 0.38 , with 
�log = 280.9 cm−1 . The superconducting transition temperature, estimated using the 
Allen–Dynes formula with �∗ = 0.112 is Tc = 0.9K , lower than in its bulk counterpart 
(3K). Both other structures have very similar electronic and phonon structure and enhanced 
electron–phonon coupling is expected, with critical temperatures in similar range. Further 
calculations of electron–phonon coupling parameter are needed to be confirmed.

Interested to see what happens with mechanical properties that are superb in gra-
phene, we calculated the elastic constants of our doped structures and compare them 

Fig. 4  Eliashberg function with 
integrated electron–phonon cou-
pling parameter for SrC6-mono
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with pristine graphene, which are shown in Table 1. 2D hexagonal, square and rectangu-
lar lattices have 4 non-zero second-order elastic constants, c11 , c12 , c22 and c66 , where 
due to symmetry, in case of hexagonal lattice, only two elastic constants are independ-
ent because c11 = c22 and c66 =

1

2
(c11 − c22) . In this case, the Young modulus and Pois-

son’s ratio are in defined according to Wei and Peng (2014) as Y =
c2
11
−c2

12

c11
 and � =

c21

c11
 . 

Obtained results for elastic properties of pristine graphene are overall in good agree-
ment with previous experimental and theoretical studies. Calculated elastic constants c11 
and c12 are both larger than in literature (estimated to be around 350 and 60 N/m, respec-
tively), so the Young Modulus is also larger (experimentally measured to 342 N/m in 
Politano et  al. 2012 and 340 N/m in Lee et  al. 2008). The Poisson’s ratio is however 
accurately obtained to 0.19, presumably due to both c11 and c12 similarly overestimated. 
Pristine graphene has extraordinary large values of elastic constants and also can be 
stretched up to roundly 20%. It is clearly observable that upon doping, elastic constants 
drop to almost half of the pristine graphene ones, as it is somewhat expected due to 
added adatoms on top of graphene surface. Still, that leaves these parameters very high 
in comparison to many other similar 2D materials. Moreover, parameters such is Young 
modulus remains exceptionally good. The elastic constants and Young modulus of 
doped graphene structures are in range of hBN and slightly larger than SiC (Andrew 
et  al. 2012; Zhang et  al. 2017), and still much larger than many other 2D structures, 
such are MgB2 (Pešić et  al. 2019) or silicene (Zhang et  al. 2017). This possibility to 

Fig. 5  Eliashberg function with integrated electron–phonon coupling parameter for SrC6-mono

Table 1  The calculated elastic 
constants, Young’s modulus Y, 
Poisson’s ratio � and the shear 
modulus G, for pristine graphene, 
ScC

6
 , YC

6
 and SrC

6
 monolayers

All parameters are given in units of N/m, except the Poisson’s ratio 
which is dimensionless

c
11

c
12

c
66

Y � G

Graphene 462.3 79.6 191.4 448.6 0.19 94.67
ScC

6
244.8 37.2 103.8 239.2 0.15 103.83

SrC
6

205.9 33.3 86.3 200.5 0.16 86.26
YC

6
239.7 38.2 100.8 233.6 0.16 100.77
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strain graphene can be also exploited for tuning superconducting properties, as previ-
ously was shown that certain types of strain can enhance the superconducting critical 
temperature significantly. Pešić et al. (2014).

Calculated imaginary part of dielectric function for our doped structures and pristine 
graphene, for the electric field vector perpendicular to the c axis, is shown in Fig.  5. 
Dielectric function of pristine graphene is discussed before (Marinopoulos et al. 2004) 
and we will not discuss it in details. Our calculations are in agreement with previous 
theoretical as well experimental studies, showing clear peaks at 4 eV and 14 eV, origi-
nating from � → �∗ and � → �∗ interband transitions. The singularity at zero frequency 
is present and shows metalicity of the system. Upon doping, two small differences can 
be observed. First, the first peak which is in pristine graphene at 4 eV is shifted to 
around 3 eV and it is lower intensity in all structures. The second peak ad 14 eV does 
not change position in energy, but drops to much lower intensity in all three structures. 
These lower intensities and changes in positions of the peaks can be related to Fermi 
level shift and an adatom influence on �∗ bands. Varying the type of dopants however 
does not make any significant changes in position or intensity of these peaks, except in 
case of ScC6 monolayer where intensity of first peak is slightly smaller than in pristine 
graphene. Moreover, none of the changes in dielectric function induced by adatoms is 
crucial for the quality of the optical properties and they remain superb as in pristine 
graphene.

4  Conclusions

In this work we investigated the electron–phonon coupling and possibility of supecon-
ductivity in graphene doped with Sr, Y and Sc adatoms, as well their mechanical and 
optical properties. The bulk SrC6 which is superconducting with Tc = 3K , was studied 
theoretically as well experimentally. Moreover, previously studied electronic properties 
predict the monolayer as good candidate for occurrence of superconductivity. Here we 
expanded our research by doping with transition metals such are Sc and Y. The phonon 
dispersion of systems show they are dynamically stable, with no negative frequencies 
present. Using the isotropic Eliashberg theory, we calculated the total electron–phonon 
coupling parameter of SrC6 monolayer, � = 0.38 . As in bulk SrC6 compound, supercon-
ductivity is occurring, but with lower Tc , which is estimated as Tc = 0.9K using the 
Allen–Dynes formula with �∗ = 0.112 . Other two discussed structures have similar elec-
tronic structure and density of states, as well the phonon dispersion too and have poten-
tial to have superconducting properties with similar critical temperatures, and need fur-
ther investigation. Our calculations of elastic constants and mechanical properties show 
that upon doping graphene, elastic constants and other parameters like Young modulus, 
drop by half of pristine graphene’s, which is still extraordinary good in comparison to 
many similar structures. Calculated imaginary parts of dielectric constants show no sig-
nificant changes other than lower intensities of the peaks and slightly shifting in energy. 
This makes those structures an excellent candidates for potential applications.
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