
	
  
	
  
	
  

Научном већу Института за физику у Београду 
 

Предлог за Годишњу награду за научни рад 
Института за физику у Београду 

 
 
Поштовани, 
 
Велико ми је задовољство да предложим др Марију Митровић Данкулов, научног 
сарадника, за Годишњу награду за научни рад Института за физику у Београду, за њен 
допринос разумевању различитих колективних феномена у социјалним системима, као 
и даљем развоју теорије комплексних мрежа.  
 
Пошто се Годишња награда додељује за резултате из претходне две године, а 
колегиница Митровић Данкулов је од 2. децембра 2015. до 1. децембра 2016. године 
била на породиљском одсуству, предлажем да се при одлучивању о додели награде, 
уместо периода од 2015. године, разматра период почев од 2014. године. У том периоду 
кандидаткиња објавила седам радова у међународним часописима категорије М21а и 
М21. У питању су публикације у изузетним часописима као што су Nature, Nature 
Communications, Scientific Reports и PLOS One: 
 
1. Рад Growing time lags threatens Nobel је објављен у часопису Nature 2014. године. 
Привукао је велику пажњу светских медија, како оних посвећених науци (Phys.org, 
Scientific America), тако и оних који се баве општим темама (USA Today, SPIEGEL 
ONLINE, Business Standard). О пажњи коју је привукао рад говори и његов Altmetric 
индекс који га сврстава у 5% чланака који су привукли највећу пажњу икада. 
 
2. Рад Inferring human mobility using communication patterns је објављен 2014. године у 
часопису Scientific Reports. У овом раду су раније развијени методи примењени на 
анализу и моделирање једне реалне техно-социјалне мреже (мреже мобилне 
телефоније). Овај модел може допринети развоју области као што су урбано 
планирање, планирање јавног превоза и епидемиологија. О значају рада говори и 
чињеница да већ има 15 цитата (извор Web of Science) које је добио од објављивања 
крајем августа 2014. године. 
 
3. Рад Quantifying randomness in real networks је објављен 2015. године у часопису 
Nature Communications и представља значајан допринос у области теорије комплексних 
мрежа. У овом раду је по први пут одређен минималан скуп тополошких особина које 
одређују структуру реалне комплексне мреже и квантификовано колико се она 
разликује од случајних мрежа. Пошто се помоћу комплексних мрежа данас описују 
различити системи, физички, биолошки, технолошки и социјални, теорија комплексних 
мрежа постаје све важнија за истраживања у овим областима. Због тога је овај рад од 
великог значаја и за ове области, као и за примењене области које се на њих наслањају. 
О значају рада говори и чињеница да већ има 6 цитата (извор Web of Science) које је 
добио за релативно кратко време (рад је објављен крајем октобра 2015. године). 
 



	
  
	
  
4. У раду The dynamics of meaningful social interactions and the emergence of collective 
knowledge објављеном 2015. године у часопису Scientific Reports су први пут 
употребљени методи статистичке физике и теорије комплексних мрежа за проучавање 
феномена колективног настанка знања у социјалним заједницама. Анализом 
комплексне бипартитне мреже којом се представљају интеркације између делова 
комплексне мреже истраживана је њихова кластеризација, док спектар снаге временске 
серије активности корисника показује да су оне карактерисане лавинама, сличним 
Бракхаузеновом шуму или лавинама у неким физичким системима као што су модели 
пешчаних лавина. Овај рад је значајан за физику комплексних система, а његови 
резултати ће бити значајни за примене у социологији и дисциплинама које се баве 
динамиком настанка знања и динамиком учења у групама. Рад има 5 цитата (извор Web 
of Science) које је добио од објављивања у јулу 2015. године. 
 
5. Рад Topology of innovation spaces in the knowledge networks emerging through questions-
and-answers је објављен 2016. године у часопису PLOS One. Претходно развијене 
методе алгебарске топологије графова су овде примењене за испитивање структура 
вишег реда у комбинаторном простору колективног знања. Методологија примењена у 
овом раду се може искористити за анализу шире класе система колективног настанка 
новог знања. 
 
6. Рад A theoretical model for the associative nature of conference participation је објављен 
2016. године у часопису PLOS One. У овом раду је по први пут квантификована 
динамика поновљених учешћа на научним конференцијама и дат теоријски модел за 
њихово описивање. Идентификовани социјални механизми који имају кључни значај за 
поновљена учешћа у активностима једне научне заједнице представљају основне 
факторе који одређују универзалну динамику социјалних група. 
 
7. У раду Associative nature of event participation dynamics: A network theory approach, 
објављеном 2017. године у часопису PLOS One, примењена је теорија комплексних 
мрежа за истраживање еволуције социјалних мрежа у оквиру Meetup окружења. 
Резултати овог рада су показали да је универзална динамика поновљених учешћа у 
активностима групе највише зависи од повећања везивног социјалног капитала. Овај и 
претходни рад на значајан начин доприносе области управљања формалним и 
неформалним друштвеним групама и могу да помогне у планирању и унапређивању 
њиховог рада. 
 
На основу описаних резултата колегинице Митровић Данкулов јасно је да њен 
досадашњи рад представља значајан допринос развоју физике комплексних система, 
као и неким другим научним областима, што је доказ интердисципланарног карактера 
њеног истраживања. 
 
Колегиница Митровић Данкулов има широку научну сарадњу са групама из Словеније, 
Италије, Индије, Израела и Финске. Ментор је на докторским студијама једној 
студенткињи чија одбрана докторске тезе се очекује до краја ове године. Колегиница 
Митровић Данкулов је била члан програмског комитета највеће и најзначајније 
конференције у области физике социјалних система (International Conference on 
Computational Social Science) од почетка њеног одржавања, а тренутно је у 
програмским комитетима већег броја међународних конференција из области 
комплексних система. Поред научног рада, колегиница је ангажована и у Иновационом 
центру Института за физику у Београду као заменик руководиоца. 
 



	
  
	
  
 
Колегиница Митровић Данкулов је у својој научној каријери објавила 18 радова од 
којих је већина у међународним часописима категорије М21а и М21, као и једно 
поглавље у књизи, а до сада је одржала четири предавања по позиву на међународним 
научним скуповима. Према бази Web of Science радови др Марије Митровић Данкулов 
цитирани су 180 пута (без аутоцитата), а њен h-фактор је 9. 
 
 
Имајући све наведено у виду, са задовољством предлажем др Марију Митровић 
Данкулов за Годишњу награду за научни рад Института за физику у Београду. 
 
 
 
У Београду, 15. 03. 2017. године 

 
 
 
 

др Александар Белић 
научни саветник 

Институт за физику у Београду 
 



МАРИЈА МИТРОВИЋ ДАНКУЛОВ 
 

 
Афилијација: Лабораторија за примену рачунара у науци, 
  Центар за изучавање комплексних система 
  Институт за физику у Београду;  
  Иновациони центар, Институт за физику у Београду 
Датум и место рођења: 7. мај 1981. године, Ћуприја, Србија 
Брачно стање: удата, једна ћерка 
 
ПРОФИЛ 

 
 
  
 
 
 
 
 

 

 
 
 
 
 
 
ОБРАЗОВАЊЕ 
 
2000-2005 Физички факултет, Универзитет у Београду 
 дипломирани физичар (2005). 
 
2005-2012  Физички факултет, Универзитет у Београду 
 Постдипломске студије на одсеку Физика кондензованог стања материје. 
 Дипломе: магистратура (2010) 
  Магистарска теза: Налажење отежињених подструктура и неким  
   реалним и компјутерски генерисаним комплексних  
   мрежама 
  докторат (2012) 
  Докторска теза:  Структура и динамика техносоцијалних мрежа 
 
 
РАДНО ИСКУСТВО 
 
2005-2009  истраживач приправник у Лабораторији за примену рачунара у науци, Институт 
 за физику у Београду 
 
2009-2012 истраживач приправник на Одсеку за теоријску физику, Институт Јожеф 

Штефан, Љубљана, Словенија  
 

 
Енергична, амбициозна и вредна особа коју карактеришу одличне 
организационе и комуникационе вештине. Поседује богато знање и 
искуство у области теоријске физике и у програмирању. Главна 
област њеног интересовања и истраживања је статистичка физика 
комплексних система и теорија комплексних мрежа, а посебно 
физика колективних социјалних феномена.  

Ауторка је 18 публикација у водећим часописима, једног поглавља у књизи и 30 предавања по позиву и 
саопштења на међународним научним скуповима. Број цитата на основу базе Web of Science је 217 (180 
без аутоцитата), h-индекс 9, док је број цитата на основу Google scholar 455, h-индекс 12. Пуна листа 
публикација дата је у прилогу. 



2012-2014 постдокторско усавршавање на Одсеку за биомедицински инжењеринг и 
рачунарске науке, Аалто Универзитет, Еспо, Финска 

 
2014-до сада научни сарадник у Лабораторији за примену рачунара у науци, Национални 

центар изузетних вредности за изучавање комплексних система, Институт за 
физику у Београду 

 
2014-до сада заменик руководиоца Иновационог центра Института за физику у Београду 
 
ПРОЈЕКТИ 
 
2006-2009 CX-CMCS: EU Centre of Excellence for Computer Modeling of Complex 
 Systems, ЕУ ФП6 пројект 
 
2006-2009 ОИ141035: Моделирање и нумеричке симулације комплексних физичких 
 система, Министарство науке Републике Србије, пројекти основних истраживања 
 
2009-2006 CYBEREMOTIONS-Collective Emotions in Cyberspace, ЕУ ФП7 пројекат 
 
2014-до сада ОН171017: Моделирање и нумеричке симулације многочестичних система 
 Министарство просвете, науке и технолошког развоја Републике Србије, пројекти 
 основних истраживања 
 
2014-до сада COST Action TU1305: Social Networks and Travel Behavior, члан менаџмент 
 комитета 
 
2015-до сада VI-SEEM, ЕУ Х2020 пројекат 
 
2017-до сада Upscaling Teslagram® technology based on variable and complex biological 
 structures for security printing, Програм сарадње науке и привреде, Фонд за 
 иновациону делатност Србије 
 
 
НАСТАВНО И ПЕДАГОШКО ИСКУСТВО 
 
2013-до сада ментор на докторским студијама (Јелена Смиљанић, Електротехнички факултет, 

Универзитет у Београду) 
 
2015 ментор на студентској пракси (Петар Тадић, Физички факултет, Универзитет у 

Београду) 
 
2008 асистент на Advanced School in High Performance and GRID Computing, ICTP, 

Trieste, Italy 
 
2007 асистент на Advanced School in High Performance Computing Tools for e-Science-

joint DEMOCRITOS/INFM-eLab/SISSA-ICTP activity, ICTP, Trieste, Italy 
 
 
ОДБОРИ, УРЕДНИШТВО, ПРОГРАМСКИ КОМИТЕТИ 
 
2009-до сада редовно рефереише радове у часописима PLoS One, Journal of Statistical 
 Mechanics (JSTAT), European Physical Journal B, Frontiers, Scientific Reports, 
 Applied Network Science, Computational Social Networks.   



 
2014 члан програмског комитета конференције 6th International Conference on 
 Information Technologies and Information Society ITIS 2014, 5.-7. новембар, 
 Шмајершке Топлице, Словенија 
 
2015-до сада члан уредништва за интердисциплинарну физику часопис Frontiers 
 
2015 члан програмског комитета конференције 1st Annual International Conference on 
 Computational Social Science 2015, 8.-11. јун 2016, Хелсинки, Финска 
 
2015 члан програмског комитета конференције 7th International Conference on 
 Information Technologies and Information Society ITIS2015, 4.-6. новембар 2015, 
 Ново Место, Словенија 
 
2016 члан програмског комитета конференције 2nd Annual International Conference on 
 Computational Social Science 2016, 23.-26. јун 2016, Еванстон, Илиноис, САД 
 
2016 члан програмског комитета конференције 3rd Conference on Sustainable Urban 
 Mobility – 3rd CSUM 2016, 26.-27. мај, Волос, Грчка 
 
2016 члан програмског комитета конференције 5th International Conference on Complex 
 Networks and their Applications – COMPLEX NETWORKS 2016, 30. новембар – 2. 
 децембар 2016, Милано, Италија 
 
2017 члан програмског комитета конференције Conference on Complex Systems 2017, 
 17.-22. септембар 2017, Канкун, Мексико 
 
2017 члан програмског комитета конференције  6th International Conference on 
 Complex Networks and their Applications – COMPLEX NETWORKS 2017, 29. 
 новембар – 1.  децембар 2017, Лион, Француска 
 
2017 члан програмског комитета конференције 2nd International Conference on 
 Complexity, Future Information Systems and Risk” - COMPLEXIS 2017, 24.-26. април 
 2017, Порто, Португал. 
  
2017-до сада члан Одбора Међууниверзитетског програма за истраживање одрживог развоја 
 Универзитета у Београду  
 
2017 уредник Frontiers Research Topic "Culturomics: Interdisciplinary Path Towards 
 Quantitative Study of Human Culture" часопис Frontiers  
 
 
ОРГАНИЗАЦИЈА 
 
2006 Организатор прве Студентске недеље у Београду, ISWiB, Србија, 30. 6. - 5. 7. 2006  
 
2011 Организатор конференције Cyberemotions – collective emotions in cyberspace, 
 Љубљана, Словенија, 20.-21. јануар 2011 
 
2013 Организатор конференције First annual meeting of  COST Action TD1210 
 KNOWeSCAPE - Analyzing the dynamics of information and knowledge 
 landscapes, Еспо, Финска,  18-20 новембар 2013 
 

 



 

МЕЂУНАРОДНА САРАДЊА 
 
2006-до сада  Одсек за теоријску физику, Институт Јожеф Штефан, Љубљана, Словенија  
 професор Босиљка Тадић 
 
2012-до сада Одсек за биомедицински инжењеринг и рачунарске науке, Аалто Универзитет, 
 Еспо, Финска, професор Санто Фортунато 
 
2012-до сада Одсек за физику чврстог стања, Саха институт за нуклеарне науке, др Арнаб 
 Чатержи 
 
2014-до сада Аалто Универзитет, Еспо, Финска, др Томи Каупинен 
 
2015-до сада Универзитет Технион, Хаифа, Израел, проф. др Пнина Плаут 
 
2015-до сада Унивезитет Милано Бикока, Милано, Италија, проф. др Силвана Стефани  
 
 
НАГРАДЕ И СТИПЕНДИЈЕ 
 
2005-2006   Министарство науке, Република Србија 
 
2004    Влада Краљевине Норвешке 
 
 
ЈЕЗИЦИ 
 
   српски-матерњи; енглески - одлично; словеначки - основни ниво;  

 
 

ПРОГРАМИРАЊЕ И ПОЗНАВАЊЕ РАДА НА РАЧУНАРУ 
 
 програмирање: C/C++, Pascal, Matlab, Mathematica, Python, shell scripts 
 
 напредни корисник Linux, Mac OS и Windows оперативних система, Grid 
 computing 
 
ОСТАЛЕ АКТИВНОСТИ 
 
 свира хармонику, завршила је Нижу музичку школу “Душан Сковран” у 
 Ћуприји, смер хармоника 
 ауторка је и научно-популарних чланка у часописима Млади физичар 
 (Друштво физичара Србије), Wavemagazine (www.wavemagazine.net) и Беседе 
 (Друштво српска заједница, Љубљана, Словенија) 
 глумила је у представи Зашто пишем песме (Друштво српска заједница, 
 Љубљана, Словенија) 



Листа публикација др Марије Митровић Данкулов за 
релевантан период за награду у часописима категорије М20 
 

1. Associative nature of event participation dynamics: A network theory approach 
J. Smiljanić and M. Mitrović Dankulov 
PLoS ONE 12, e0171565 (2017) 
Категорија: М21; ИФ=3.057 (подаци за 2015. годину) 
 

2. Topology of Innovation Spaces in the Knowledge Networks Emerging through 
Questions-And-Answers 
M. Andjelković, B. Tadić, M. Mitrović Dankulov, M. Rajković, and R. Melnik 
PLoS ONE 11, e0154655 (2016) 
Категорија: М21; ИФ=3.057 (подаци за 2015. годину) 
 

3. A Theoretical Model for the Associative Nature of Conference Participation 
J. Smiljanić, A. Chatterjee, T. Kauppinen, and M. Mitrović Dankulov 
PLoS ONE 11, e0148528 (2016) 
Категорија: М21; ИФ=3.057 (подаци за 2015. годину) 
 

4. Quantifying Randomness in Real Networks 
C. Orsini, M. Mitrović Dankulov, P. Colomer-de-Simón, A. Jamakovic, P. 
Mahadevan, A. Vahdat, K. E. Bassler, Z. Toroczkai, M. Boguñá, G. Caldarelli, 
S. Fortunato, and D. Krioukov 
Nat. Commun. 6, 8627 (2015) 
Категорија: М21а; ИФ=11.329 (подаци за 2015. годину) 
 

5. The Dynamics of Meaningful Social Interactions and the Emergence of 
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THE LONG ROAD TO SWEDEN
Scientists who publish prizewinning discoveries are, on average, waiting longer 
for a Nobel than ever before. 

Data points are 5-year-averaged waits; shading around lines shows confidence limits.
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Growing time lag 
threatens Nobels
The time lag between reporting 
a scientific discovery worthy of 
a Nobel prize and the awarding 
of the medal has increased, with 
waits of more than 20 years 
becoming common. If this trend 
continues, some candidates 
might not live long enough to 
attend their Nobel ceremonies.

Before 1940, Nobels were 
awarded more than 20 years after 
the original discovery for only 
about 11% of physics, 15% of 
chemistry and 24% of physiology 
or medicine prizes, respectively. 
Since 1985, however, such 
lengthy delays have featured 
in 60%, 52% and 45% of these 
awards, respectively.

The increasing average interval 
between reporting discoveries 
and their formal recognition can 
be fitted to an exponential curve 
(see ‘The long road to Sweden’), 
with data points scattered about 
the mean value.

As this average interval 
becomes longer, so the average 
age at which laureates are 
awarded the prize goes up. By 
the end of this century, the 
prizewinners’ predicted average 
age for receiving the award 
is likely to exceed his or her 
projected life expectancy (data 
not shown). Given that the 
Nobel prize cannot be awarded 
posthumously, this lag threatens 
to undermine science’s most 
venerable institution.
Santo Fortunato* Aalto 
University, Finland.
santo.fortunato@gmail.com
*On behalf of 6 co-authors; see 
go.nature.com/cmmxa5 for full list.

Livestock: tackle 
demand and yields
Among many otherwise laudable 
suggestions, Mark Eisler and 
colleagues propose limiting 
feedstuffs for livestock to fibrous 
fodder, such as grass and silage 
(see Nature 507, 32–34; 2014). 
However, we believe that any 
attempt to meet the rapid growth 

Livestock: limit red 
meat consumption
Mark Eisler and co-authors 
advocate eating only 300 grams 
of red meat a week (roughly 
the volume of three decks of 

in world demand for meat and 
dairy products by focusing on 
ruminant grazing systems would 
be damaging for biodiversity and 
for the global climate. 

Although ruminants convert 
grass and silage into animal 
protein, they do so inefficiently; 
they therefore require much more 
land to produce a given amount 
of meat or milk than ruminants 
fed on diets that include grain. 
Growing enough fodder to satisfy 
demand would require the large-
scale expansion of grazing lands 
(see go.nature.com/7mf63y) — a 
leading cause of biodiversity loss, 
tropical deforestation and carbon 
dioxide emissions.

The environmental impacts 
of meat and dairy production 
should instead be addressed 
by stringent efforts to decrease 
consumption, halt the expansion 
of grazing, and increase yields 
on land that is already used for 
livestock. Promoting extensive 
grazing without tackling demand 
would do more harm than good. 
Erasmus K. H. J. zu Ermgassen, 
David R. Williams, Andrew 
Balmford University of 
Cambridge, UK.
ekhjz2@cam.ac.uk

Zoo visits boost 
biodiversity literacy
Zoos and aquaria worldwide 
attract more than 700 million 
visits every year. They are 
therefore well placed to make 
more people aware of the 
importance of biodiversity — 
a prime target of the United 
Nations Strategic Plan for 
Biodiversity 2011–20.

We surveyed approximately 
6,000 visitors to 30 zoos and 
aquaria in 19 countries (see 
go.nature.com/vwf8yf). More 
respondents showed improved 
understanding of biodiversity 
after their visit (75.1% compared 
with 69.8% before) and more 
could identify an individual 
action that would bolster 
biodiversity after their visit 
(58.8% compared with 50.5% 
before).

Regrettably, increased 
awareness does not necessarily 
change behaviour. The world’s 
zoo and aquarium communities 
must also help to drive important 
behavioural and social changes to 
assist conservation.
Andrew Moss Chester Zoo, UK.
Eric Jensen University of 
Warwick, Coventry, UK.
Markus Gusset World 
Association of Zoos and 
Aquariums, Gland, Switzerland.
markus.gusset@waza.org

A protein that spells 
trouble
The gene CYLD is so named 
because one of its mutant forms is 
associated with cylindromatosis, 
which causes skin tumours. 

The CYLD protein is an 
enzyme; its active site in humans 
contains a cysteine residue at 
position 601 (denoted as C in the 
one-letter amino-acid code). The 
amino-acid sequence following 
this cysteine (C) is tyrosine (Y), 
leucine (L) and aspartate (D). 
What are the odds of that?
David Boone Indiana University 
School of Medicine — South 
Bend, Indiana, USA.
daboone@iu.edu

playing cards) as a step towards 
producing sustainable livestock 
(Nature 507, 32–34; 2014). That 
amount corresponds to 3.5–7% 
of a 2,000-calorie-a-day diet, 
depending on the cut and type 
of meat. Such a move would also 
make for a more equitable global 
distribution of animal-product 
consumption; these products 
comprise around 48% of the 
average diet in the United States, 
for example (S. Bonhommeau 
et al. Proc. Natl Acad. Sci. USA 
110, 20617–20620; 2013). 

Imposing a global dietary 
limit of 5% red meat as part 
of a 10% maximum for all 
animal-based products would 
enable more people to be fed 
using less land. For example, 
eliminating livestock and 
using existing agricultural 
lands to grow crops for direct 
human consumption instead 
of for livestock fodder could 
feed an extra 4 billion people 
(E. S. Cassidy et al. Environ. Res. 
Lett. 8, 034015; 2013), thereby 
reducing or eliminating the 
greenhouse-gas emissions and 
biodiversity loss associated with 
conversion of natural habitats. 
This would also reduce many 
other environmental impacts of 
agriculture that relate to the use 
of water, fertilizer and fossil fuels.
Brian Machovina, Kenneth 
J. Feeley Florida International 
University, Miami; and The 
Fairchild Tropical Botanic Garden, 
Coral Gables, Florida, USA.
brianmachovina@gmail.com
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Inferring human mobility using
communication patterns
Vasyl Palchykov1,2,3, Marija Mitrović1,4, Hang-Hyun Jo1,5, Jari Saramäki1 & Raj Kumar Pan1

1Department of Biomedical Engineering andComputational Science (BECS), Aalto University School of Science, P.O. Box12200, FI-
00076, Finland, 2Institute for Condensed Matter Physics, National Academy of Sciences of Ukraine, UA 79011 Lviv, Ukraine,
3Lorentz Institute, Leiden University, 2300 RA Leiden, The Netherlands, 4Scientific Computing Laboratory, Institute of Physics
Belgrade, University of Belgrade, Pregrevica 118, 11080 Belgrade, Serbia, 5BK21plus Physics Division andDepartment of Physics,
Pohang University of Science and Technology, Pohang 790-784, Republic of Korea.

Understanding the patterns of mobility of individuals is crucial for a number of reasons, from city planning
to disastermanagement. There are two commonways of quantifying the amount of travel between locations:
by direct observations that often involve privacy issues, e.g., tracking mobile phone locations, or by
estimations frommodels. Typically, suchmodels build on accurate knowledge of the population size at each
location. However, when this information is not readily available, their applicability is rather limited. As
mobile phones are ubiquitous, our aim is to investigate if mobility patterns can be inferred from aggregated
mobile phone call data alone. Using data released byOrange for IvoryCoast, we show that humanmobility is
well predicted by a simple model based on the frequency of mobile phone calls between two locations and
their geographical distance. We argue that the strength of the model comes from directly incorporating the
social dimension ofmobility. Furthermore, as only aggregated call data is required, themodel helps to avoid
potential privacy problems.

P
eople travel and move for a variety of reasons, including social, economic, and political factors. While
individuals may follow simple, recurrent patterns of movement, e.g., daily commuting, a more complex
picture emerges when all trajectories of a population are assembled together1. Understanding the principles

governing individual and collective movement is important for a number of reasons: for planning urban design2,
for forecasting and avoiding traffic congestion3, for mitigating infectious disease4–6, and for contingency planning
in extreme situations caused by disasters7,8. However, accurately determining the movement patterns in a
population is cumbersome and costly, and involves privacy issues.

There are two ways of inferring themobility patterns in a population: by direct measurement or bymodels that
predict population movement based on other observed data. Regarding the former, tracking the movement of
individuals using location data from mobile phones9–11 has emerged as a powerful alternative to traditional
methods such as traffic surveys12. In this case, the data set comes from the billing systems of mobile phone
operators, where the closest tower of each phone is recorded when a mobile phone is used. The resolution
problems caused by this are compensated by the large quantity and high quality of data13,14. However, there
are drawbacks to this approach: tracking the locations of individuals may be seen as a threat to privacy even when
the data is properly anonymised15.

The alternative approach to direct measurement is to usemodels that predict the average population behaviour
from (publicly) available information, such as census and population data. Perhaps the most famous example is
the gravity model16–18 that has been used to predict the intensity of a number of human interactions, including
population movement19–21 and mobile phone calls between cities22. In the gravity model, the intensity of inter-
actions between two locations (e.g., cities) is determined by their populations and distance (with proper scaling
exponents). Recently, it has been shown that a parameter-free model, the radiation model23, is able to predict
mobility patterns with improved accuracy; this model requires geospatial information on population size as an
input.

The applicability of the above-mentioned models is constrained by the availability of accurate population
information. This may become a problem e.g. for developing countries, where census data may be incomplete.
However, mobile phones are ubiquitous almost everywhere, and one might expect that mobile phone calls reflect
the social dimension of mobility – the amount of social ties between geospatial locations can be expected to
influence travel patterns. Therefore, the aim of this paper is to predict mobility patterns from mobile phone call
data alone, and examine models that would be applicable in a setting where accurate, up-to-date population
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information is not available. Furthermore, we focus on models that
only require aggregated call data, without needing to track individual
users. This has the obvious benefit of mitigating privacy-related
issues; additionally, the volume of required input data is smaller
and the aggregation can be easily done by the mobile operator that
owns the source data.
Our modelling and analysis is purely based on the Ivory Coast

mobile telephone data set24, originally released by Orange for the
Data for Development Challenge. This data set includes information
on mobile phone calls aggregated at the tower level during 140 days,
used as inputs for the models, and data on the trajectories of ran-
domly chosen individuals, used for developing the models and test-
ing their accuracy. There is no accurate, up-to-date geospatial
population information for Ivory Coast; the last census was con-
ducted in 1998, and there is no data available on mobility or migra-
tion within the country. In contrast, the telephone system in Ivory
Coast is well-developed by African standards with mobile phone
penetration above 83%25.
This paper is constructed as follows: first, we examine gravity laws

for average mobility and call frequency between locations. We then
proceed to show that mobility between two locations can be directly
estimated from the number of calls between the locations and their
distance. This holds at two levels of coarse-graining: between tower
locations in a major city and between cities. Finally, we study the
accuracy of predictions for individual pairs of locations, beyond
averages, and show that the number of calls between locations
appears to be a good predictor of the frequency of travel between
them. For reference, we also study variants of existing mobility mod-
els (the gravity and radiation models) where location-specific call
frequencies are used as inputs instead of population data; despite
applying these models beyond their intended range, they provide
fairly good predictions on average.

Results
Data set and coarse-graining. The data set comes in two parts: (i)
the number of calls between 1231 Orange towers in Ivory Coast for 5
months, and (ii) ten data sets on two-week individual trajectories of
50,000 randomly chosen users. From the trajectories, we aggregated
the mobility mij between locations i and j by counting direct
movements along the trajectories (see Methods for further details).
As it is reasonable to assume that communication and mobility

patterns are in general different for short and long distances, we
aggregated the data at two levels: (i) tower level for intra-city beha-
viour and (ii) city level for inter-city behaviour. The intra-city ana-
lysis consist of 5.1 million movements and 109 million calls between
all 298 towers located inside Abidjan, the largest city of Ivory Coast,
during 140 days. This comprises 31% of all calls and 50% of all
movements in the country. In this analysis the geographical unit –
referred to as ‘‘location’’ in the following – is the area covered by a
single tower. To analyse inter-city behaviour, we aggregated towers
that lie within a city boundary and consider calls and mobility
between cities. The resulting data contains 143 cities with 63 million
calls and 374 thousand movements between them during 140 days.
At both levels of analysis, we determine the number of calls, move-
ments, and the geographical distance between every pair of locations
(towers, cities). See Methods for further details.

Gravity laws: dependence of mobility and communication inten-
sity on distance.Webegin by investigating whether themobility and
communication intensities between two locations follow the gravity
law on average. In its general form, the gravity law states that

xij!
NiNj

daij
, ð1Þ

where xij is the intensity of interaction, e.g., calls, mobility, trade,
between locations i and j associated with populations of sizes Ni

and Nj, separated by a distance dij16–18. The exponent a governs the
distance dependence. Note that in the most general form of the
gravity law, Ni and Nj are also associated with an exponent; here
for simplicity we assume a linear dependence. For our data, we
study the intensities of mobility mij and communication cij
between locations i and j. These are defined as the average number
of weekly movements and calls between them, respectively. As a
proxy of the population Ni, we take the total number of weekly
calls si made and received at location i.
The variation of the scaled mobility intensity,mij/sisj, with respect

to the distance dij is shown in Fig. 1 for the tower and city levels of
coarse-graining (panels A and B, respectively). In both cases, the
gravity law holds on average and

mij

sisj

! "
!d{c

ij , ð2Þ

where c< 2.14 for the intra-city level and c< 2.54 for the inter-city
level. Panels C and D display a similar plot for the scaled commun-
ication intensity that is also seen on average to follow the gravity law:

cij
sisj

! "
!d{d

ij , ð3Þ

where the distance exponents are d< 1.20 for the intra-city level and
d < 1.48 for the inter-city level. It is worth noting that both expo-
nents c and d are smaller for the intra-city level, indicating differ-
ences in communication and travel patterns within and between
cities: within a city, the spatial distance appears to play a less import-
ant role than it does between cities.
The two gravity laws discussed above suggest that the following

relationship might also hold:

mij

cij

! "
!d{b

ij , ð4Þ

where b5 c2 d. This is indeed the case, as seen in Fig. 1 (E,F) where
Æmij/cijæ follows a power-law dependence on dij. For both intra- and
inter-city levels, we find the exponent b< c2 d (see Table I). These
results suggest that there are two possible ways of inferring the
intensity of mobility between locations i and j from call data: using
the distance and either (i) the total call numbers at both locations si
and sj (Eq. 2), or (ii) the total number of calls between the locations cij
(Eq. 4). The prediction accuracy of these two models will be assessed
in in the section ‘‘Prediction accuracy’’ below.
It is worth noting that both for intra- and inter-city levels, the

exponent b < 1. This does not directly result from Eqs. (2) and
(3). One possible argument for the observed value of b is as follows:
the cost of a single trip, measured in e.g. time or money, between two
towers/cities i and j can be assumed to depend linearly on their
distance, dij. This means that the total cost of all movements between
i and j is proportional tomijdij. However, the cost of communication
is independent of distance. If one further assumes that the total cost
of movement is balanced by the total benefit brought by social ties,
linearly reflected in cij, we have mijdij , cij and thus the value of
exponent b5 1. In this interpretation, the communication exponent
d is directly related to a decrease in the number of social ties as
function of distance, whereas c captures a combination of cost assoc-
iated with travel and the decrease in the number of social ties.

Models for estimating mobility based on call data. The results of
the previous section indicate that on average, the mobility intensity
mij between two locations i and j can be estimated using the gravity
model

mG
ij ~kG

sisj
dcij

, ð5Þ

where kG is a normalization constant obtained by equating the
total numbers of expected and observed movements, i.e.,
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X
ij
mij~

X
ij
mG

ij . Thismodel takes the communication intensities

si and sj at both locations as inputs in addition to the distance dij. As
an alternative we propose the communication model

mC
ij~kC

cij
dbij

, ð6Þ

based on the communication intensity cij between the locations. The
normalization constant kC is obtained as before. The values of the
exponents c and b are taken from Table I.
For comparison, we also study a modified version of the radiation

model23, originally designed to predict mobility between locations i
and j with the help of data on population density in the surrounding
area. Again, we modify the model such that only call and distance
data is required as input. To this end, we assume that the number of
calls in a given location is an unbiased estimate of population density,
similarly to the gravity model. Note that this assumption may not
necessarily hold, since mobile phone penetration may correlate with
socioeconomic factors. Further, we assume that the number of trips
that begin (end) at location i (j) is proportional to si (sj). Then, the
radiation model formula can be rewritten as

mR
ij~kR

s2i sj
sizsij
! "

sizsjzsij
! "

"
z

sis2j
sjzsji
! "

sjzsizsji
! "

#
: ð7Þ

Here sij denotes the total number of calls made within a circle of
radius dij centred at i, excluding locations i and j, and kR is a nor-
malization constant.

Prediction accuracy. To assess the actual predictive power of the
models beyond averages, we compare the actual mobility intensity
mij, obtained from the trajectory data set, with the estimates given by
themodels for each specific pair of locations i and j. This comparison
for the communication model, the gravity model, and the radiation
model is shown in Fig. 2. The gray dots correspond to predicted
versus actual mobility for each pair of locations, and the boxes
(whiskers) correspond to the region between 25th and 75th (9th
and 91st) percentiles.
It is clear from the figure that allmodels give on average reasonable

predictions. However, the gravity and radiation models display
higher levels of variance between the predicted and actual mobility
intensities. In particular, the prediction accuracy of the gravitymodel
is relatively poor for the inter-city mobility, and the radiation model
performs the worst for the intra-city mobility. The latter is not sur-
prising, as the radiation model was originally not designed for pre-
dicting short-range travel patterns within cities. Further, the original
radiation model requires accurate geospatial population informa-
tion, and simply equating population size within an area with the
number of calls can be expected to give rise to errors.
The level of observed variance implies that in addition to compar-

ing averages, it is important to compare the expected and observed
mobility between individual pairs of locations. As the first step, we
determine the Spearman correlation coefficients rC,G,R between mij

and mC,G,R
ij . Table II shows that the correlation is higher for the

communication model than for the gravity and radiation models
for both levels of coarse-graining (intra-city, inter-city). In general,

Figure 1 | Dependence of the intensities of interaction on distance. The number of (A,B) movements per strength product mij/sisj, (C,D) calls per
strength product cij/sisj, and (E,F)movements per callmij/cij decrease with distance between i and j for both intra-city and inter-city analyses. Each grey dot
indicates a pair of locations, and circles correspond to the average log-binned behaviour. Solid lines show the fitted power-law decaying behaviour.
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in terms of the Spearman coefficient, predictions of all models are
more accurate for intra-city mobility than for inter-city mobility.
Finally, we consider the differences between the observed and

predicted mobilities by measuring their relative deviations. For all
the threemodels, we define the relative deviations dC,G,R

ij between the

observed mij and predicted mC,G,R
ij as

dC,G,R
ij ~

mC,G,R
ij {mij

mC,G,R
ij zmij

, ð8Þ

where dij takes values between 21 and 1. A deviation of dij 5 0
implies exact prediction by the model for the pair of locations i
and j, whereas negative (positive) values indicate under- (over-)
estimations. We only determine dij for those pairs of of i and j for
which mij ? 0.

The probability distributions P dC,G,R
! "

shown in Fig. 3 confirm

the above finding that out of the studied three models for inferring
mobility from call data, the communication model has the highest

accuracy of prediction. The distribution P dC
! "

is well centred

around zero, whereas especially for inter-city mobility the distribu-

tions P dG
! "

and P dR
# $

show a bias towards under-estimation. In

more detail, for intra-city mobility, the fractions of location pairs
with deviations d g [20.25, 0.25] are 13% for the radiation model,
42% for the gravity model, and 51% for the communication model.
For inter-city mobility, the corresponding fractions are 20%, 17%
and 33%. Note that for the gravity model, in spite of the fact that
the average Æmij/(sisj)æ follows a d{c

ij -dependence (Fig. 1A,B), there is
still a significant amount of under-estimation. This indicates that
there is a broad distribution of the values of Æmij/(sisj)æ for a given
distance, and the average value is not always a good estimator.

Discussion and conclusion
The goal of this paper has been to investigate simple models that
predict the intensities of mobility between two locations on the basis
of mobile phone call data and their geospatial distance. The motiva-
tion behind this is to provide ways of predictingmobility in situations
where accurate information of population size at each location is not
available; furthermore, the focus is on aggregated call data,mitigating

Table I | The estimated values of exponents c (Eq. 2), d (Eq. 3), and
b (Eq. 4) for the tower and city levels of coarse-graining. The
values and their standard errors have been obtained by least
square fitting to logarithmically binned data

Level c d b

intra-city (tower level) 2.14 6 0.05 1.20 6 0.04 0.98 6 0.02
inter-city (city level) 2.54 6 0.05 1.48 6 0.05 1.08 6 0.05

Figure 2 | Comparison between observed and predicted human mobility. The expected mobility intensities (A,B) mC
ij for the communication

model, (C,D) mG
ij for the gravity model, and (E,F) mR

ij for the radiation model are plotted against the mobility intensities observed in data mij. The
left panels (A,C,E) correspond to the intra-city analysis and right panels (B,D,F) correspond to inter-city analysis. The boxes provide the region between
25th and 75th percentiles, and the whiskers correspond to 9th and 91st percentiles of logarithmically binned data. A box is colored green if for a given bin
the line y 5 x lies between the 9th and the 91st percentiles of the expected distribution; otherwise it is colored red.
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the need to track movement patterns of individual phone users. Our
study is based on call and mobility data released by Orange for Ivory
Coast; note that it would be important to verify the findings with data
from other countries.
We have tested three models that only take aggregated call data

and geospatial information as inputs: the well-known gravity model,
the communication model based on the number of calls between two
locations, and a modified version of the radiation model. While all
models on average capture the real mobility patterns derived from
call data with location information, a more detailed analysis of the
prediction accuracy at the level of individual locations reveals that
the communicationmodel is themost accurate out of the three tested
models in this setting.
Note that the gravity and radiation models were originally

designed to use geospatial population information as input para-
meters. Since our aim has been to study mobility models in a setting
where such information is not available, we have simply taken the
number of calls at a given location as a proxy of the population size.
Therefore we do not claim that the communication model would
outperform other models in a situation where they could be applied
as their designers intended. Also note that our modeling target – the
mobility pattern – is also derived from mobile phone records, and
geospatial biases in mobile phone usage might influence the results.
Hence, it would be useful to verify the accuracy of the communica-
tion model for a case where there are alternative sources of mobility
information.
The likely reasonwhy the communicationmodel works well is that

it directly incorporates geospatial information on social ties and
human relationships. It has been observed earlier that individuals
tend to travel to locations where they have social bonds8; further-
more, once under way, it is reasonable to assume that people make
calls back home. Because of this, the aggregated intensity of com-

munication between two locations should contain information on
the mobility patterns as well. Then, in the first approximation one
might assume that the frequency ofmovement between two locations
is directly proportional to the intensity of communication. Further,
the simplest way to incorporate the fact that larger distances imply
larger travel costs (in terms of time or money) is to assume that
mobility is inversely proportional to distance. These two components
directly yield the communication model: mij / cij/dij.
It is worth noting that in general, in gravity laws of human inter-

action, the distance dependence is associated with some exponent a.
This is also seen in our analysis of the gravity laws for mobility and
communication intensity, where the exponents were seen to depend
on the level of coarse-graining, i.e., intra-city or inter-city. However,
for both levels, the inverse distance dependence of the communica-
tionmodel is approximately linear, i.e., the exponent equals one. This
suggests universality and calls for analysis of similar data sets from
different countries.

Methods
Communication and mobility data. The data set24 consists of 2.5 million call detail
records of customers for a single provider (Orange) in Ivory Coast betweenDecember
1st, 2011 and April 28th, 2012. The communication data used in this paper contains
the number of calls as well as their aggregated duration between all pairs of 1231
towers, i.e., mobile base stations. The geographical locations of the towers were also
provided. The temporal resolution of the data set is one hour.

Themobility sample consists of ten data sets of trajectories of individual users, each
for 50,000 randomly chosen users. Each trajectory corresponds to the subscribers’ call
locations during a two-week period. The locations were recorded every time a call was
made and correspond to the position of the tower that transmitted the call. The data
sets represent consecutive two-week periods, beginning in December 5, 2011.

Determining city boundaries. As the locations of the cell-towers were provided, we
used reverse geocoding26 to determine the city inwhich the tower is located. Themean
longitude and latitude of all towers within a city defines the centre of the city. This
location was used to calculate the inter-city distances. Out of the 1231 mobile phone
towers, 686 are located within city boundaries (with 298 of them in the largest city,
Abidjan). The total number of cities with at least a single tower is 143.

Determining direct movements. Given the individual trajectories of users, a variety
of methods have been developed to extract different aspects of human mobility13.
Here, we consider direct movements that correspond to any consecutive changes in
the location of a user. Formally, direct movements are defined as follows: if the user
made a call from location i at some time t and j is the location of the next call at t9 . t,
there is a direct movement from i to j if j? i. By aggregating this information for all
users we determine, the total number of direct movements between all pairs of
locations. The locations can correspond either to towers (intra-city analysis) or to
cities (inter-city analysis). Note that for inter-city analysis, only towers located within
city boundaries are considered. Thus, all calls and direct movements to locations
between cities are ignored.

Table II | Spearman correlation coefficient between the observed

and predicted mobility values for the three models. For both intra-

city and inter-city analyses the communication model shows larger

correlation values than gravity and radiation models. The signifi-

cance of the difference in the correlation is indicated by the p-values

Level rCs rGs rRs pðrCs wrGs Þ pðrCs wrRs Þ

intra-city (tower level) 0.87 0.81 0.82 ,1024 ,1024

inter-city (city level) 0.74 0.67 0.67 ,1024 ,1024

Figure 3 | Relative deviation between the observed and predictedmobility values for the threemodels.Distribution P dC,G,R
ij

! "
of the relative deviations

dC,G,R
ij (Eq. 8) for (A) intra-city and (B) inter-city mobility.
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Data filtering. Users may be located in areas covered by several towers. In this case,
the calls made by users at the same location can be handled by different neighbouring
towers. This phenomena of switching of mobile phone calls between towers is called
handover and it may give rise to artefacts in mobility and communication. For
instance, let us consider an immobile user located in the boundary area covered by two
towers i and j. If one of the calls of this user was served by tower i and the subsequent
call by tower j, the data will indicate movement of the user from tower i to tower j.
Similarly, the number of calls between neighbouring towers might also get biased. To
get rid of this artefact, we excluded all pairs of neighbouring towers from our analysis.
As the towers are heterogeneously distributed (higher concentration in densely
populated areas and lower concentration in rural zones), neighbouring towers were
identified by a distance-independent approach. To do this, we first computed the
Voronoi diagram around each tower. The towers having a common edge in their
Voronoi cells are defined as the neighbouring towers. We also excluded the
communication andmobility between the towers that are located within 1meter from
each other (e.g. two base stations serving a busy area). Further, only pairs of locations
with more than one call per day (on average) were considered.
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23. Simini, F., González, M. C., Maritan, A. & Barabási, A.-L. A universal model for

mobility and migration patterns. Nature 484, 96–100 (2012).
24. Blondel, V. D. et al. Data for development: the d4d challenge on mobile phone

data. arXiv, 1210.0137 (2012).
25. Cote d ivoire (ivory coast) - telecoms, mobile and broadband - market insights,

statistics and forecasts. http://www.budde.com.au/Research/Cote-d-Ivoire-Ivory-
Coast-Telecoms-Mobile-and-Broadband-Market-Insights-Statistics-and-
Forecasts.html (2014) Date of access: 2014-07-10.

26. Reverse geocoding. https://developers.google.com/maps/documentation/
javascript/examples/geocoding-reverse (2013) Date of access: 2013-01-05.

Acknowledgments
We thank the operator France Telecom-Orange and the ‘‘Data for Development’’
committee for sharing the mobile phone dataset and organizing the D4D challenge. We
acknowledge the support by the Academy of Finland, project no. 260427 (JS, RKP) and
Aalto University postdoctoral program (HJ). VP was supported by TEKES (FiDiPro). MM
was supported in part by the Ministry of Education, Science, and Technological
Development of the Republic of Serbia under project no. ON171017. We also acknowledge
the computational resources provided by Aalto Science-IT project.

Author contributions
V.P., M.M., H.J., J.S. and R.K.P. designed the research and participated in the writing of the
manuscript. V.P., M.M., H.J. and R.K.P. analysed the data and performed the research.

Additional information
Competing financial interests: The authors declare no competing financial interests.

How to cite this article: Palchykov, V., Mitrović, M., Jo, H.-H., Saramäki, J. & Pan, R.K.
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The dynamics of meaningful social 

interactions and the emergence of 

collective knowledge

Marija Mitrović Dankulov1,2
, Roderick Melnik

3 & Bosiljka Tadić1

Collective knowledge as a social value may arise in cooperation among actors whose individual 

expertise is limited. The process of knowledge creation requires meaningful, logically coordinated 

interactions, which represents a challenging problem to physics and social dynamics modeling. By 

combining two-scale dynamics model with empirical data analysis from a well-known Questions & 

Answers system Mathematics, we show that this process occurs as a collective phenomenon in an 

enlarged network (of actors and their artifacts) where the cognitive recognition interactions are 

properly encoded. The emergent behavior is quantified by the information divergence and innovation 
advancing of knowledge over time and the signatures of self-organization and knowledge sharing 

communities. These measures elucidate the impact of each cognitive element and the individual 

actor’s expertise in the collective dynamics. The results are relevant to stochastic processes involving 

smart components and to collaborative social endeavors, for instance, crowdsourcing scientific 
knowledge production with online games.

In modern statistical mechanics1, it has been recognized that the collective phenomena arise from inter-
actions among the elementary units via a spontaneous transition to an organized state, which can be 
identified at a larger scale2,3. Recently, this unifying principle is gaining importance in other natural 
sciences, for instance for elucidating organization in living systems4–8, emergence of coherent activity 
in neuronal cultures9, and developing computational social science10. In social systems, interactions and 
cooperations among actors can lead to the recognizable collective behavior, for instance, the develop-
ment of collective knowledge11, appearance of common norms12 or language13. The quantitative study 
of the stochastic processes underlying these social phenomena utilizes the methods of statistical physics 
supported by analysis of the plethora of online empirical data. Some illustrative examples are the appear-
ance of good and bad conduct in online games14 and groupings induced by the exchange of emotional 
messages on social sites15–18. However, a deeper understanding of the mechanisms of collaborative social 
endeavors11,19,20 remains a serious challenging problem in physics and social dynamics modeling.

The building of collective knowledge via social interactions is a subtle phenomenon that requires both 
cognitive elements and an organized effort to solve a particular query. In this stochastic process, the 
social system that enables transfer of knowledge and the cognitive subsystem are dynamically interlinked 
and influence each other at a microscopic scale21. In the relational epistemology, the exchange of values 
is an essential factor that permits the emergence of a collective value via interaction and cooperation 
among equal individuals22. In this concept, the collective knowledge is neither an entity over individuals 
nor their sum, rather, it is a property of the particular relations among the interacting actors. It reflects 
the actions of each individual as a meaningful, adjusted to the actions of others by means of new opera-
tion; its reciprocity and the acceptance of the confirmed values lead to a cooperation “that has a logical 
structure isomorphic to logical thought”22. On the practical side, modern information communication 
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technologies (ICT) provide a suitable platform for knowledge building via social dynamics23,24. These 
systems aim at transferring the expertise and tacit knowledge that reside in the minds of individuals into 
a form of collective knowledge. Through ICT, the individual’s knowledge is shared or “externalized”21. 
Also, the fragile relational state, where the knowledge is dynamically experienced within a community, 
is actualized as a collection of mutually related digital artifacts. When a systematic tagging is applied to 
these artifacts, a form of “explicit” knowledge appears, from which others can learn21. For this reason, the 
emergence and quality of the collective knowledge crucially depend on the microscopic mechanisms, by 
which a particular cognitive element and an individual actor’s expertise contribute to the self-organized 
process.

We develop a new approach that explains how the collective knowledge emerges in Questions & 
Answers (Q&A) communications. We utilize the concept of two-scale dynamics that enables defining a 
correct microscopic model of interactions between social and cognitive elements, and confirm its pre-
dictions by quantitative analysis of the empirical data from a well-known Q&A system. The elementary 
units in the process, actors, and questions that they post or answer contain sub-elementary units—cog-
nitive elements, which describe the actor’s expertise and the questions’ cognitive contents. Their dynam-
ics strictly obeys the cognitive recognition rules, thus influencing the dynamics at the social level of 
actors. We quantitatively describe the knowledge-creation process from the elementary interactions to 
mesoscopic and global level. The statistical signatures of the collective dynamics depend on the range 
of the actors’ expertise, which can be extracted from the empirical data and varied in the simulations. 
The impact of cognitive elements in the empirical data is further confirmed by methods of information 
theory while the occurrence and structure of communities are visualized by graph theoretic techniques.

Results

Fine-grained dynamics and cooperation. All our exemplifications are provided based on the anal-
ysis of data in mathematics from the system known as Mathematics which has become a universal clear-
inghouse for Q&A in the field25. In the data, the cognitive element of each artifact (question, answer or 
comment) has been systematically tagged according to the standard mathematics classification scheme. 
In addition, the fact that a unique identity is known for each actor (user) and each artifact together with 
the high temporal resolution of the data enable a detailed analysis of the underlying stochastic process. 
Assuming that the cognition-driven events occurred, we determine a set of tags as expertise of each 
user in the considered dataset. The dataset and the procedure are described in Methods. In the model 
(Supplementary information, SI), the actors (agents) have a defined range of expertise. Minimal match-
ing of the expertise of an answering agent with the tags of the answered question is strictly obeyed. The 
considered agents have the activity patterns statistically similar with the patterns of users in the empirical 
data while their expertise is varied.

In the process, which is schematically depicted in Fig. 1a, an actor (U) posts a question (Q), which 
may receive answers or comments (A) by other actors over time. Subsequently, new Q and the already 
present Q&A are subject to further answers, and so on. Representing each action by a directed link, this 
process co-evolves a bipartite network, where actors are one partition and Q&A form another partition. 
An example of a single-question network from the empirical data is shown in Fig.  1b. The cognitive 
content of each question is marked by up to 5 different tags, which thus specify the required expertise of 
the answering actors. Matching by at least one tag is required. The actor’s expertise is transferred to its 
answer. The excess expertise of the involved actors leads to the innovation26–28 and an accumulation of 
expertise around a particular question. At the same time, it extends the sample space of matching events, 
thus accelerating the process in a self-organized manner.

The quantitative measures displayed in Fig. 1(c–f) signify a highly cooperative process with the cog-
nitive elements encoded by tags in the empirical dataset. Specifically, the entropy in Fig.  1f shows a 
distinctly non-random pattern of the appearance of each tag. In accordance with the entropy, the use of 
different contents shows temporal correlations. The distribution of time intervals between consecutive 
events with a particular tag ranges over five decades, Fig. 1d, suggesting a variety of roles that different 
cognitive elements play in the process. The dynamics of tags closely reflects the heterogeneity of the 
users’ activity profile and their expertise. Figure 1d also shows the broad distribution of the interactivity 
time of a particular user; the presence of a daily cycle is characteristic of online social dynamics15,17. 
The long delays between actions of some users, contrasted with a frequent activity of others, yield the 
power-law distribution of the number of activities Ni per user (Fig. 3a in SI). Further, the role of each 
user in the process can be distinguished. For instance, in Fig. 1c, the probability for posting questions 
gi decays with the number of the user’s actions Ni. Essential for the cognitive process, however, is the 
broad range of the user’s expertise. As discussed in Methods, it is measured by the entropy distribution 
shown in Fig. 1e. While the majority expertise includes between one and four tags, few individuals have 
an activity record for a large number of topics. Consequently, the appearance of a particular combination 
of cognitive elements shows a complex pattern. All distinct combinations of tags found in the dataset 
obey Zipf ’s law, see Fig. 2. It is a marked feature of scale-invariance in the collective dynamics28,29. The 
ranking distribution of individual tags is also broad, Fig. 2 in SI. Furthermore, by directly inspecting 
the related time series, Figs 4 and 5, we find that an actively self-organized social process underlies the 
observed dynamics of cognitive elements.
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Figure 1. Tags-matching illustration and the activity patterns of users and tags in Mathematics.  
(a) Schematically shown a sequence of events with matching of tags (colored boxes) between actors’ 
expertise (displayed as a particular set of tags above blue circles—actors, Ui), the answers Aj, and questions 
Qj containing the tags of the related actor’s expertise. The direction of lines towards/outwards each actor 
indicates the process of reading/posting event. (b) Bipartite network of users (blue) and answers (red) at a 
favorite question (big red node). (c) Probability gi of posting a new question by the user i plotted against its 
total activity Ni, averaged over all users in the dataset. (d) The distributions of the interactivity time ∆ T for 
users and tags. (e) The distribution of the user’s expertise entropy Si averaged over all users in the data.  
(f) Each point indicates the entropy related with the probability of the appearance of a particular tag along a 
sequence of m time intervals, where m is the tag’s frequency. Lower set of points represents the entropies for 
all tags computed from the sequence of events in the empirical data while the upper set is obtained from its 
randomized version.

Figure 2. Innovation growth by the actor’s expertise. Main panel: The number of new combinations of 
tags CT(N) at questions including answers to them is plotted against increasing total number of artifacts N. 
The curves 0 · · · 4 are for the empirical data and simulations where the number of the agent’s expertise is 
fixed as follows: (ExpS), 2S-tags expertise where S is taken from the distribution in Fig. 1e, and (Expn), n-
tags expertise where n =  4, 3, 2. Inset (a) Increase of the knowledge at a particular question EQ(t) over time 
t for diverse distributions of expertise as in the central panel. Inset (b) Ranking distribution for frequency of 
new combinations of tags appearing in questions and the related answers for (0) the empirical data and (1) 
simulation in the case ExpS.
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Figure 4. Clustering of events with cognitive contents. (a) Sequences of clustered events (avalanches) of 
the size Sλ against the cluster’s index λ. Different colors indicate the sequences identified in the empirical 
time series and time series simulated for various ranges of the agents’ expertise. (b) Distribution of the 
first returns scaled by the standard deviation σ of the corresponding sequence (matching color). Full line 
indicates q-Gaussian curve with the parameter q =  2.4. For a comparison, the curve with q =  1.8 is shown 
(dashed line), corresponding to the case of chat channel dynamics studied in15.

Figure 3. Measuring the impact of a particular cognitive content (κ-tag). Likelihood Oκ(K) for four most 
active tags (a) and Information divergence Iκ(K) for 30 most active tags (b) are plotted against the time-
window index K.
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Advance of innovation. In the present context, the innovation is measured by appearance of new 
combination of tags CT(N) with the addition of artifacts N, Fig. 2. The universal Heaps’ law, CT(N) ~ Nα, 
and the related29 Zipf ’s law shown in the inset (b) of Fig. 2, obtained from the empirical data are sup-
ported by the simulations. Here, the innovation is directly given by the excess expertise of the active 
agents. Thus, the accumulation of expertise at a given question depends on the population of experts; it 
is slower when, e.g, each agent has two-tags expertise than in the case of four-tags expertise, inset (a) of 
Fig. 2. In contrast, no increase in innovation is observed when each agent possesses a single-tag expertise.

Information divergence. To examine the influence of a particular cognitive element (tag) in the 
process, we define a set of conditional probability measures and compute the discrete Kullback-Leibler 
information divergence from the sequence of question-answer events in which that tag is present, Fig. 3. 
The empirical data are divided into a series of one-day time windows. In what follows, we use the time 
window index K, which runs in our examples as K =  1, 2, · · · 1498. As the activity on a particular question 
or answer typically extends over many time windows, for K ≥2 the space of events QK for questions in 
the Kth window also includes Q&A which were active in the (K −1)th window, while only new answers 
in the Kth window make the sample space AK for answers. By focusing on the time-line of the tag 
κ, which annotates a particular cognitive content, four conditional probabilities, which are defined in 
Methods, are determined in every time window K. The information divergence30–32, defined as I(P(κ|AK, 
QK)||P(κ|QK)) ≡  Iκ(K) within the time window K, is computed by
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It determines the information gain about the κ-tag that is present in questions QK if the answers AK 
are known. Using the chain relation P(κ|AK, QK)P(AK|QK) =  P(AK|κ, QK)P(κ|QK), it can be expressed as 
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K K  is a measure of the likelihood that the presence of the κ-tag in 
questions triggers answers within the time window K. We compute Oκ(K) for four most frequent tags, 

Figure 5. Persistent fluctuations in answering activity in data and in simulations. (a) In the empirical 
dataset, time series of new users p(t), and time series of the number of answers and comments, and the 
number of events involving a particular tag (“calculus”). (b) The fluctuations F2(n) ~ nH around the local 
trend are plotted against the time interval n for time series in (a) as well as their trends, and time series 
involving a particular tag: LA—“linear algebra”, RA—“real algebra”, Prob—“Probability”. (c) and (d) Time 
series and their fluctuations in the simulations: time series of the number of all answers, and the number of 
answers containing a particular tag no.2, as well as series containing a particular combination of eight tags 
R2(8), one-tag, R5(1), and two tags combination, R100(2), all for the distribution of expertise ExpS, and the 
answers containing tag no.12, in the case of Exp1. Lines are shifted vertically for better display. On each line, 
the scaling region is indicated by a straight line, whose slope gives the displayed value of the exponent H 
within error bars ± 0.009.
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Fig. 3a, in the sequence of time windows K. A significant difference among tags is apparent; for instance, 
“real analysis” triggers more activity than “linear algebra”, but still less than “calculus” and “homework” 
tags.

In view of Eq. (2), the information divergence is expressed (apart from a multiplicative factor smaller 
than one) as the negative of a relative entropy, which measures the information loss when the proba-
bility of answers to questions containing a given cognitive content κ is approximated by the probability 
of answers to all questions. This probability is expected to increase with the accumulation of expertise 
around each question over time. Consequently, the information divergence tends to zero for a sufficiently 
large time. Iκ(K), computed for 30 leading tags in the empirical data, Fig. 3b, levels to zero for the major-
ity of tags at large K. However, in the case of four tags, for which the increase in the likelihood of new 
activity occurs, Fig. 3a, the information divergence still decreases within the entire time interval in the 
empirical data, four marked curves in Fig. 3b. Note that these topics of a broad interest often combine 
with new tags, i.e. via the expertise of new arrivals. In this way, triggered answers that match these new 
tags expand the sample space AK, which keeps the information divergence finite. This feature is compat-
ible with the innovation growth, reported in Fig. 2. Accounting the contribution of each particular tag 
in the knowledge creation, the results of information divergence complement the statistical measures in 
Fig. 1 and support the occurrence of Zipf ’s law.

Signatures of self-organization in the social process. The constraints of cognitive recognition at 
the level of tags affect the social process between actors as well as the structure of the co-evolving net-
work. The time-series analysis is used to uncover prominent features of the coherent fluctuations in this 
process. We determine the fractal characteristics (see Methods) of the activity time series. In particular, 
we consider the time series of the number of all answers to the existing questions per time step as well 
as the time series of such events that contain a particular cognitive element. The results, Fig. 4, reveal 
that the clustering of events (avalanches) occurs as a distinguishing feature of self-organized processes. 
In addition, a high persistence is observed in the temporal fluctuations, both in the empirical data and 
simulations for a varied range of the agent’s expertise, Fig. 5. Measured by Hurst exponent (H >  0.5), a 
similar persistence was found in the processes of thematic discussions15. While somewhat lower Hurst 
exponents characterize the fluctuations in prototypal online social interactions17 and market dynamics33.

Several sequences of clustered events, determined (see Methods) from the corresponding time series, 
are reported in Fig.  4a. Considering a particular sequence, the avalanche size differences (returns) 
dλ =  sλ+1 −  sλ, λ =  1, 2 · · · λmax are found to exhibit non-Gaussian fluctuations. Fig. 4b shows the uni-
versal plot of the distributions for the appropriately scaled returns. It turns that the q-Gaussian expres-
sion f(x) =  a[1 −  (1 −  q)(x/b)2]1/(1−q), which was observed in a variety of complex dynamical systems34–37, 
well approximates these distributions (see Fig. 4 in SI). Interestingly, the values36 for the nonextensivity 
parameter q obtained in these cognitive-driven processes are higher compared with the corresponding 
parameter in emotion-driven social dynamics15.

The considered time series and the results of their fractal analysis for the empirical data and simula-
tions are reported in Fig. 5a–d. Note that the rate of new arrivals in the empirical data, p(t), is also used 
as a creation rate of new agents in the simulation (see Methods). It exhibits distinct temporal correla-
tions, which are carried out from the user’s real life. In this case, p(t) also shows an increasing trend that 
eventually yields the increase in the entire activity over time both in the empirical and simulated data, 
Fig. 5a,c. Hence, the detrended fractal analysis is performed, as described in Methods. Shown in Fig. 5b, 
the fluctuations in the number of answers containing all tags in the empirical data are characterized by 
the scaling exponent H =  0.85 ±  0.07. Similarly, persistent fluctuations with the exponents in the range 
H ∈  [0.62, 0.68] are found in the series of selected events that contain a particular tag. The results of an 
analogous analysis of the simulated data are shown in Fig. 5d. The time series of the number of answers 
with all tags and series containing a particular tag have the scaling exponents that are slightly higher, 
implying a stronger persistence, compared with the corresponding series of the empirical data. Here, 
we also consider temporal activity of three identified combinations of tags, three bottom curves, which 
exhibit a similar scaling behavior. These results show that the enhanced self-organization among actors 
emerges in the interactions with tag recognition, which is mandatory in the model, and, to a large extent, 
applies to the empirical data.

Knowledge-sharing communities. The coevolving bipartite networks, Fig.  6, emerge in vari-
ous scenarios in the simulations and empirical data. Note that these networks are different from the 
single-question graph in Fig. 1b. In this case, each actor is a separate node while a compressed infor-
mation on a particular question including all answers related to that question represents a single node 
of the question-partition. The structure of communities detected in these networks clearly stresses the 
importance of the actor’s expertise. In particular, in the case Exp1, the communities containing a spec-
ified single expertise grow as independent clusters, Fig. 6b. The situations when the agents have more 
than one expertise permit formation of larger communities of agents and questions. For a broad range 
of the agents’ expertise, the compact communities grow resembling the ones in the empirical data (see 
also Fig. 5 in SI). It is interesting to note that a dominant node representing a very active knowledgeable 
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actor appears in each community. On the contrary, the pattern of communities is entirely different when 
the cognitive recognition does not drive the linking, Fig. 6d.

Conclusions and outlook

Knowledge building via social interactions is studied as a collective phenomenon in an extended space—
network of actors and their artifacts, where cognitive recognition interactions are active. We have con-
sidered an abundant empirical dataset with cognitive elements as mathematical tags and a two-scale 
dynamics modeling close to the data, which enabled a quantitative analysis of the process from the 
microscopic to global scale. Our approach permits to reveal the importance of each cognitive element, 
as well as the expertise of each actor and its activity pattern in the creation of the collective knowledge. 
Specifically, when the interacting actors possess a diversity of expertise, the process based on the mean-
ingful (cognitive recognition) interactions leads to the innovation and the advance of knowledge of the 
emerging communities. When a broad spectrum of expertise is present in the population of actors, i.e. as 
in the empirical system, the process is quite efficient in creating the enlarged space where innovation can 
occur. In this case, the formation of coherent communities that share the knowledge is associated with 
the presence of several actors possessing a broad range of expertise. Notably fewer developed communi-
ties and a slower advance of knowledge characterize the population with a narrow distribution of exper-
tise; entirely isolated communities and vanishing of innovation is found in the limiting case of a single 
expertise per individual. In contrast to the meaningful interactions, the case with ad hoc social linking 
leads to an entirely different outcome, even though, the individual actors possess a broad distribution 
of expertise. The advance of innovation measured at the system level appears fragmented in a variety of 
the emerging communities, each of which shares a limited amount of randomly accumulated knowledge.

The dynamics of social and cognitive elements, interwoven at the elementary scale, induces a type 
of self-organized process where several quantitative characteristics appear to be different from a proto-
typal social dynamics. Besides theoretical implications of our results in the study of cognitive-driven 
processes on networks, the presented approach can be directly applied in the analysis of other empirical 
systems that entail social collaborative efforts19,20. Examples include, but not limited to, social comput-
ing, crowdsourcing scientific knowledge production or scientific discovery games, and other emerging 
areas of increasing importance in the modern science and society38–40. The presented theoretical concept 
can prove to be useful in modeling physical systems at nanoscale41, for instance, the assembly of smart 
nanostructured materials with biological recognition.

Methods

Data structure. As a platform for scientific collaboration23, Mathematics is a part of StackExchange: 
expert answers to your questions network. For this work, the dataset was downloaded on May 5, 2014 
from  https://archive.org/details/stackexchange. It contains all user-contributed contents on Mathematics 
since the establishment of the site, July 2010, until the end of April 2014. Specifically, the considered 
dataset contains 77895 users, 269819 questions, 400511 answers and 1265445 comments. A detailed 
information is given about user id, the user’s activity (posting, answering, commenting), time stamp, list 
of tags for questions, and id of the corresponding question or answer to which a given answer or com-
ment refers. The set of tags in answer/comment is inherited from the related question.

Network mapping and topology analysis. Actions of users in Q&A dynamics are mapped onto a 
directed bipartite graph, where users, as one partition, interact indirectly via artifacts (questions, answers 
or comments), as another partition. At a user node i an incoming link is inserted to indicate that that 

Figure 6. Community structure in bipartite networks of actors and questions reflecting the population 
of experts. Compressed bipartite network of actors and questions from Mathematics dataset (a) and 
simulation with the population of experts Exp1 (b) Exp2 (c) and in the case of ExpS but with non 
matching expertise µ-process (d). The observed communities, indicated by different colors, contain actors 
interconnected by questions. Each question node contains all answers related to it.

https://archive.org/details/stackexchange
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user reads the corresponding artifact while an outgoing link stands for the user’s posting of a new arti-
fact. The path of directed links from a question to a user to answer accurately describes the relationship 
of the answer to the original question, as it is included in the empirical data and strictly observed in the 
model. We also introduce a compressed bipartite network, where each question-node includes a question 
with all answers and comments related to that question; typically, they contain a larger number of tags 
thus expanding the original question’s attributes. The graphs layouts are done using Gephi; the commu-
nity structure is detected by the maximum modularity algorithm42.

The user’s activity and estimation of expertise. Assuming that a particular expertise of a user i 
is necessary to answer a given question (which is marked by a set of tags), we consider the amount of 
the user’s actions related to a particular tag, κ. Each tag that appears in the data is considered, in total 
1040 tags. Hence, we compute a fraction κpi  of the user’s actions Ni that is spent at κ-tag. For those tags 
where κpi  exceeds the average probability for that user, we set unity, indicating that the user i is an expert 
in these categories; thus, the user’s i expertise list is formed containing in total ni

Exp tags which received 
unity mark. The rest of tags receive zeros for that user. The entropy measure for each user, 
= −∑κ

κ κ
=S p log pi

N
i i1 2

tag , remarkably quantifies the heterogeneity of the user’s expertise, both in answering 
and posting questions, Fig. 1e and Fig. 3b in SI, respectively. In the model, the agent’s expertise is spec-
ified from the list of 32 tags. Different populations of experts correspond to the situations where each 
agent gets a fixed number ni

Exp tags. In particular, one-tag expertise (Exp1), two-tags expertise (Exp2), 
four-tags expertise (Exp4), etc., correspond to the agent’s expertise list with two, four, etc. randomly 
selected tags. The case marked as ExpS is close to the empirical data, i.e., each agent gets a list of 2S ≤  32 
tags, where the random number S is taken from the empirical distribution in Fig. 1e.

Tag-related entropy. Following28, we define Tj as the time interval between the first occurrence of a 
tag j and the last activity in the dataset. Counting the total number of times m that the tag j occurred, 
we divide Tj into m equal subintervals. Then for each i =  1, · · · m we count the number of events fji(m) 
related to the tag j in the i-th subinterval and compute the entropy Sj(m) of the tag’s j sequence as 

= −∑
⎛
⎝
⎜⎜⎜
⎞
⎠
⎟⎟⎟=

=S logj i
i m f

m
f
m1

ji ji . For each tag in the dataset, the tag’s entropy normalized with the correspond-

ing factor log(m) is represented by a point in Fig. 1f.

Conditional probabilities of tag-related events. Four conditional probabilities appearing in Eqs 
(1) and (2), are defined and computed as follows: P(κ|QK), probability that the κ-tag is present given the 
presence of questions QK, is computed as the frequency of κ-tag in all questions; P(AK|κ, QK), the prob-
ability that answers AK exist given the questions QK with κ-tag, is given by the fraction of users whose 
expertise includes κ-tag of all active users in Kth window; P(AK|QK), the probability that answers AK exist 
given the question QK (independently on the presence of κ-tag) is obtained as the ratio of the number of 
matching tags of all active users in Kth window with all tags in the present questions; P(κ|AK, QK), the 
probability to find the tag κ given the questions and answers in the Kth window is determined from the 
above probabilities via chain relation.

Definition  of  temporally  clustered  events.  A cluster (or avalanche) represents a set of events 
enclosed between two consecutive drops of the time series to the baseline (noise level)43–45.

Detrended  time  series  analysis.  To remove the local trend (an increasing activity and a weak 
4-month cycle) appearing in the time series in Fig. 5, we apply the method of overlapping intervals17,46. 
Then, for each time series h(k), k =  1, 2, · · · Th the profile ( ) = ∑ ( ( ) − )=Y i h k hk

i
1  is divided into Ns 

segments of length n and the standards deviation around the local trend yµ(i) is computed at each  

segment µ =  1, 2 · · · Ns, i.e., µ( , ) =
µ∑ ⎡

⎣⎢
(( − ) + )− ( ) ⎤

⎦⎥µ=F n
Y n i y i

n2
1i

n
1

2

. Varying the segment length n, the scale 
invariance µ( ) = ( / )∑ ( , ) ∼µ=F n N F n n1 s

N H
2 1 2s  is examined to determine the Hurst exponent H.

Model rules of interacting agents with expertise. Assuming that the new arrivals in the system 
boost the activity47, the agents are introduced with a pace p(t) agents per time step, where p(t) is the 
empirical time series of new users, shown in Fig. 5a. Each new agent receives a unique id and a fixed 
profile. The agents’ profiles statistically match the profiles of users in the data. Specifically, the agent’s 
activity level is set by the number of actions Ni ∈  P(Ni), where P(Ni) is the distribution of the user’s 
activity averaged over all users in the data (see SI:Fig. 3a). Subsequently, the agent’s probability gi to post 
a question, or otherwise answer other questions, 1 −  gi, is selected according to the interdependence gi 
and Ni shown in Fig. 1c. Furthermore, the agent’s expertise is fixed by first setting the number of tags 
ni

Exp, according to the considered situation, i.e. Exp1, Exp2, Exp4, or ExpS, and then making the list of 
the agent’s expertise of ni

Exp tags by random selection from the common list of 32 tags. The interactivity 
time of a new agent is set to ∆ T =  0, which implies its immediate action. After each completed action, 
a new delay ∆ T ∈  P(∆ T) is taken, where P(∆ T) is the empirical distribution for users, Fig. 1d. Note that 
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both p(t) and P(∆ T) have the same temporal resolution, one bin representing 10 minutes in the original 
data. All agents are systematically updated, and the agents with an expiring delay time are placed in the 
active agents list. Each active agent, with its probability gi, puts a new question. Otherwise, it attempts to 
answer a question from the updated list of interesting questions. The list is created by considering all 
questions of next-neighbor agents on which an activity occurred within previous T0 =  10 steps. With a 
given probability that item can be searched elsewhere. In both cases, the agent’s action is the subject of 
the expertise matching. In the case of µ-process, with the probability µ =  0.5 an agent connects to a 
random question and post an answer while the matching of tags with the agent’s expertise is not required, 
but it can occur by chance (see illustration Fig. 1 in SI, and Algorithm in SI).
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Represented as graphs, real networks are intricate combinations of order and disorder. Fixing

some of the structural properties of network models to their values observed in real networks,

many other properties appear as statistical consequences of these fixed observables, plus

randomness in other respects. Here we employ the dk-series, a complete set of basic char-

acteristics of the network structure, to study the statistical dependencies between different

network properties. We consider six real networks—the Internet, US airport network, human

protein interactions, technosocial web of trust, English word network, and an fMRI map of the

human brain—and find that many important local and global structural properties of these

networks are closely reproduced by dk-random graphs whose degree distributions, degree

correlations and clustering are as in the corresponding real network. We discuss important

conceptual, methodological, and practical implications of this evaluation of network

randomness, and release software to generate dk-random graphs.
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Network science studies complex systems by representing
them as networks1. This approach has proven quite
fruitful because in many cases the network representation

achieves a practically useful balance between simplicity and
realism: while always grand simplifications of real systems,
networks often encode some crucial information about the
system. Represented as a network, the system structure is fully
specified by the network adjacency matrix, or the list of
connections, perhaps enriched with some additional attributes.
This (possibly weighted) matrix is then a starting point of
research in network science.

One significant line of this research studies various (statistical)
properties of adjacency matrices of real networks. The focus is often
on properties that convey useful information about the global
network structure that affects the dynamical processes in the system
that this network represents2. A common belief is that a self-
organizing system should evolve to a network structure that makes
these dynamical processes, or network functions, efficient3–5. If this
is the case, then given a real network, we may ‘reverse engineer’ it
by showing that its structure optimizes its function. In that respect
the problem of interdependency between different network
properties becomes particularly important6–10.

Indeed, suppose that the structure of some real network has
property X—some statistically over- or under-represented sub-
graph, or motif11, for example—that we believe is related to a
particular network function. Suppose also that the same network
has in addition property Y—some specific degree distribution or
clustering, for example—and that all networks that have property
Y necessarily have property X as a consequence. Property Y thus
enforces or ‘explains’ property X, and attempts to ‘explain’ X by
itself, ignoring Y, are misguided. For example, if a network has
high density (property Y), such as the interarial cortical network
in the primate brain where 66% of edges that could exist do
exist12, then it will necessarily have short path lengths and high
clustering, meaning it is a small-world network (property X).
However, unlike social networks where the small-world property
is an independent feature of the network, in the brain this
property is a simple consequence of high density.

The problem of interdependencies among network properties
has been long understood13,14. The standard way to address it, is
to generate many graphs that have property Y and that are
random in all other respects—let us call them Y-random graphs—
and then to check if property X is a typical property of these
Y-random graphs. In other words, this procedure checks if graphs
that are sampled uniformly at random from the set of all graphs
that have property Y, also have property X with high probability.
For example, if graphs are sampled from the set of graphs with
high enough edge density, then all sampled graphs will be small
worlds. If this is the case, then X is not an interesting property of
the considered network, because the fact that the network has
property X is a statistical consequence of that it also has property
Y. In this case we should attempt to explain Y rather than X. In
case X is not a typical property of Y-random graphs, one cannot
really conclude that property X is interesting or important (for
some network functions). The only conclusion one can make is
that Y cannot explain X, which does not mean however that there
is no other property Z from which X follows.

In view of this inherent and unavoidable relativism with
respect to a null model, the problem of structure–function
relationship requires an answer to the following question in the
first place: what is the right base property or properties Y in
the null model (Y-random graphs) that we should choose to study
the (statistical) significance of a given property X in a given
network15? For most properties X including motifs11, the choice
of Y is often just the degree distribution. That is, one usually
checks if X is present in random graphs with the same degree

distribution as in the real network. Given that scale-free degree
distributions are indeed the striking and important features of
many real networks1, this null model choice seems natural, but
there are no rigorous and successful attempts to justify it. The
reason is simple: the choice cannot be rigorously justified because
there is nothing special about the degree distribution—it is one of
infinitely many ways to specify a null model.

Since there exists no unique preferred null model, we have to
consider a series of null models satisfying certain requirements.
Here we consider a particular realization of such series—the dk-
series16, which provides a complete systematic basis for network
structure analysis, bearing some conceptual similarities with a
Fourier or Taylor series in mathematical analysis. The dk-series is
a converging series of basic interdependent degree- and
subgraph-based properties that characterize the local network
structure at an increasing level of detail, and define a
corresponding series of null models or random graph
ensembles. These random graphs have the same distribution of
differently sized subgraphs as in a given real network.
Importantly, the nodes in these subgraphs are labelled by node
degrees in the real network. Therefore, this random graph series is
a natural generalization of random graphs with fixed average
degree, degree distribution, degree correlations, clustering and so
on. Using dk-series we analyse six real networks, and find that
they are essentially random as soon as we constrain their degree
distributions, correlations, and clustering to the values observed
in the real network (Y¼ degreesþ correlationsþ clustering). In
other words, these basic local structural characteristics almost
fully define not only local but also global organization of the
considered networks. These findings have important implications
on research dealing with network structure-function interplay in
different disciplines where networks are used to represent
complex natural or designed systems. We also find that some
properties of some networks cannot be explained by just degrees,
correlations, and clustering. The dk-series methodology thus
allows one to detect which particular property in which particular
network is non-trivial, cannot be reduced to basic local degree- or
subgraph-based characteristics, and may thus be potentially
related to some network function.

Results
General requirements to a systematic series of properties. The
introductory remarks above instruct one to look not for a single
base property Y, which cannot be unique or universal, but for a
systematic series of base properties Y0, Y1,y. By ‘systematic’ we
mean the following conditions: (1) inclusiveness, that is, the
properties in the series should provide strictly more detailed
information about the network structure, which is equivalent to
requiring that networks that have property Yd (Yd-random graphs),
d40, should also have properties Yd0 for all d0 ¼ 0, 1,y, d# 1; and
(2) convergence, that is, there should exist property YD in the series
that fully characterizes the adjacency matrix of any given network,
which is equivalent to requiring that YD-random graphs is only one
graph—the given network itself. If these Y-series satisfy the
conditions above, then whatever property X is deemed important
now or later in whatever real network, we can always standardize
the problem of explanation of X by reformulating it as the
following question: what is the minimal value of d in the above
Y-series such that property Yd explains X? By convergence, such d
should exist; and by inclusiveness, networks that have property Yd0
with any d0 ¼ d, dþ 1,y, D, also have property X. Assuming that
properties Yd are once explained, the described procedure provides
an explanation of any other property of interest X.

The general philosophy outlined above is applicable to
undirected and directed networks, and it is shared by different
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approaches, including motifs11, graphlets17 and similar
constructions18, albeit they violate the inclusiveness condition
as we show below. Yet one can still define many different Y-series
satisfying both conditions above. Some further criteria are needed
to focus on a particular one. One approach is to use degree-based
tailored random graphs as null models for both undirected19–21

and directed22,23 networks. The criteria that we use to select a
particular Y-series in this study are simplicity and the importance
of subgraph- and degree-based statistics in networks. Indeed, in
the network representation of a system, subgraphs, their
frequency and convergence are the most natural and basic
building blocks of the system, among other things forming the
basis of the rigorous theory of graph family limits known as
graphons24, while the degree is the most natural and basic
property of individual nodes in the network. Combining the
subgraph- and degree-based characteristics leads to dk-series16.

dk-series. In dk-series, properties Yd are dk-distributions. For any
given network G of size N, its dk-distribution is defined as a
collection of distributions of G’s subgraphs of size d¼ 0, 1,y, N
in which nodes are labelled by their degrees in G. That is, two
isomorphic subgraphs of G involving nodes of different degrees—
for instance, edges (d¼ 2) connecting nodes of degrees 1, 2 and 2,
2—are counted separately. The 0k-‘distribution’ is defined as the
average degree of G. Figure 1 illustrates the dk-distributions of a
graph of size 4.

Thus defined the dk-series subsumes all the basic degree-based
characteristics of networks of increasing detail. The zeroth
element in the series, the 0k-‘distribution’, is the coarsest
characteristic, the average degree. The next element, the 1k-
distribution, is the standard degree distribution, which is the
number of nodes—subgraphs of size 1—of degree k in the
network. The second element, the 2k-distribution, is the joint
degree distribution, the number of subgraphs of size 2—edges—
between nodes of degrees k1 and k2. The 2k-distribution thus
defines 2-node degree correlations and network’s assortativity.
For d¼ 3, the two non-isomorphic subgraphs are triangles and
wedges, composed of nodes of degrees k1, k2 and k3, which defines
clustering, and so on. For arbitrary d the dk-distribution
characterizes the ‘d’egree ‘k’orrelations in d-sized subgraphs, thus
including, on the one hand, the correlations of degrees of nodes
located at hop distances below d, and, on the other hand, the
statistics of d-cliques in G. We will also consider dk-distributions
with fractional dA(2, 3) which in addition to specifying two-node
degree correlations (d¼ 2), fix some d¼ 3 substatistics related to
clustering.

The dk-series is inclusive because the (dþ 1)k-distribution
contains the same information about the network as the dk-
distribution, plus some additional information. In the simplest
d¼ 0 case for example, the degree distribution P(k) (1k-
distribution) defines the average !k (0k-distribution) via
!k ¼

P
k kP kð Þ. The analogous expression for d¼ 1, 2 are derived

in Supplementary Note 1.
It is important to note that if we omit the degree information,

and just count the number of d-sized subgraphs in a given
network regardless their node degrees, as in motifs11, graphlets17

or similar constructions18, then such degree-k-agnostic d-series
(versus dk-series) would not be inclusive (Supplementary
Discussion). Therefore, preserving the node degree (‘k’)
information is necessary to make a subgraph-based (‘d’) series
inclusive. The dk-series is clearly convergent because at d¼N,
where N is the network size, the Nk-distribution fully specifies the
network adjacency matrix.

A sequence of dk-distributions then defines a sequence of
random graph ensembles (null models). The dk-graphs are a set

of all graphs with a given dk-distribution, for example, with
the dk-distribution in a given real network. The dk-random
graphs are a maximum-entropy ensemble of these graphs16.
This ensemble consists of all dk-graphs, and the probability
measure is uniform (unbiased): each graph G in the ensemble is
assigned the same probability P Gð Þ ¼ 1=N d , where N d is the
number of dk-graphs. For d¼ 0, 1, 2 these are well studied
classical random graphs GN;M (ref. 25), configuration model26–28

and random graphs with a given joint degree distribution29,
respectively. Since a sequence of dk-distributions is increasingly
more informative and thus constraining, the corresponding
sequence of the sizes of dk-random graph ensembles is non-
increasing and shrinking to 1, N 0 % N 1 % . . . % N N ¼ 1,
Fig. 1. At low d¼ 0, 1, 2 these numbers N can be calculated
either exactly or approximately30,31.

Dk=G

3 k

2 k

1 k

0 k

Original 4 k 3 k 2 k 1 k 0 k
a

b

Figure 1 | The dk-series illustrated. (a) shows the dk-distributions for a
graph of size 4. The 4k-distribution is the graph itself. The 3k-distribution
consists of its three subgraphs of size 3: one triangle connecting nodes of
degrees 2, 2 and 3, and two wedges connecting nodes of degrees 2, 3 and 1.
The 2k-distribution is the joint degree distribution in the graph. It specifies
the number of links (subgraphs of size 2) connecting nodes of different
degrees: one link connects nodes of degrees 2 and 2, two links connect
nodes of degrees 2 and 3, and one link connects nodes of degree 3 and 1.
The 1k-distribution is the degree distribution in the graph. It lists the number
of nodes (subgraphs of size 1) of different degree: one node of degree 1, two
nodes of degree 2, and one node of degree 3. The 0k-distribution is just the
average degree in the graph, which is 2. (b) illustrates the inclusiveness and
convergence of dk-series by showing the hierarchy of dk-graphs, which are
graphs that have the same dk-distribution as a given graph G of size D. The
black circles schematically shows the sets of dk-graphs. The set of 0k-
graphs, that is, graphs that have the same average degree as G, is largest.
Graphs in this set may have a structure drastically different from G’s. The
set of 1k-graphs is a subset of 0k-graphs, because each graph with the same
degree distribution as in G has also the same average degree as G, but not
vice versa. As a consequence, typical 1k-graphs, that is, 1k-random graphs,
are more similar to G than 0k-graphs. The set of 2k-graphs is a subset
of 1k-graphs, also containing G. As d increases, the circles become smaller
because the number of different dk-graphs decreases. Since all the dk-graph
sets contain G, the circles ‘zoom-in’ on it, and while their number decreases,
dk-graphs become increasingly more similar to G. In the d¼D limit, the set
of Dk-graphs consists of only one element, G itself.
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We emphasize that in dk-graphs the dk-distribution con-
straints are sharp, that is, they hold exactly—all dk-graphs have
exactly the same dk-distribution. An alternative description uses
soft maximum-entropy ensembles belonging to the general class
of exponential random graph models32–35 in which these
constraints hold only on average over the ensemble—the
expected dk-distribution in the ensemble (not in any individual
graph) is fixed to a given distribution. This ensemble consists
of all possible graphs G of size N, and the probability
measure P(G) is the one maximizing the ensemble entropy
S¼ "

P
GP(G)lnP(G) under the dk-distribution constraints.

Using analogy with statistical mechanics, sharp and soft
ensemble are often called microcanonical and canonical,
respectively.

As a consequence of the convergence and inclusiveness
properties of dk-series, any network property X of any given
network G is guaranteed to be reproduced with any desired
accuracy by high enough d. At d¼N all possible properties are
reproduced exactly, but the Nk-graph ensemble trivially consists
of only one graph, Gself, and has zero entropy. In the sense that
the entropy of dk-ensembles Sd ¼ lnN d is a non-increasing
function of d, the smaller the d, the more random the dk-random
graphs, which also agrees with the intuition that dk-random
graphs are ‘the less random and the more structured’, the higher
the d. Therefore, the general problem of explaining a given
property X reduces to the general problem of how random a
graph ensemble must be so that X is statistically significant. In the
dk-series context, this question becomes: how much local degree
information, that is, information about concentrations of degree-
labelled subgraphs of what minimal size d, is needed to reproduce
a possibly global property X with a desired accuracy?

Below we answer this question for a set of popular and
commonly used structural properties of some paradigmatic real
networks. But to answer this question for any property in any
network, we have to be able to sample graphs uniformly at
random from the sets of dk-graphs—the problem that we discuss
next.

dk-random graph sampling. Soft dk-ensembles tend to be more
amenable for analytic treatment, compared with sharp ensembles,
but even in soft ensembles the exact analytic expressions for
expected values are known only for simplest network properties
in simplest ensembles36,37. Therefore, we retreat to numeric
experiments here. Given a real network G, there exist two ways to
sample dk-random graphs in such experiments: dk-randomize G
generalizing the randomization algorithms in refs 38,39, or
construct random graphs with G’s dk-sequence from scratch16,40,
also called direct construction41–44.

The first option, dk-randomization, is easier. It accounts for
swapping random (pairs of) edges, starting from G, such that the
dk-distribution is preserved at each swap, Fig. 2. There are many
concerns with this prescription45, two of which are particularly
important. The first concern is if this process ‘ergodic’, meaning
that if any two dk-graphs are connected by a chain of dk-swaps.
For d¼ 1 the two-edge swap is ergodic38,39, while for d¼ 2 it is
not ergodic. However, the so-called restricted two-edge swap,
when at least one node attached to each edge has the same degree,
Fig. 2, was proven to be ergodic46. It is now commonly believed
that there is no edge-swapping operation, of this or other type,
that is ergodic for the 3k-distribution, although a definite proof is
lacking at the moment. If there exists no ergodic 3k-swapping,
then we cannot really rely on it in sampling dk-random graphs
because our real network G can be trapped on a small island of
atypical dk-graphs, which is not connected by any dk-swap chain
to the main land of many typical dk-graphs. Yet we note that in

an unpublished work47 we showed that five out of six considered
real networks were virtually indistinguishable from their
3k-randomizations across all the considered network properties,
although one network (power grid) was very different from
its 3k-random counterparts.

The second concern with dk-randomization is about how close
to uniform sampling the dk-swap Markov chain is after its mixing
time is reached—its mixing time is yet another concern that we
do not discuss here, but according to many numerical experi-
ments and some analytic estimates, it is O(M)16,29,38–40,46. Even
for d¼ 1 the swap chain does not sample 1k-graphs uniformly at
random, yet if the edge-swap process is done correctly, then
the sampling is uniform20,21.
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Figure 2 | The dk-sampling and convergence of dk-series illustrated. The
left column shows the elementary swaps of dk-randomizing (for d¼0, 1, 2)
and dk-targeting (for d¼ 2.1, 2.5) rewiring. The nodes are labelled by their
degrees, and the arrows are labelled by the rewiring acceptance probability.
In dk-randomizing rewiring, random (pairs of) edges are rewired preserving
the graph’s dk-distribution (and consequently its d0K-distributions for
all d0od). In 2.1k- and 2.5k-targeting rewiring, the moves preserve the
2k-distribution, but each move is accepted with probability p designed to
drive the graph closer to a target value of average clustering !c (2.1k) or
degree-dependent clustering !c(k) (2.5k): p¼min(1, e" bDH), where b the
inverse temperature of this simulated annealing process, DH¼Ha"Hb,
and Ha,b are the distances, after and before the move, between the
current and target values of clustering: H2:1k ¼ j!ccurrent "!ctargetj and
H2:5k ¼

P
i !ccurrent ki½ $ "!ctarget ki½ $
!! !!. The right column shows LaNet-vi

(ref. 65) visualizations of the results of these dk-rewiring processes
(Supplementary Methods), applied to the PGP network, visualized at the
bottom of the left column. The node sizes are proportional to the logarithm
of their degrees, while the colour reflects node coreness65. As d grows, the
shown dk-random graphs quickly become more similar to the real PGP
network.
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A simple algorithm for the second dk-sampling option,
constructing dk-graphs from scratch, is widely known for d¼ 1:
given G’s degree sequence {ki}, build a 1k-random graph by
attaching ki half-edges (‘stubs’) to node i, and then connect
random pairs of stubs to form edges27. If during this process a
self-loop (both stubs are connected to the same node) or double-
edge (two edges between the same pair of nodes) is formed, one
has to restart the process from scratch since otherwise the graph
sampling is not uniform48. If the degree sequence is power-law
distributed with exponent close to " 2 as in many real networks,
then the probability that the process must be restarted approaches
1 for large graphs49, so that this construction process never
succeeds. An alternative greedy algorithm is described in ref. 42,
which always quickly succeeds and gives an efficient way of
testing whether a given sequence of integers is graphical, that is,
whether it can be realized as a degree sequence of a graph. The
base sampling procedure does not sample graphs uniformly, but
then an importance sampling procedure is used to account for the
bias, which results in uniform sampling. Yet again, if the degree
distribution is a power law, then one can show that even without
importance sampling, the base sampling procedure is uniform,
since the distribution of sampling weights that one can compute
for this greedy algorithm approaches a delta function. Extensions
of the naive 1k-construction above to 2k are less known, but they
exist16,29,44,50. Most of these 2k-constructions do not sample 2k-
graphs exactly uniformly either46, but importance sampling20,44

can correct for the sampling biases.
Unfortunately, to the best of our knowledge, there currently

exists no 3k-construction algorithm that can be successfully used
in practice to generate large 3k-graphs with 3k-distributions of
real networks. The 3k-distribution is quite constraining and non-
local, so that the dk-construction methods described above for
d¼ 1, 2 cannot be readily extended to d¼ 3 (ref. 16). There is yet
another option—3k-targeting rewiring, Fig. 2. It is 2k-preserving
rewiring in which each 2k-swap is accepted not with probability
1, but with probability equal to min(1, exp("bDH)), where b is
the inverse temperature of this simulated-annealing-like process,
and DH is the change in the L1 distance between the 3k-
distribution in the current graph and the target 3k-distribution
before and after the swap. This probability favours and,
respectively, suppresses 2k-swaps that move the graph closer or
farther from the target 3k-distribution. Unfortunately, we report
that in agreement with40 this 2k-preserving 3k-targeting process
never converged for any considered real network—regardless of
how long we let the rewiring code run, after the initial rapid
decrease, the 3k-distance, while continuing to slowly decrease,
remained substantially large. The reason why this process never
converges is that the 3k-distribution is extremely constraining, so
that the number of 3k-graphs N 3 is infinitesimally small
compared with the number of 2k-graphs N 2, N 3=N 2 # 1
(refs 16,30). Therefore, it is extremely difficult for the 3k-targeting
Markov chain to find a rare path to the target 3k-distribution, and
the process gets hopelessly trapped in abundant local minima in
distance H.

Therefore, on one hand, even though 3k-randomized versions
of many real networks are indistinguishable from the original
networks across many metrics47, we cannot use this fact to claim
that at d¼ 3 these metrics are not statistically significant in those
networks, because the 3k-randomization Markov chain may be
non-ergodic. On the other hand, we cannot generate the
corresponding 3k-random graphs from scratch in a feasible
amount of compute time. The 3k-random graph ensemble is not
analytically tractable either. Given that d¼ 2 is not enough to
guarantee the statistical insignificance of some important
properties of some real networks, see ref. 47 and below, we, as
in ref. 40, retreat to numeric investigations of 2k-random graphs

in which in addition to the 2k-distribution, some substatistics of
the 3k-distribution is fixed. Since strong clustering is a ubiquitous
feature of many real networks1, one of the most interesting such
substatistics is clustering.

Specifically we study 2.1k-random graphs, defined as 2k-
random graphs with a given value of average clustering !c, and
2.5k-random graphs, defined as 2k-random graphs with given
values of average clustering !c(k) of nodes of degree k (ref. 40). The
3k-distribution fully defines both 2.1k- and 2.5k-statistics, while
2.5k defines 2.1k. Therefore, 2k-graphs are a superset of 2.1k-
graphs, which are a superset of 2.5k-graphs, which in turn contain
all the 3k-graphs, N 24N 2:14N 2:54N 3. Therefore if a
particular property is not statistically significant in 2.5k-random
graphs, for example, then it is not statistically significant in 3k-
random graphs either, while the converse is not generally true.

We thus generate 20 dk-random graphs with d¼ 0, 1, 2, 2.1, 2.5
for each considered real network. For d¼ 0,1,2 we use the
standard dk-randomizing swapping, Fig. 2. We do not use its
modifications to guarantee exactly uniform sampling20,21,
because: (1) even without these modifications the swapping is
close to uniform in power-law graphs, (2) these modifications are
non-trivial to efficiently implement, and (3) we could not extend
these modifications to the 2.1k and 2.5k cases. As a consequence,
our sampling is not exactly uniform, but we believe it is close to
uniform for the reasons discussed above. To generate dk-random
graphs with d¼ 2.1, 2.5, we start with a 2k-random graph, and
apply to it the standard 2k-preserving 2.xk-targeting (x¼ 1, 5)
rewiring process, Fig. 2. The algorithms that do that, as described
in ref. 40, did not converge on some networks, so that we
modified the algorithm in ref. 10 to ensure the convergence in all
cases. The details of these modifications are in Supplementary
Methods (the parameters used are listed in Supplementary
Table 4), along with the details of the software package
implementing these algorithms that we release to public51.

Real versus dk-random networks. We performed an extensive
set of numeric experiments with six real networks—the US air
transportation network, an fMRI map of the human brain, the
Internet at the level of autonomous systems, a technosocial web of
trust among users of the distributed Pretty Good Privacy (PGP)
cryptosystem, a human protein interaction map, and an English
word adjacency network (Supplementary Note 2 and
Supplementary Table 3 present the analysed networks). For each
network we compute its average degree, degree distribution,
degree correlations, average clustering, averaging clustering of
nodes of degree k and based on these dk-statistics generate a
number of dk-random graphs as described above for each d¼ 0,
1, 2, 2.1, 2.5. Then for each sample we compute a variety of
network properties, and report their means and deviations for
each combination of the real network, d, and the property.
Figures 3–6 present the results for the PGP network;
Supplementary Note 3, Supplementary Figs 1–10, and
Supplementary Tables 1–2 provide the complete set of results for
all the considered real networks. The reason why we choose the
PGP network as our main example is that this network appears to
be ‘least random’ among the considered real networks, in the
sense that the PGP network requires higher values of d to
reproduce its considered properties. The only exception is the
brain network. Some of its properties are not reproduced even by
d¼ 2.5.

Figure 2 visualizes the PGP network and its dk-randomiza-
tions. The figure illustrates the convergence of dk-series applied to
this network. While the 0k-random graph has very little in
common with the real network, the 1k-random one is somewhat
more similar, even more so for 2k, and there is very little visual
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difference between the real PGP network and its 2.5k-random
counterpart. This figure is only an illustration though, and to have
a better understanding of how similar the network is to its
randomization, we compare their properties.

We split the properties that we compare into the following
categories. The microscopic properties are local properties of
individual nodes and subgraphs of small size. These properties
can be further subdivided into those that are defined by the dk-
distributions—the degree distribution, average neighbour degree,
clustering, Fig. 3—and those that are not fixed by the dk-
distributions—the concentrations of subgraphs of size 3 and 4,
Fig. 4. The mesoscopic properties—k-coreness and k-density (the
latter is also known as m-coreness or edge multiplicity,
Supplementary Note 1), Fig. 5—depend both on local and global
aspects of network organization. Finally, the macroscopic
properties are truly global ones—betweenness, the distribution
of hop lengths of shortest paths, and spectral properties, Fig. 6. In
Supplementary Note 3 we also report some extremal properties,
such as the graph diameter (the length of the longest shortest

path), and Kolmogorov–Smirnov distances between the distribu-
tions of all the considered properties in real networks and their
corresponding dk-random graphs. The detailed definitions of all
the properties that we consider can be found in Supplementary
Note 1.

In most cases—henceforth by ‘case’ we mean a combination of
a real network and one of its considered property—we observe a
nice convergence of properties as d increases. In many cases there
is no statistically significant difference between the property in the
real network and in its 2.5k-random graphs. In that sense these
graphs, that is, random graphs whose degree distribution, degree
correlations, and degree-dependent clustering !c(k) are as in the
original network, capture many other important properties of the
real network.

Some properties always converge. This is certainly true for the
microscopic properties in Fig. 3, simply confirming that our
dk-sampling algorithm operates correctly. But many properties
that are not fixed by the dk-distributions converge as well. Neither
the concentration of subgraphs of size 3 nor the distribution of
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Figure 3 | Microscopic properties of the PGP network and its dk-random graphs. (a) The degree distribution P(k), (b) average degree !knn kð Þ of nearest
neighbours of nodes of degree k, (c) average clustering !c kð Þ of nodes of degree k, (d) the distribution P(m) of the number m of common neighbours
between all connected pairs of nodes, and (e–g) the means and (h–j) s.d. of the corresponding distributions. The error bars indicate the s.d. of the metrics
across different graph realizations.
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the number of neighbours common to a pair of nodes are fully
fixed by dk-distributions with any do3 by definition, yet 2.5k-
random graphs reproduce them well in all the considered
networks. Most subgraphs of size 4 are also captured at d¼ 2.5
in most networks, even though d¼ 3 would not be enough to
exactly reproduce the statistics of these subgraphs. We note that
the improvement in subgraph concentrations at d¼ 2.5 compared
with d¼ 2.1 is particularly striking, Fig. 4. The mesoscopic and
especially macroscopic properties converge more slowly as
expected. Nevertheless, quite surprisingly, both mesoscopic
properties (k-coreness and k-density) and some macroscopic
properties converge nicely in most cases. The k-coreness, k-
density, and the spectral properties, for instance, converge at
d¼ 2.5 in all the considered cases other than Internet’s Fiedler
value. In some cases a property, even global one, converges for d
o2.5. Betweenness, for example, a global property, converges at
d¼ 1 for the Internet and English word network.

Finally, there are ‘outlier’ networks and properties of poor or
no dk-convergence. Many properties of the brain network, for
example, exhibit slow or no convergence. We have also
experimented with community structure inferred by different
algorithms, and in most cases the convergence is either slow or
non-existent as one could expect.

Discussion
In general, we should not expect non-local properties of networks
to be exactly or even closely reproduced by random graphs with
local constraints. The considered brain network is a good example
of that this expectation is quite reasonable. The human brain
consists of two relatively weakly connected parts, and no dk-
randomization with low d is expected to reproduce this peculiar
global feature, which likely has an impact on other global
properties. And indeed we observe in Supplementary Note 3 that
its two global properties, the shortest path distance and
betweenness distributions, differ drastically between the brain
and its dk-randomizations.

Another good example is community structure, which is not
robust with respect to dk-randomizations in all the considered
networks. In other words, dk-randomizations destroy the original
peculiar cluster organization in real networks, which is not
surprising, as clusters have too many complex non-local features
such as variable densities of internal links, boundaries and so on,
which dk-randomizations, even with high d, are expected to affect
considerably.

Surprisingly, what happens for the brain and community
structure does not appear representative for many other
considered combinations of real networks and their properties.
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As a possible explanation, one can think of constraint-based
modelling as a satisfiability (SAT) problem: find the elements of
the adjacency matrix (1/0, True/False) such that all the given
constraints in terms of the functions of the marginals (degrees) of
this matrix are obeyed. We then expect that the 3k-constraints
already correspond to an NP-hard SAT problem, such as 3-SAT,
with hardness coming from the global nature of the constraints in
the problem. However, many real-world networks evolve based
mostly on local dynamical rules and thus we would expect them
to contain correlations with do3, that is, below the NP-hard
barrier. The primate brain, however, has likely evolved through
global constraints, as indicated by the dense connectivity across
all functional areas and the existence of a strong core-periphery
structure in which the core heavily concentrates on areas within
the associative cortex, with connections to and from all the
primary input and subcortical areas12.

However, in most cases, the considered networks are
dk-random with dr2.5, that is, dr2.5 is enough to reproduce
not only basic microscopic (local) properties but also mesoscopic
and even macroscopic (global) network properties6–10. This
finding means that these more sophisticated properties are
effectively random in the considered networks, or more precisely,
that the observed values of these properties are effective
consequences of particular degree distributions and, optionally,
degree correlations and clustering that the networks have. This
further implies that attempts to find explanations for these

complex but effectively random properties should probably be
abandoned, and redirected to explanations of why and how
degree distributions, correlations and clustering emerge in real
networks, for which there already exists a multitude of
approaches52–57. On the other hand, the features that we found
non-random do require separate explanations, or perhaps a
different system of null models.

We reiterate that the dk-randomization system makes it clear
that there is no a priori preferred null model for network
randomization. To tell how statistically significant a particular
feature is, it is necessary to compare this feature in the real
network against the same feature in an ensemble of random
graphs, a null model. But one is free to choose any random graph
model. In particular, any d defines a random graph ensemble, and
we find that many properties, most notably the frequencies of
small subgraphs that define motifs11, strongly depend on d for
many considered networks. Therefore, choosing any specific
value of d, or more generally, any specific null model to study the
statistical significance of a particular structural network feature,
requires some non-trivial justification before this feature can be
claimed important for any network function.

Yet another implication of our results is that if one looks for
network topology generators that would veraciously reproduce
certain properties of a given real network—a task that often
comes up in as diverse disciplines as biology58 and computer
science59—one should first check how dk-random these
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properties are. If they are dk-random with low d, then one may
not need any sophisticated mission-specific topology generators.
The dk-random graph-generation algorithms discussed here can
be used for that purpose in this case. We note that there exists an
extension of a subset of these algorithm for networks with
arbitrary annotations of links and nodes60—directed or coloured
(multilayer) networks, for instance.

The main caveat of our approach is that we have no proof that
our dk-random graph generation algorithms for d¼ 2.1 and
d¼ 2.5 sample graphs uniformly at random from the ensemble.
The random-graph ensembles and edge-rewiring processes
employed here are known to suffer from problems such as
degeneracy and hysteresis35,61,62. Ideally, we would wish to
calculate analytically the exact expected value of a given property
in an ensemble. This is currently possible only for very simple
properties in soft ensembles with d¼ 0, 1, 2 (refs 36,37). Some
mathematically rigorous results are available for d¼ 0, 1 and for
some exponential random-graph models28,34. Many of these
results rely on graphons24 that are applicable to dense graphs
only, while virtually all real networks are sparse49. Some rigorous
approaches to sparse networks are beginning to emerge63,64, but
the rigorous treatment of global properties, which tend to be
highly non-trivial functions of adjacency matrices, in random
graph ensembles with d42 constraints, appear to be well beyond
the reach in the near future. Yet if we ever want to fully
understand the relationship between the structure, function and
dynamics of real networks, this future research direction appears
to be of a paramount importance.
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Popularity versus similarity in growing networks. Nature 489, 537–540 (2012).

57. Bianconi, G., Darst, R. K., Iacovacci, J. & Fortunato, S. Triadic closure as a basic
generating mechanism of communities in complex networks. Phys. Rev. E 90,
042806 (2014).

58. Kuo, P., Banzhaf, W. & Leier, A. Network topology and the evolution of
dynamics in an artificial genetic regulatory network model created by whole
genome duplication and divergence. Biosystems 85, 177–200 (2006).

59. Medina, A., Lakhina, A., Matta, I. & Byers., J. inMASCOTS 2001, Proceedings of
the Ninth International Symposium in Modeling, Analysis and Simulation of
Computer and Telecommunication Systems 346–353 (Washington, DC, USA,
2001).

60. Dimitropoulos, X., Krioukov, D., Riley, G. & Vahdat., A. Graph annotations in
modeling complex network topologies. ACM T Model. Comput. S 19, 17 (2009).

61. Foster, D., Foster, J., Paczuski, M. & Grassberger, P. Communities, clustering
phase transitions, and hysteresis: Pitfalls in constructing network ensembles.
Phys. Rev. E 81, 046115 (2010).

62. Roberts, E. S. & Coolen, A. C. C. Random graph ensembles with many short
loops. In ESAIM Proc. Surv. 47, 97–115 (2014).

63. Bollobás, B. & Riordan, O. Sparse graphs: metrics and random models. Random
Struct. Algorithm. 39, 1–38 (2011).

64. Borgs, C., Chayes, J. T., Cohn, H. & Zhao., Y. An Lp theory of sparse graph
convergence I: Limits, sparse random graph models, and power law
distributions. Preprint at http://arxiv.org/abs/1401.2906 (2014).
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Abstract
Participation in conferences is an important part of every scientific career. Conferences pro-
vide an opportunity for a fast dissemination of latest results, discussion and exchange of
ideas, and broadening of scientists’ collaboration network. The decision to participate in a
conference depends on several factors like the location, cost, popularity of keynote speak-
ers, and the scientist’s association with the community. Here we discuss and formulate the
problem of discovering how a scientist’s previous participation affects her/his future partici-
pations in the same conference series. We develop a stochastic model to examine scien-
tists’ participation patterns in conferences and compare our model with data from six
conferences across various scientific fields and communities. Our model shows that the
probability for a scientist to participate in a given conference series strongly depends on the
balance between the number of participations and non-participations during his/her early
connections with the community. An active participation in a conference series strengthens
the scientist’s association with that particular conference community and thus increases the
probability of future participations.

Introduction
Social data at a large scale is nowadays available over the internet. Researchers are making the
best use of these data to find trends, statistics and patterns, which sometime reveal as robust
features, similar to ‘laws’ in natural science. In recent years, a huge community of researchers
[1] including mathematicians, statisticians, computer scientists, theoretical physicists, sociolo-
gists, economists, financial analysts, geographers, anthropologists, and biologists of various
sub-disciplines have contributed to a larger, developing field, commonly known as ‘computa-
tional social science’ [2]. Empirical data, after a rigorous analysis produces information that is
of immense interest for theoreticians. Statistical mechanics, which has been proved to be versa-
tile in modeling phenomena across different areas of physics, and beyond, seems to be the
most desired tool even for the above emerging discipline [3, 4].
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The abundance of a new data about scientific activities such as publications, collaborations,
and citations led to the emergence of a new interdisciplinary field of research about science and
how science works [5]. These studies provide insights about the impact of scientists and their
publications [6–8], authors’ reputation and scientific success [9], patterns of collaboration and
their impact on authors’ reputation [10, 11], the role of cumulative advantage in career longev-
ity [12, 13] and scientific mobility [14] among many other things. Despite the attention given
to publication records and citation patterns, another integral part of modern science, scientific
meetings, have so far been largely overlooked. This negligence is particularity interesting, given
the pervasive role of the meetings in scientific disciplines. Scientific meetings provide arenas
for a fast dissemination of the latest results, exchange and evaluation of ideas as well as a
knowledge extension. However, the most important function of scientific meetings is to facili-
tate social contacts. They provide an opportunity and platform to extend the network of collab-
orators through the creation of new contacts, and to strengthen existing links by getting
reacquainted with old friends.

Undoubtedly, conference participation has a very positive impact on scientific career. In
addition to the opportunities they provide, attending a scientific meeting can be very costly,
both in terms of time and money. Bearing in mind that the number of national and interna-
tional meetings have drastically increased in the last few decades, it is clear that scientists are
now pressed to make a careful selection of the meetings they will attend. Extensive studies [15–
17] have shown that conference characteristics, such as the attractiveness and the reachability
of the location or the choice of keynote speakers affect the decision of scientists to attend a
meeting. The role of the social component in conference choice is so far unexplored, mainly
due to lack of quality data. The social component, such as the association with a conference
community or conference inclusiveness, are of crucial importance when it comes to whether a
conference participation was beneficial or not. This is particularly evident in the case of young
scientists, who are new to a community and struggle to overcome the social obstacle of an ini-
tial contact [18, 19]. One of the rare studies on conference participation [20] has shown that
conferences have a stable core of regularly attending participants, regardless of the conference
location and distance. Having in mind that characteristics like the attractiveness of a location
and the quality of keynote speakers are fluctuating from one year to another, it is clear that
social component of a conference strongly influence the scientists decision to attend the confer-
ence and their long-term participation patterns, accordingly.

The association with a conference community and conference inclusiveness, can have a
strong influence on scientists persistence in participating at the specific conference. The prob-
lem of the order-parameter persistence (first-passage time), is a well studied phenomenon in
non-equilibrium statistical dynamics in condensed matter systems [21]. Persistence is defined
as the probability that fluctuating variable does not change the sign until time t, and for many
non-equilibrium systems this probability decays with time as a power-law [21]. Here we carry
out the analysis of persistence of participation patterns of more than 100000 scientists at six
national and international conferences of different sizes and from different fields of science.
We study the probability of total and successive number of participations, as well as the distri-
bution of time lags between two successive participations. We find that all three measured
probabilities have a shape of a truncated power law, regardless of the conference size and
degree of specialization. This indicates that the probability for a participant to attend the next
meeting is not constant, but rather it grows/decays with a number of participations/non-partic-
ipations. This observation is directly related to the strength of the association with the confer-
ence community. We propose a microscopic stochastic model which includes this influence of
balance between the number of participations and non-participations, as well as the role of
conference inclusiveness, on the probability to attend the conference next year. Results of our
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model show that the studied conferences have a relatively low inclusiveness, i.e. the probability
for a scientist to participate in the next meeting after the first attendance. We also show that
conference attendance is characterized by positive feedback. The growth in the total number of
participations results in a stronger attractiveness of the conference community to participants,
and vice versa. Longevity of scientific career of publishing in scientific journals is also charac-
terized by a power-law distribution with an exponential cut-off [12]. Using the empirical analy-
sis and stochastic model Petersen et al. [12] have shown that longevity and past success of
scientists lead to cumulative advantage in further development of their career. Although the
distribution of career longevity and conference persistence have a similar behaviour, there is a
significant difference of characteristic exponents, which indicates that a different mechanism
underlie these two phenomena.

This paper is structured as follows: first, we perform empirical analysis of participation pat-
terns for six conferences. We then propose and describe the model of conference participation
dynamics. Finally, we perform numerical simulations and discuss some properties of the
model, and estimate the values of parameters that correspond to empirical data.

Results
Data set
For our empirical analysis we use data for six conference series in different fields of science. We
collected and filtered information about abstracts presented at the American Physical Society
March Meeting (APSMM), American Physical Society April Meeting (APSAM), Society for
Industrial and Applied Mathematics Annual Meetings (SIAM), Neural Information Processing
Systems Conference (NIPS), International Conference on Supercomputing (ICS) and Annual
International Conference on Research in Computational Molecular Biology (RECOMB). All
these scientific meetings are held annually, but they differ in the topic, sizes, degree of speciali-
sation, longevity and degree of localisation (national versus international). When it comes to
the meeting size it can vary from a few dozens, like ICS and RECOMB, to several thousands of
participants at APSMM. Some of these meetings are on highly focused topic, NIPS, while oth-
ers are designed to cover the entire scientific fields, like APSMM, APSAM and SIAM. Four of
these conferences (SIAM, NIPS, ICS and RECOMB) have an international character with ven-
ues all over the world, while APSMM and APSAM are annual conferences of American Physi-
cal Society which are always held in North American cities. APSMM, SIAM and APSAM are
conferences with a long tradition, while first meetings of NIPS, ICS and RECOMB have been
organized during late 80s and early 90s. Detailed information about conferences and data is
given in S1 File.

To be able to track participants at the conference over the years, we have labeled them based
on name, affiliation and co-authors and performed author name disambiguation (see Methods
for details). We are interested in studying the participation patterns of scientists starting from
their first attendance at the conference series. Thus, for conferences for which the data are not
available from their beginning (APSMM, APSAM and SIAM), we have filtered out the authors
that may have attended the conference before the starting year in our dataset (see Methods for
the details of our filtering procedure).

Empirical results
For all scientists we have the information about the years of their appearance as authors in the
book of abstracts of particular a conference series. The information about the list of authors
who actually attended the conference is not available for the conferences considered in this
paper. Hence, as a proxy for a conference participation in a given year, we use the appearance

The Associative Nature of Conference Participation

PLOS ONE | DOI:10.1371/journal.pone.0148528 February 9, 2016 3 / 12



of a scientist as a co-author of at least one abstract in conference proceeding for that year. Not
all authors that are mentioned in the book of abstracts have actually attended the conference,
but one can argue that as co-authors they have actively contributed to the material presented
and thus participate as a contributors in the conference [15].

First we analyse the total number of author’s participations (the number of times an author
has participated), x, at the given conference series. Fig 1, shows the probability distribution of
the total number of participations, P(x), averaged over all participants, for each of the six ana-
lysed conferences. The comparison of the quality of fits between exponential, power-law and
truncated power-law, Fig 1, shows that all curves are very well represented by power law with
exponential cut-off (see Methods), with the value of exponent α 2 (1.6, 2.7). The disparity in
the total number of participations indicates that most scientists belong to the group of occa-
sional participants, with more than half of all participants attending a particular conference
only once. For instance, the percentage of all participants that attend the conference only once
is the highest for APSAM and ICS, around 81%, and the lowest for APSMM and NIPS, 63%
and 68% respectively. This observation indicates that communities of all these conferences
have a relatively low inclusiveness. On the other hand, it is also clear that some of the partici-
pants are very regular, attending the conference (almost) every year. These participants form
the group of regular attendees whose conference participation is mainly driven by social fac-
tors, i.e. their sense of association with the community.

In the case of when the probability to attend a conference is constant or random, the
expected distribution of total number of attendances is of exponential type. Thus, the power-
law nature of the distribution of total participations strongly suggests that the probability of
participation at some future conference increases with the number of previous participations.
By participating frequently at a particular conference scientists not only expand, but also
strengthen, their collaboration network which leads to their further engagement with the
community.

We further explore the participation patterns by analysing the number of successive partici-
pations (Fig 2) and the time lag between two successive participations (Fig 3). The distributions
of these quantities also exhibit the truncated power-law behaviour (see Methods). The observed

Fig 1. The total number of participations. The probability distribution of the total number of participations obtained from the empirical data (red circles),
simulations (blue circles) and numerical iterative algorithm (green triangles). The full line is the best fit to truncated power law, x−α e−Bx, while the dashed and
dash-dot line denote the best fit to power-law distribution, x−γ and exponential distribution, e−λx, respectively.

doi:10.1371/journal.pone.0148528.g001
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distributions of the number of successive participations, with exponent 2! α! 4, suggests
that even frequent attendees make a pause in their participation, although these breaks are usu-
ally short, i.e. long breaks of five and more years occur with a low probability, Fig 3. A long-
period of non-participation results in fading of existing collaboration ties with the community
while new ones are never formed. Due to this fading, the probability to attend the meeting
decreases with total number of non-participations. This indicates that conference participation
of most scientists takes place in a limited period of time with a relatively short and small num-
ber of breaks.

As it was shown in Ref [12] the distribution of the journal career longevity exhibits a trun-
cated power-law behaviour with cut-off around 10 years. The exponential cut-off in the distribu-
tion of all three measures is a consequence of the two combined finite-size effects that influence
the asymptotic behaviour, the finite life time of scientist’s association with one community or
her/his career in one field of research or in science in general [12], and limitations of used data-
sets. This effect will be also observed in the distribution of conference participations. The end of
a career inevitably results in a termination of participation in conferences and thus also the con-
ference community membership. Also, used datasets have a relatively short time span (less than
three decades), due to which they do not include scientists with long careers [12]. Both of these
effects affect the value of the exponential cut-off, which is lower in the case of conference partici-
pation, between 4 and 9 years, compared to the one observed for the career longevity.

Model
The empirical results from six different series shown in the previous section indicate that the
probability for a scientist to attend the next meeting of a conference series depends on the bal-
ance of previous participations and non-participations. Petersen et al. [12] show that Matthew
(rich get richer) effect is responsible for the career longevity in several competitive professions,
including science. They argue that it becomes easier to move forward in the career with an
increasing past success of an individual, and show, using their stochastic career progressive
model, that this mechanism leads to a truncated power-law distribution of the career longevity.

Fig 2. The number of successive participations. The probability distribution of the number of successive participations, xs, obtained from empirical data
(red circles) and numerical simulations of the model (blue circles). The full, dashed and dash-dot line are the best fit to truncated power law, power-law and
exponential function respectively.

doi:10.1371/journal.pone.0148528.g002
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In their model, they assume that the stochastic process governing career progress is similar to
Poisson process, where progress is made at any given step with the rate g(x)! 1 − exp[−(x/
xc)

α], where 1/xc is a hazard rate corresponding to random career ending while the parameter α
is the same as power-law exponent in the pdf of career longevity. Using this model for α< 1
they were able to obtain truncated power-law distributions for career duration in several
professions.

The empirical results of conference participation patterns suggest that the probability for a
scientist to participate in a conference is not constant or random, but that it rather grows with
the number of participations. This is reflected in the increase of proportion of authors who are
going to attend the conference next year with total number of previous conference attendance
(see Figure A in S1 File). Higher number of participations of a scientist at the conference results
in better connections with the community and thus higher probability that the author will par-
ticipate in the following conference. But unlike career longevity, where the length of the waiting
times between two successive steps in the career does not influence the progress rate, the proba-
bility for conference participation is strongly influenced by the number and length of pauses
(Figure B in S1 File). The longer the scientists are absent from the community the weaker are
their connections and lower are the probabilities to participate in the following events. For this
reason and the fact that the pdf obtained from the model proposed in Ref [12] exhibits a trun-
cated power-law only for the exponents α< 1 Petersen et al. model [12] cannot be applied for
modelling conference participation dynamics.

We propose a new stochastic model for conference attendance dynamics which can explain
our empirical findings. Our model is based on a 2-bin generalized Pólya process [22–24] and
random termination time of a career. As opposed to the Petersen model where the progress
rate depends only on the current position of scientist in his/her career, the 2-bin generalized
Pólya incorporates dependence on the balance between participations and non-participations.
Let x stands for the total number of participations at the conference, y stands for the number of
conferences an author has not participated since she/he appeared at the conference for the first
time and t is the number of events held, t = x + y. All authors start with x = 1 and y = 0. Accord-
ing to our model, the probability that a scientist with x total number of participations and y

Fig 3. The time lag between the two successive participations. The probability distribution of the time lags between two consecutive conference
participations ys: empirical data (red circles) and numerical simulations data (blue circles). The lines correspond to respective fits as in Figs 1 and 2.

doi:10.1371/journal.pone.0148528.g003
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number of non-participations will appear at the next conference is given by

gðx; yÞ ¼ xp

xp þ ðy þ y0Þ
p ¼

zp

1þ zp
; ð1Þ

where z ¼ x
yþy0

measures the balance between participations and non-participations, parameter

p is the exponent of the model, and y0 determines the initial balance value. The probability that
a scientist will not attend the next conference is equal to 1 − g(x, y). Depending on the exponent
p, the function g can correspond to positive (p> 1) or negative feedback (p< 1) [22]. When
p = 1 and y0 = 0, the Eq 1 is equivalent to the equation for a Pólya-Eggenberg problem [25]. As
we shall see in the following section, the value of the parameter p for all conferences is larger
than one, suggesting that the conference participation dynamics is characterized by the positive
feedback: scientists who participate in the conference frequently and make less and shorter
pauses have a stronger association with the conference community and thus have a higher
probability to participate in the following events. The value of the parameter y0 determines the
probability of a scientist to attend the next event after her/his first occurrence at the conference.
According to our model this parameter is the same for all scientists attending one conference
series, thus it can be interpreted as a measure of the conference community inclusiveness.

Evolution equation. The probability P(x, t) for the author to have x conference participa-
tions after t conferences since his/her first participation is equal to the probability to attend the
next conference g(x − 1, t − x) times the probability of already attending x − 1 conferences at
time t − 1 plus the probability of skipping the next conference 1 − g(x, t − 1−x) times the proba-
bility of already attending x conferences at time t − 1:

Pðx; tÞ ¼ ðx % 1Þp

ðx % 1Þp þ ðt % x þ y0Þ
p Pðx % 1; t % 1Þ þ ðt % 1% x þ y0Þ

p

xp þ ðt % 1% x þ y0Þ
p Pðx; t % 1Þ: ð2Þ

The probability distribution P(x) of the number of total conference attendances for a partic-
ular conference series is obtained by summing P(x, t = T) over all possible T:

PðxÞ ¼
X1

T¼1

Pðx; t ¼ TÞPðTÞ ; ð3Þ

where T denotes the duration of a scientist’s membership in the community. In our case, we
assume that the duration of a scientist’s membership in a conference community can be termi-
nated at any year after his/her first appearance with probabilityH, which gives the distribution
of time intervals

PðTÞ ¼ Hð1% HÞT%1: ð4Þ

Numerical simulation results
Since the analytical solution of Eq 3 cannot be obtained, we estimate the model parameters y0,
H and p using numerical simulations (see Methods). The best estimates of the model parame-
ters for each of the six conferences are given in Table G in S1 File. As shown in Figs 1, 2 and 3,
the model with the properly chosen parameters nicely reproduces the behaviour of participants
at six conferences, for all three measured quantities.

For all six conferences the estimated value of parameter p is greater than 1, which suggests
that the positive feedback mechanism underlies the conference participation dynamics. This
means that the probability for a scientist to attend the next year event grows superlinearly with
the balance between the number of participations and pauses (z). The value of the parameter y0
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together with the value of p determines the probability for a scientist to participate in the con-
ference next year after his/her first participation, i.e. the initial inclusiveness of the conference
community. Table H in S1 File shows the estimated value of the initial inclusiveness for all six
conferences. The APSMM has the highest probability, around 25%, for newcomers to attend
the conference next year, while APSAM has the lowest, 9%. One could assume that the size and
diversity of topics of a conference have an essential influence on conference inclusiveness, but
according to our results this is not the case. The ordering of the conferences according to size,
Table H in S1 File, and their initial inclusiveness do not correlate. APSAM is the second largest
conference but has the lowest inclusiveness, while the RECOMB as the smallest conference is
ranked as third and has the inclusiveness of 15%. Further, it follows from our results that the
diversity of topics covered by the conference does not have a significant effect on the return
probability of newcomers. Although the first ranked conference according to inclusiveness,
APSMM, covers the widest range of topics among considered conferences, the APSAM and
SIAM, which are also considered general conferences, have a lower inclusiveness than NIPS
and RECOMB. This suggests that the conference inclusiveness is influenced by some other fac-
tors, which are not related to the size, degree of specialisation or localisation (national and
international), but rather to social structure and openness of the conference community toward
newcomers.

We solve Eq 3 numerically using an iterative method (see SI for more details) and compare
it with simulation results. Fig 1 shows an excellent matching between results obtained using
the iterative algorithm and numerical simulations for the estimated values of parameters.

Discussion and conclusion
The goal of this paper has been to investigate the conference participation patterns and propose
a simple stochastic model of conference participation dynamics. The motivation behind this is
to better understand the mechanisms that underlie the repeated participation in the same con-
ference series and explore whether the conference series topic, size, degree of specialisation,
longevity and degree of localisation (national and international) influence the participation
probability and inclusiveness of the specific community. Our study is based on empirical analy-
sis and modelling of authors participation at six different conference series in the last three
decades: APSMM, APSAM, SIAM, NISP, ICS and RECOMB. We note here that it would be
important to verify our findings with the data from other conferences.

The set of considered conferences is very heterogeneous. Although they differ in size, topic
and topic diversity, national structure of participants and conference longevity, they are char-
acterized with similar participation patterns. The distributions of the total number of participa-
tions for all six conferences exhibit the same, truncated power-law, behaviour with values of
exponent α between 1.6 and 2.7. A similar behaviour is also observed for the distributions of
the number of successive participations and the duration of pauses between them. The
observed statistical evidence strongly imply that the dynamics of conference participation is
governed by universal forces which are independent of the specific conference features or the
scientific field. This and the fact that conferences often have a stable core of attending partici-
pants [20] suggests that these have social origins and that social factors, such as the association
with a conference community and its inclusiveness, strongly influence the probability for a sci-
entist to attend the future meetings and their participation patterns at the specific conference
series, accordingly.

The observed truncated power-law behaviour of the distributions of participations indicates
that the probability for a scientist to participate in the next year conference is growing(decreas-
ing) with the balance between the number of participations and pauses. To further explore this
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we proposed a stochastic model based on 2-bin generalized Pólya process which incorporates
the dependence on the ratio between number of participations an pauses. Our model shows
that the positive feedback mechanism underlies the conference participation dynamics. The
probability for a scientist to attend a conference grows superlineary with the number of partici-
pations, while the frequent pauses have the opposite effect. The scientists who are able to over-
come the initial obstacles and create social ties with the conference community by frequent
participation at the beginning have a higher probability to attend the conference in the follow-
ing years. A frequent participation strengthens the scientist’s association with a conference
community which further increases the probability for future participations. On the other
hand, scientists with a small number of initial participations have a low probability to partici-
pate in the following conference, thus small number of participations, and eventually stop
attending the conference. The initial inclusiveness of the specific conference community has
the main influence on early participation patterns. As we showed, this inclusiveness does not
depend on the size, degree of specialisation or topic of the conference, but rather on the open-
ness of the community toward newcomers.

Our analysis indicates that social factors, such as the association with the community and
the community inclusiveness are the main driving forces of conference participation dynamics.
In general the community/group cohesion and the ability to attract and retain newcomers and
other members influence the dynamics of their participation in group activities [26]. On the
other hand, a member’s engagement in group activities strengthens ties to other group/com-
munity members, and contributes to the creation of the bonding capital, while the ties of non-
attendees dissolve and weaken with time [27]. Conference communities are just one example
of these systems, thus we expect to observe the similar group participation patterns in other
types of social communities, both online and offline. Further investigations and studies of
other social systems will reveal and characterize the connection between a social network struc-
ture and group inclusiveness, and participation dynamics in group activities.

Methods
Data filtering Identification of the different authors may involve a few issues. On one hand, an
author may use different spelling variants to sign his first and middle name. On the other
hand, the author’s name may be related to several different authors, thus using only the initials
of the last name and first name increases additionally error rates in disambiguating the author
names. In our data sets, data from NIPS and RECOMB conferences did not require additional
cleaning, while for the SIAM and ICS data, we have used python fuzzy partial string matching
of author’s first and middle names, which gave a high accuracy. For APSMM and APSAM con-
ferences, where data are highly heterogeneous, we have used a method described in [28] to dis-
ambiguate the author names. This method considers pairs of names that match on last name
and first name initials. Then it groups the authors based on their affiliation and co-authors.
Because the same affiliation could be formatted differently, the two affiliations were considered
the same if their fuzzy token set ratio was higher than 50%.

The sources and detailed description of the data are given in Tables A, B and C in S1 File.
For NIPS, ICS and RECOMB, we have complete data from their very beginning. Remaining
data sets required filtering out the authors with a high probability of attending conference
before the starting year in our dataset, Y0. Therefore, for APSMM, APSAM and SIAM we have
isolated authors with the first recorded year of conference attendance, smaller than Y0+hτi,
where hτi is the average waiting time between a consecutive conference attendance for all the
authors who took part at the conference during the [Y0, Yf] period. This way we excluded
between 10% (APSMM and SIAM) and 25% (APSAM) authors from our analysis.
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Functional fitsWe have used the maximum-likelihood fitting method [29] to fit three dif-
ferent functions to the probability distributions of the total number of participations, the num-
ber of and the time lags between two successive participations: exponential function e−λx,
power-law function x−γ and truncated power-law x−α e−Bx. It follows from the comparison of
fits of these three functions to empirical data that the truncated power-law is the best fit for the
probability distribution of all three measured quantities, see Figs 1, 2 and 3. In order to com-
pare these three fits we calculate the log likelihood ratio,R, and π-value (see Ref [29]) which
compares the fits to the power-law with exponential cut-off with the pure power-law for the
distribution of total number of participations (Table D in S1 File) and the number of successive
participations (Table E in S1 File). In the case of nested distributions, the negative value ofR
indicates that the larger family of distributions, in this case the truncated power-law, is a supe-
rior model. When the value ofR tends to 0, one can use π-value. The small π-value suggests
that the smaller family of distributions, in this case power-law, can be ruled-out. Both the log
likelihood ratio and the π-value indicate that the truncated power-law is a superior model com-
pared to pure power-law for both distributions. A similar procedure can be applied for the
comparison between truncated power-law and exponential fits, but since from the visual
inspection it is clear that the distributions do not follow the exponential fits, we have omitted
these results. The comparison between exponential and the power-law with exponential cut-off
fit, given in Table F in S1 File, indicates that the power-law distribution with exponential cut-
off fit is better than exponential fit for the distribution of the time lags. For all six conferences,
the power-law with exponential cut-off distribution gives the best fit for all three empirical
distributions.

Parameter estimationWe simulate the model for N = 100000 different authors. Starting
from x = 1 and y = 0 at t = 1, an author will appear at the next conference with probability g(x,
y) or skip it with the probability 1 − g(x, y). The author can terminate his/her membership in
the community at each time step with the probabilityH. In order to estimate the values of
parameters p, y0 andH, we calculate the distribution of total number of attendances x, from the
simulations and compare it to the empirical distribution using Kullback-Leibler Distance [30].
We perform the simulations for several different sets of parameter (y0,H, p) to determine
which combination of parameter values makes the model optimally close to the empirical data.
For each parameter set the results are averaged across 100 simulations.

Supporting Information
S1 File. Supplementary Information: A theoretical model for the associative nature of con-
ference participation. Proportion of conference participants g with x conference attendances
who are going to attend the conference next year (Figure A). Proportion of conference partici-
pants ρ with nmissed conferences after x-th conference attendance who are going to skip the
conference next year, but will take part at some future conference from the observation period
(Figure B). Pages on the web from which we downloaded conference data (Table A). Summary
of the conference data. Columns 2 and 3 indicate for each conference the year in which data we
have collected begin (Y0) and end (Yf). The total number of different participants at the confer-
ence during that period of time is given in column 4 (Table B). The number of participants at
the conference per year (Table C). Log likelihood ratioR and the π-value compare the fit to
the power-law with the fit to the power-law with an exponential cutoff for the probability dis-
tribution of number of conferences at which each author appears (Table D). Log likelihood
ratioR and the π-value compare the fit to the power-law with the fit to the power-law with an
exponential cutoff for the probability distribution of the number of successive participations at
the conference (Table E). Log likelihood ratioR and the π-value compare the fit to the
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exponential with the fit to the power-law with an exponential cutoff for the probability distri-
bution of the time lag between two consecutive conference participations (Table F). The opti-
mal parameter values of the model for each conference (Table G). Stagnancy rate 1 − g(1, 0) at
t = 1 for each conference and exponent α of power-law with an exponential cutoff distribution
fit with the corresponding conference order (Table H).
(PDF)
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Abstract
The communication processes of knowledge creation represent a particular class of human
dynamics where the expertise of individuals plays a substantial role, thus offering a unique
possibility to study the structure of knowledge networks from online data. Here, we use the
empirical evidence from questions-and-answers in mathematics to analyse the emergence
of the network of knowledge contents (or tags) as the individual experts use them in the pro-
cess. After removing extra edges from the network-associated graph, we apply the methods
of algebraic topology of graphs to examine the structure of higher-order combinatorial
spaces in networks for four consecutive time intervals. We find that the ranking distributions
of the suitably scaled topological dimensions of nodes fall into a unique curve for all time
intervals and filtering levels, suggesting a robust architecture of knowledge networks. More-
over, these networks preserve the logical structure of knowledge within emergent communi-
ties of nodes, labeled according to a standard mathematical classification scheme. Further,
we investigate the appearance of new contents over time and their innovative combinations,
which expand the knowledge network. In each network, we identify an innovation channel
as a subgraph of triangles and larger simplices to which new tags attach. Our results show
that the increasing topological complexity of the innovation channels contributes to net-
work’s architecture over different time periods, and is consistent with temporal correlations
of the occurrence of new tags. The methodology applies to a wide class of data with the suit-
able temporal resolution and clearly identified knowledge-content units.

Introduction
The knowledge creation through online social interactions represents an emerging area of
increased interest both for technological advances and the society [1] where the collective
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knowledge is recognised as a social value [2–4]. Recently studied examples include the knowl-
edge accumulation in systems with direct questions-and-answers [5], crowdsourcing scientific
knowledge production [6, 7] and scientific discovery games [8]. Similar phenomena can be
observed in business/economics-associated online social networking [9–11]. On the other
hand, the study of the collective knowledge creation opens new topics of research interests. In
particular, it provides ground to examine a novel type of collective dynamics in social systems
in which each actor possesses certain limited expertise. In the course of the collaborative social
efforts to solve a problem, such as communications through questions-and-answers that we
consider here, the tacit knowledge and the expertise of individual actors are externalised and
dynamically shared with other participants who take part in the process. When a systematic
tagging applies to the shared cognitive contents, the process leads to an explicit knowledge [3]
as the output value (the network of knowledge contents), from which others can learn. Further-
more, the dynamics underlying knowledge creation exemplifies multi-scale phenomena related
to the cognitive recognition, which may occur in a wider class of systems, social, biological and
physical [17].

By the nature of the underlying stochastic processes, the knowledge networks that emerge
through the collaborative social endeavours necessarily reflect the expertise and the activity
patterns of the involved participants. Furthermore, these networks tend to capture the logical
relationship among the used cognitive contents as it resides in the mind of each participating
individual. In this regard, these networks substantially differ from the commonly studied
knowledge networks, which are produced in ontological initiatives [12–14] such as those from
the online bibliographic data and Wikipedia, or the mapping citation relationships between
journal articles [15], to name a few. Also, the stochastic process of knowledge creation through
questions and answers are different from the spreading dynamics of scientific memes, whose
inheritance patterns are identified in citation networks [16].

In recent work [5], we have shown that the knowledge creation by questions-and-answers
involve two-scale dynamics, in which the constitutive social and cognitive elements (individual
experts or actors and the knowledge contents that they use) interact and influence each other
on the original scale. This complex system evolves in a self-organised manner leading to the
emergence of socio-technological structures where the involved actors share the accumulated
knowledge. These structures are visualised as communities on the related bipartite network of
actors and their artefacts [5]. Furthermore, the advance of innovation in this process, which
builds on the expertise of the involved participants, leads to the expansion of the knowledge
space by adding new cognitive contents. The central question for the research and applications
of the collective knowledge creation is how these stochastic processes work and potentially can
be controlled to converge towards the desired outcome. Furthermore, what is the structure of
the emergent knowledge that can be used by others?

A part of the answer relies on the structure of the networks, co-evolving with the knowl-
edge-sharing processes among the actors possessing the required expertise. In [5] the empirical
data from the Stack Exchange site Mathematics (http://math.stackexchange.com/) were down-
loaded and analysed, as a prototypal example. The sequence of events in the process of ques-
tions-and-answers (Q&A) suitably maps onto a growing bipartite network of actors, as one
partition, and their questions and answers, as another partition. The emergent communities on
these networks have been identified, consisting of the involved actors and the connected ques-
tions-and-answers. As a rule, in each community a dominant actor is found, representing an
active user with a broad expertise. The knowledge elements of each question are specified
according to the standard mathematical classification scheme by one to five tags (for instance,
“functional analysis”, “general topology”, “differential geometry”, “abstract algebra”, “algebraic
number theory”). Consequently, the expertise of the actor can be specified as a combination of
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tags that the actor had frequently used. Assuming that a minimal matching applies among the
actor’s expertise and the contents of the answered question, and using theoretical modelling
based on the empirical data, it was shown [5] that the emergent communities and the knowl-
edge that they share strongly depend on the population of the involved experts and their activ-
ity patterns.

In this work, using the same empirical dataset, our focus is on the networks of cognitive ele-
ments (tags) that emerge in these processes with questions-and-answers. Different from the
aforementioned bipartite networks, these emergent knowledge networks contain subelements
of both partitions, namely, knowledge contents of questions as well as a measure of the users’
expertise. Such networks, supported by the current information and computer technology
(ICT) systems, embody the collective knowledge that emerges via the cooperative social efforts
and can be used by others to learn. Moreover, the relevance and speed of knowledge acquisition
from these networks may be more efficient than from the networks generated through wide-
scale ontological plans and efforts. We apply the techniques of algebraic topology of graphs
[18–22] to investigate higher-order structures that characterise the connection complexity
between knowledge elements in the emergent networks. Specifically, we aim to determine

• the metrics to quantify the higher-order combinatorial structures which contain the logical
units of knowledge as the actors use them in communication;

• the role of innovative contents brought over time by the experts in building the network
architecture.

In addition to the standard graph-theoretic metrics and community detection in the emer-
gent networks of knowledge units, we describe their hierarchical organisation using several
algebraic topology measures. Further, we identify the appearance of new tags over time and
investigate the subgraphs (innovation channels) where these new cognitive elements attach to
the existing network. By tracking topology measures over the consecutive time periods for the
innovation channel together with the topology of the entire network, we quantify the impact of
the new-added contents. Our main findings indicate that the networks of cognitive elements
map to a nontrivial hierarchical architecture which contains aggregates of high-order cliques.
The increasing structural complexity of these networks over time, owing to the innovation
expansion, is consistent with the logical structure of knowledge that they contain and temporal
correlations in the appearance of new cognitive contents.

In the following, the networks of tags are built from the empirical data for four successive
one-year periods. At the initial stage, the networks are filtered to remove redundant links. At
the next stage, network measures are obtained at the graph level, and the community structure
is determined. At the final stage, the algebraic topology analysis of these networks for different
periods and filtering levels is performed. The analysis is focused on the subgraphs, which are
related to the appearance of new tags, representing the innovation channels of these networks.

Emergence of the tags networks
The Q&A process and structure of the empirical data
In this work, we have constructed knowledge networks from the empirical data, which are col-
lected and described in Ref. [5]. In the data, the knowledge contents are mathematical tags
used in the communications on Q&A systemMathematics Stack Exchange. In particular, the
content of each question is specified (tagged) by one or more (maximum five) tags according
to the standard mathematical classification scheme. While in Ref. [5] we investigated the role
of expertise in the social process taking part on the co-evolving bipartite network of users-and-
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questions, here we focus on the network of tags as the elementary units of knowledge that are
used by the actors in this process. With the help of the agent-directed modeling, in Ref. [5] we
have demonstrated that the considered empirical process obeys the fundamental assumption
of knowledge creation, i.e., that at least minimal matching between the contents of the question
and the expertise of answering actor occurred in each event. Therefore, the emergent network
of tags reflects the way in which these knowledge units are used in the process and, indirectly,
the expertise of the social community. Moreover, the architecture of the emergent network of
tags is expected to mirror the logical structure of knowledge, as it is presented by the experts
involved in the knowledge-creation process.

To be consistent with the previous studies and the associated analysis of Ref. [5], we use the
same dataset that was downloaded on May 5, 2014, from https://archive.org/details/
stackexchange and contains all user-contributed contents on Mathematics since the establish-
ment of the site, July 2010, until the end of April 2014. Specifically, the considered dataset con-
tains 269818 questions, posted and answered by 77895 users, 400511 answers, and 1265445
comments. For the present analysis, from the available high-resolution data we use the infor-
mation about questions, i.e., ID of each question, its content as a list of tags, and time stamp.
The tags and their combinations define the knowledge landscape whose size is not constant but
increases with time and the number of posted questions. In this way, the innovation increases
as the key feature of the collective knowledge creation [5]. By investigating the network of tags,
here we examine how the knowledge creation can be expressed by the topological complexity
of the expanding knowledge landscape.

Mapping data to networks of tags is performed within four consecutive periods; a period is
one-year long. First, the questions that are posted within the considered year period are
selected, and a unique set of tags that are involved in these questions is formed. Each tag repre-
sents a node of the tags network. Two tags (i, j) are linked by multiple connections wij, where
the link multiplicity wij = 0, 1, 2, ! ! ! represents the number of common questions in which the
considered pair of tags appeared in the selected dataset. The resulting networks are termed
tagNetY-k, where k = 1, 2, 3, 4 indicates the considered year period.

Graph measures of tags networks without redundant connections
The raw networks of tags contain a large number of redundant connections leading to a large-
density graph, cf. an example in Fig 1. To move forward, we first apply an advanced procedure
to eliminate the potentially redundant links.

Filtering redundant connections in a network of tags is motivated by the following facts. In
the data, the number of tags is between 500 and 1000 while the number of posted questions per
year are between 15 and 120 thousand, which results in a quite dense network of tags. On the
other hand, a broad distribution of the tags frequencies [5] suggests that a relatively small num-
ber of tags occurs quite frequently. Among the most frequent tags are “homework”, “proof-
writing”, “reference-request”, and “terminology”, which are not related to any particular field
of Mathematics but rather determine the type of question asked. For this reason, these tags can
occur in many different combinations of tags, thus increasing the network’s density. Here, we
apply an algorithm to decrease the network’s density by identifying the edges that do not incur
as a result of a random process. For this purpose, the weighted network is considered as a mul-
tigraph where the weight wij represents a multiplicity of links between the pair of nodes (i, j).
We apply the filtering technique described in Ref. [23]; it utilizes a random configurational
model for weighted graphs that preserves the total weight of the realised links,W = ∑k sk, as
well as the node’s strength sk = ∑j wij on average. To avoid the influence of the filtering on
higher structures, we apply the algorithm to each link independently.
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A pair of nodes (i, j) is selected proportionally to their strengths si and sj. In the considered
network, the selected pair is connected by the weighted link of the multiplicity wij. In the ran-
dom configurational model, the occurrence of a link with multiplicitym between the selected
pair of nodes is given by the conditional probability

Pijðmjsi; sj;WÞ ¼ W
m

! "
sisj
2W2

# $m

1$
sisj
2W2

# $W$m

: ð1Þ

Then the probability that the realised weight wij of the link (i, j) occurred by chance (p-
value) according to the marginal distribution given by Eq (1) is computed as [23]

PrðwijÞ ¼
X

m%wij

Pijðmjsi; sj;WÞ: ð2Þ

The links for which the probability Pr(wij) appears to be larger than a preset confidence level
p are removed. The remaining edges, which satisfy the condition Pr(wij)& p, represent the fil-
tered network with the specified confidence level. Here we examine the structure of the filtered
networks obtained for several values of the parameter, p 2 {0.1, 0.05, 0.01}. As an example, the
right panel in Fig 1 shows the first year network after the filtering procedure with the confi-
dence level p = 0.1.

The networks of tags for different periods and filtered at various confidence levels are ana-
lysed by algebraic topology techniques, as presented in the following Sections. In this regard,
we turn the weighted networks into binary graphs, which retain all important topological fea-
tures of the weighted graphs while making the computation less demanding. Here, we first
show that the filtering process leads to a reduced-density graph but preserves the relevant
(nonrandom) connections. Specifically, the thematically connected groups of nodes (cf. labels
of nodes in Figs 1 and 2) appear to form distinct communities on the network. In these

Fig 1. The network tagNetY-1: a close-up of unfiltered network near some large nodes (left) and the whole network filtered at confidence level
p = 0.1 (right).

doi:10.1371/journal.pone.0154655.g001
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networks, mostly non-overlapping communities occur. Consequently, they are suitably identi-
fied by methods based on the optimisation of the modularity [24–26]. A module is recognised
as a densely connected group of nodes that are sparsely connected to nodes in other groups
[27]. For a better comparison of different networks, the communities are systematically deter-
mined at the same resolution parameter (standard resolution 1.0 in Gephi, the open graph
visualization platform http://gephi.org). This large-scale clustering of the knowledge networks
appears systematically during the network growth. See also the structure of innovation chan-
nels studied in the following Section.

For comparison, in Table 1 we summarise the standard graph-theoretic measures [27] of
the networks of tags for four consecutive periods and the confidence level p = 0.1. Note that the
network of tags grows over years by the appearance of new tags, but also shrinks by the number
of tags that appeared in the previous period and were not used in the current period.

Fig 2. The community structure of the network of tags for the fourth period, which is filtered at p = 0.1. In each community, the
mutually connected cognitive contents (mathematical tags) are indicated by the nodes’ labels.

doi:10.1371/journal.pone.0154655.g002
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Topology of the tags networks
In addition to the standard graph-theoretic analysis, cf. Table 1, we apply techniques of alge-
braic topology to determine simplices and simplicial complexes, which describe higher order
structures of these networks. Definitions and detailed explanation of topological quantities
used in this presentation may be found in Ref. [19] and references within. The simplices are
identified as maximal cliques of all orders, i.e. dimensions. Then the topological complexity of
the simplicial complex constructed from the complex network is quantified by the number of
cliques at each topological level (dimension) q, starting at q = 0 up to the qmax − 1. A clique at
level q = 0 is an isolated node while q = 1 is a link, q = 2 is a triangle and so on up to the level
qmax − 1 representing the largest clique found in the network.

Algebraic topology measures
We use the Bron-Kerbosh algorithm [21, 22] to determine cliques of all orders that are present
in the studied network. The resulting matrix of maximal cliques (MC) thus contains informa-
tion about the identity index of each clique as well as the identity index of each node that par-
ticipates in that clique. Using rich information of the MC matrix, we can characterise the
topological spaces around each node as well as the organisation of cliques in the entire network
at each topological level. These goals are achieved by determining several node-related quanti-
ties [19] in addition to the commonly defined structure vectors of the network [18–20, 28].

In particular, the topology vector Qi is associated with the node i

Qi ¼ fQi
qmax"1;Q

i
qmax"2; # # # ;Qi

0g ; ð3Þ

where the components Qi
k, k = 0, 1, # # #qmax − 1, describe the number of k-dimensional cliques

in which the node i participates. Then the influence of a node in the overall network architec-
ture is quantified by topological dimension dimQi of the node i, which is introduced in [19]; it is
defined as the total number of all cliques in which the node i participates

dimQi ¼
Xqmax"1

q¼1

Qi
q: ð4Þ

To demonstrate the relevance of nodes, we compute the topological dimension of each node
in the original and filtered network of tags for the first-year interval, which are shown in Fig 1.
The components at each q level of the top 40 nodes (tags), ordered according to their topologi-
cal dimension, are displayed by three-dimensional plots in Fig 3. As this figure shows, the
applied elimination of the links reduces not only the node’s topological dimension but also
changes the structures at q-levels where the considered node is present. Consequently, the

Table 1. The graph-level measures for tags networks for four consecutive periods, filtered at confidence p = 0.1.

Net N hki hℓi d Cc ρ M

TagNetY-1 582 10.07 3.02 6 0.365 0.018 0.439

TagNetY-2 702 14.45 2.86 5 0.365 0.021 0.441

TagNetY-3 856 20.09 2.72 5 0.351 0.023 0.436

TagNetY-4 1033 22.52 2.68 5 0.338 0.022 0.422

The number of nodes N, average degree hki, average path length hℓi, diameter d, clustering coefficient Cc, graph density r ¼ L
NðN"1Þ, and modularity M =

∑i (eii − (∑j eij)2), where the summation runs over different communities.

doi:10.1371/journal.pone.0154655.t001
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ranking order of a particular node can be changed (see the corresponding lists of nodes in
Table 2), which is compatible with the altered importance of that node in the filtered network.

We further compare the role of individual nodes in the networks evolving over time, which
are filtered at different confidence levels, i.e., p = 0.1, p = 0.05 and p = 0.01. We determine the
topological dimensions of all nodes in the corresponding filtered networks for the four succes-
sive year-periods. The ranking distributions of the node’s topological dimensions are displayed
in Fig 4a. This Figure shows that, first, nodes with a gradually higher topological dimension
appear at later periods, suggesting that topological complexity of tags networks increases over
years. Furthermore, within each year, the reduced confidence level p results in a simpler struc-
ture of the nodes’ neighbourhood (and possible shifts in the ranking order of nodes, as

Fig 3. ComponentsQi
q of the first 40 tags ranked by their topological dimQi for the tagNetY-1 network

filtered at p = 0.1 (a) and with no filtration (b).

doi:10.1371/journal.pone.0154655.g003

Table 2. Names of the first twenty tags ordered according to their topological dimension in the network of tags before filtering and after filtering at
the indicated confidence level p has been performed.

before filtering p = 0.1 p = 0.05 p = 0.01

calculus number theory number theory geometry

linear algebra geometry geometry number theory

analysis algebraic topology functional analysis calculus

homework combinatorics sequences and series algorithms

reference request abstract algebra combinatorics functional analysis

probability functional analysis algebraic topology abstract algebra

sequences and series algebra precalculus abstract algebra reference request

geometry group theory differential geometry real analysis

functions real analysis calculus algebra precalculus

real analysis differential geometry real analysis logic

combinatorics logic probability sequences and series

abstract algebra sequences and series algebraic geometry probability

number theory soft question algebra precalculus linear algebra

terminology probability algorithms algebraic topology

complex analysis integration soft question combinatorics

general topology algorithms logic complex analysis

category theory complex analysis analysis dierential geometry

algebraic geometry analysis complex analysis soft question

discrete mathematics differential equations integration discrete mathematics

logic calculus differential equations analysis

doi:10.1371/journal.pone.0154655.t002
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mentioned above). However, all networks exhibit a broad ranking distribution of the node’s
topological dimension with a power-law section. The distributions are fitted by the discrete
generalised beta function

f ðxÞ ¼ ax$b N þ 1$ xð Þc ð5Þ

with different parameters a, b and c. The robustness of the observed scaling feature is further
confirmed by the scaling collapse of all curves to a master curve, shown in Fig 4b. The scale-
invariant ranking, where the node’s topological dimension is scaled by the maximal dimension
found in the corresponding network, suggests that the relative topological complexity of the
tags networks is preserved over time and the degree of filtering.

Topological spaces in the filtered networks of tags
To characterise the structure of the topological levels q = 0, 1, 2, & & &K of the entire graph, we
compute three commonly used structure vectors [18–20, 28, 29]. In particular, the first struc-
ture vector

Q ¼ fQq¼K ;Qq¼K$1; & & & ;Qq¼1;Qq¼0g ð6Þ

has K + 1 components that describe the number of q-connected classes, where K + 1 = qmax

indicates the size of the maximal clique found in the graph. Furthermore, the components of
the second structure vector

Ns ¼ fnq¼K ; nq¼K$1; & & & ; nq¼1; nq¼0g ð7Þ

designate the number of simplexes from the level q up to the top level. The third structure vec-
tor is often defined such that its q-level component

Q̂q ¼ 1$
Qq

nq
ð8Þ

determines how the simplices of higher order are connected at the level q. Fig 5 summarises the
components of two structure vectors for the tags networks emerging over different periods and
varied filtering level p.

Fig 4. Ranking distributions of the topological dimension of tags dimQi for all years and all p values
(a) and scaled distribution dimQi/max(dimQi) of all data (b). The legend abbreviations: 1Yp001 indicates
the first-year network filtered at the level p = 0.01, and so on. Fit lines are according to the discrete
generalised beta function (5); in panel (a) the parameter b = 0.67 ± 0.03 and c varies from 0.32 for 1Yp001
and 0.71 for 2Yp001 to 0.82 for 3Yp001 and 4Yp001, with error bars ±0.03.

doi:10.1371/journal.pone.0154655.g004
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By comparing the curves for different one-year periods but fixed filtering level, say p = 0.1,
we observe that the network topological complexity increases over time. It manifests in the
increased number of connectivity classes (components of the first structure vector) at all topo-
logical levels as well as the shift of the maximum from q = 2 (triangles), in the first year, to
q = 3 (tetrahedra) and q = 4 (5-cliques), in the fourth year. At the same time, we observe that
the number of topological levels increases as well as the connectivity among the cliques at each
topology level, cf. the third structure vector in the Fig 5b.

On the other hand, by decreasing the filtering confidence level p, a more sparse network is
obtained having a smaller number of topological levels and a reduced number of simplicial
complexes. However, they proportionally preserve the above-described tendency of the
enhanced complexity of combinatorial spaces over time. The corresponding curves for p = 0.05
and p = 0.01 are also shown for each year-period in Fig 5. According to the structure vectors in
Fig 5, all filtered networks exhibit a systematic shift towards richer topology in later years.
Once again, these results confirm the structural stability in Fig 4 of the emergent networks of
tags, which complements the logical organisation of knowledge contents in the communities in
these networks, demonstrated in Fig 2 and in the following Section.

Clustering of the innovative contents
Three aspects of innovation in the knowledge creation
The innovation growth [5, 30] is a crucial element of the process of knowledge creation. In the
voluntary system, the innovation that comes from the expertise of the actors involved in the
process was shown [5] to expand the knowledge space over time. To quantify the impact of
innovation onto the architecture of the emerging knowledge networks, we consider the follow-
ing three aspects of the innovation:

• the appearance of new tags due to the actor’s expertise;

• the occurrence of new combinations of tags expanding the knowledge space;

• the emergence of new combinatorial topological structures enriching the architecture of the
knowledge network.

In the following, we discuss in detail these features of innovation.

Fig 5. The components of (a) the first structure vectorQq and (b) the third structure vector bQq ¼
1" nq=Qq plotted against the topology level q for each year period and three filtering levels p = 0.1,
0.05, 0.01. The legend abbreviations are explained in connection to Fig 4.

doi:10.1371/journal.pone.0154655.g005
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Fig 6a contains time sequence of the first appearance of tags that are present in the data of
each one-year period. Naturally, the sequence for Year-1 is the shortest, while the sequence for
Year-4 is the longest, since some tags that are present in Year-4 appeared in the earlier periods.
The time series contains the number of new tags appearing in the sequence of two-day time
intervals. The fractal analysis of these time series and their power spectrum, shown in Fig 6b
and 6c suggest that the appearance of new tags is not random but exhibits long-range temporal
correlations. Specifically, the plots in Fig 6b represent the fluctuation function F2(n) of the
standard deviations of the integrated time series at the interval of length n. They reveal scaling
regions (of different length for each time series) which permit determination of the Hurst expo-
nent via F2(n)*nH. Values of the Hurst exponentH indicated in the legend suggest the fractal
structure of the fluctuations. It appears that the fractality increases over time from nearly ran-
dom time series with H = 0.51 ± 0.01 in Year-1, to strongly persistent fluctuations with
H = 0.72 ± 0.02, in Year-4.

Similarly, power spectra of these time series in Fig 6c exhibit long-range correlations accord-
ing to S(ν)* ν−f with two distinct exponents in high and low frequency regions. While the
low-frequency feature is similar for all considered periods, the pronounced scaling in the high-
frequency region gradually builds over years.

The number of unique combinations of tags was examined in the whole dataset and plotted
against the number of posted questions in Fig 6d. The plot exhibits a power-law
behaviourNTC ! Na

Q in the range above 102 posted questions. It represents the Heaps’ law
which appears to be in agreement with the ranking distribution of frequencies of the unique
combinations of tags, i.e., the Zipf’s law, as discussed in [5]. The occurrence of Heaps’ law is a
manifestation of the innovation growth [5, 30] in the process of Q&A. The exponent α< 1
indicates a sublinear growth of innovation with the number of posted questions. This depen-
dence suggests that a fraction of displayed items brings new combinations of tags while the
remaining questions use the already identified combinations.

Fig 6. The temporal sequence of the appearance of new tags present in the networks for Year-1, Year-2,
Year-3 and Year-4 periods (a). Temporal resolution is two days. The scaling of the standard fluctuation
function (b) and the power spectrum (c) of these time series. Panel (d) displays increase in the number of new
combinations of tags as a function of the number of questions over time.

doi:10.1371/journal.pone.0154655.g006
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The structure of innovation subgraphs
The appearance of new tags in the Q&A process leads to the expansion of the knowledge net-
work. In particular, the network grows by the addition of new nodes (cf. Table 1), as well as by
increasing its topological complexity measured by the presence of simplicial complexes of a
high order. In the remaining part of this section, we investigate how the new tags attach to the
existing nodes and affect the formation of higher order structures in the knowledge network.
For this purpose, we first define an innovation channel as a subgraph related with the new tags
appearing at the end of a considered one-year period. Specifically, the subgraph in the network
(filtered at p = 0.1) contains newly added tags together with the tags to which they attach and
form simplices larger than a single link (i.e., triangle or higher dimensional structure). The two
plots in Fig 7 show the structure of the innovation channels at the beginning of Year-2 and
Year-3 periods, respectively.

The innovation channels in Fig 7 grow over a one-year period; moreover, the innovative
nodes stick with the rest of the network (previously existing nodes and links) making with
them a tight structure that involves higher-order combinatorial spaces up to the largest cli-
que. The community structure in the innovation subgraphs, which is demonstrated in Fig 7,
reflects the thematic grouping of the entire knowledge network, as presented in Fig 2. For
example, the newly added tag “cohomology” sticks to the group where we also find “algebraic
topology”, “differential geometry”, “abstract algebra”, “complex geometry” and other themat-
ically related tags, cf. the lower left community in Fig 7 right panel. On the other hand, the
added tag “computational complexity” links to the community with “discrete mathematics”,
“algorithms”, “logics”, “combinatorics”, “computer science” and others, cf. the rightmost
community in the same Figure. Similarly, the node labels in all identified communities con-
firm their thematic closeness. Therefore, the expansion of the knowledge network by the
addition of innovative contents systematically obeys the overall logical structure of (mathe-
matical) knowledge. As mentioned earlier, the core of this feature of knowledge creation lies
in the crucial role of the actor’s expertise in the process of meaningful cognitive-matching

Fig 7. The structure of the innovation channel at the beginning of Year-2 (left) and Year-3 (right). New tags
were added to the filtered tags network of the previous year, forming structures of higher dimension than a triangle.
Communities of well-connected nodes show the logical grouping of mathematics subject categories, indicated by
labels on nodes.

doi:10.1371/journal.pone.0154655.g007
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actions. The logical structure of individual knowledge of each actor gets externalised during
the process of Q&A.

According to the results in Fig 6, the appearance of innovative contents boosts the process
of knowledge creation, leading to the observed temporal correlations, characteristic of collec-
tive dynamics. Analogously, here we show that the structure of innovation channels enriches
the topological spaces of the knowledge network. In Figs 8 and 9 we summarise the topological
measures of the innovation channels and compare them with the corresponding measures of
the entire network. In addition to the structure vectors defined in Eqs (6)–(8), here we also con-
sider the topological “response” function fq to express the shifts in the topology at each level q
in response to the changes in the network size. Formally, fq is defined [20] as the number of
simplices and shared faces at the level q.

Interestingly enough, the third structure vectors in Fig 8a and 8c show that the correspond-
ing channels exhibit a better connectivity up to the level q = 4 of 5-clique than the background
network. This feature of the innovation channels suggests the leading role of the innovative
tags in the observed increase of the topological complexity of the network over years. This con-
clusion compares well with the number of connectivity classes at different topological levels,
namely the first structure vectors in Fig 8b and 8d. The topology of the channel determines the
most ubiquitous structure in the entire network, corresponding to the peak in the first structure
vector. Furthermore, the increase of the topological complexity of the knowledge graphs over
consecutive periods is illustrated by the topological “response” function fq, which is shown in

Fig 8. (a) and (c) The third structure vector and (b) and (d) the first structure vector for the networks of tags in Year-2 (left panels) and Year-4 (right
panels) and the corresponding innovation channels above the level q = 2 and q = 3.

doi:10.1371/journal.pone.0154655.g008
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Fig 9. It manifests in the increase of the number of topology levels, as well as the number of
simplices and shared faces at each topology level. Also, the maximum of the function fq shifts
towards more complex structures, i.e., from triangles at Year-2 to tetrahedra in Year-4. As the
plots in the lower panel of Fig 9 show, these topological shifts in the networks of different peri-
ods are tightly reflected in the structure of the corresponding innovation channels.

Conclusions
Information processing underlines the evolution and structure of various social networks [31–
33]. The creation of knowledge through questions-and-answers requires meaningful interac-
tions with the actor’s expertise adjusted to the needs of other participants; consequently, it
leads to the accumulation of the sound knowledge and the expansion of knowledge space [5].
In the studied example, we have demonstrated how the algebraic topology measures can char-
acterise the connection complexity of the emergent knowledge networks. Using the data of
questions-and-answers from the Stack Exchange system Mathematics, we have shown how the

Fig 9. Response fq plotted against the topology level q for networks of Year-2, Year-3, and Year-4 (top panel) and for the corresponding
innovation channels scaled with the year maximum value (bottom panel).

doi:10.1371/journal.pone.0154655.g009
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network of mathematical tags, as constitutive elements of knowledge, appears and evolves with
the actor–question–actor-answer interactions over time.

The connections among different tags reflect their use by the actors possessing the expertise,
which (at least partially) overlaps with the contents of the considered question. The networks
of tags are filtered by removing the extra edges which may have appeared by chance with a
specified confidence level. We have applied the filtering at the level of (uncorrelated) edges to
preserve the higher-order structures, which have been the focus of this study. Our results reveal
that the process preserves the genuine structure of knowledge networks consisting of themati-
cally connected tags communities. For example, five communities in Fig 2 appear in the filtered
network of tags in Year-4. Considering the higher-order topological spaces, the filtered net-
works of tags exhibit a robust structure. The hierarchy of nodes sorted out according to their
suitably scaled topological dimension is represented by a unique curve, independent of the evo-
lution time and the filtering level.

The appearance of new contents (tags) over time plays a significant role in the process of
knowledge creation and the related networks. As it was shown in [5], the occurrence of new
contents and new combinations of contents are chiefly related to the expertise of newly arriving
users. Therefore, the introduced combinations of tags obey the logical structure as it is pre-
sented by the participating experts. The growing number of unique combinations leads to the
advance of innovation [5], as also shown in Fig 6d. Moreover, their appearance is conditioned
by the cognitive-matching interactions and the user’s activity patterns. These features of the
social dynamics are manifested in the non-random (persistent) fluctuations and long-range
temporal correlations, as demonstrated in Fig 6a, 6b and 6c. Further, the performed algebraic
topology analysis has revealed the role of these innovative contents in building the architecture
of knowledge network. Specifically, we have found that:

• the newly appearing tags connect to the current network at all levels from a single link to the
cliques of the highest order;

• the innovation channel is recognised as a subgraph containing simplices larger than or equal
to a triangle in which at least one of the new tags occurred; its growth and the increased topo-
logical complexity over time provides the evolution pattern of the entire network;

• the growth of the innovation channel is consistent with enhanced fractal features and tempo-
ral correlations of the appearance of new contents over time; it systematically obeys the sensi-
ble connections of contents, as also demonstrated in Fig 7.

The presented results reveal that the creation of new combinations of knowledge contents
(or innovation) is compatible with the non-random correlations in the sequence of new con-
tents and their linking to the knowledge network. Hence the innovation expansion, as a core of
each knowledge-creation process, can be additionally quantified by the fractal features of time
series of new tags as well as the algebraic topology measures of the network’s innovation chan-
nel. Hidden beneath these quantifiers of the emergent knowledge networks is the dynamics of
human actors and their expertise, which provides the logical structure of the collective knowl-
edge. Our approach consists of the appropriate data filtering, fractal analysis of time series, and
algebraic topology techniques applied to the emergent knowledge networks and their innova-
tive channels. The methodology can be useful to the analysis of a wide class of networks where
the actors and their artefacts, as well as the cognitive elements used in the process, are clearly
identified. These may include, among others, networks created by science, engineering, busi-
ness and economics communities based on online collaborations. Further, such examples may
also include a collection of articles (e.g. journal articles) referring to each other, where their
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logical units are marked. In some such situations, keywords, memes, and concepts can be iden-
tified by machine learning methods.
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Abstract

The affiliation with various social groups can be a critical factor when it comes to quality of

life of each individual, making such groups an essential element of every society. The group

dynamics, longevity and effectiveness strongly depend on group’s ability to attract new

members and keep them engaged in group activities. It was shown that high heterogeneity

of scientist’s engagement in conference activities of the specific scientific community

depends on the balance between the numbers of previous attendances and non-atten-

dances and is directly related to scientist’s association with that community. Here we show

that the same holds for leisure groups of the Meetup website and further quantify individual

members’ association with the group. We examine how structure of personal social net-

works is evolving with the event attendance. Our results show that member’s increasing

engagement in the group activities is primarily associated with the strengthening of already

existing ties and increase in the bonding social capital. We also show that Meetup social net-

works mostly grow trough big events, while small events contribute to the groups

cohesiveness.

Introduction

One of the consequences of the rapid development of the Internet and growing presence of
information communication technologies is that a large part of an individual’s daily activities,
both off and online, is regularly recorded and stored. This newly available data granted us a
substantial insight into activities of a large number of individuals during long period of time
and led to the development of new methods and tools, which enable better understanding of
the dynamics of social groups [1]. The structure and features of social connections both have
strong influence and depend on social processes such as cooperation [2, 3], diffusion of inno-
vations [4, 5], and collective knowledge building [6]. Therefore, it is not surprising that the the-
ory of complex networks has proven to be very successful in uncovering mechanisms
governing the behavior of individuals and social groups [7, 8].

The human activity patterns, the structure of social networks, and the emergence of collec-
tive behavior in different online communities have been extensively studied in the last decade

PLOSONE | DOI:10.1371/journal.pone.0171565 February 6, 2017 1 / 16

a1111111111
a1111111111
a1111111111
a1111111111
a1111111111

OPENACCESS

Citation: Smiljanić J, MitrovićDankulov M (2017)
Associative nature of event participation dynamics:
A network theory approach. PLoS ONE 12(2):
e0171565. doi:10.1371/journal.pone.0171565

Editor:Matjaz Perc, University of Maribor,
SLOVENIA

Received:November 15, 2016

Accepted: January 22, 2017

Published: February 6, 2017

Copyright: © 2017 Smiljanić, Mitrović Dankulov.
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[6, 9–15]. On the other hand, the dynamics of offline social groups, where the activities take
place trough offline meetings (events), have drawn relatively little attention, given their impor-
tance. Such offline groups, both professional and leisure ones, provide significant benefits and
influence everyday lives of individuals, their broader communities, and the society in general:
they offer social support to vulnerable individuals [16, 17], can be used for political campaigns
and movements [18, 19], or can have an important role in career development [20]. As they
have different purpose, they also vary in the structure of participants, dynamics of meetings,
and organisation. Some groups, such as cancer support groups or scientific conference com-
munities, are intended for a narrow circle of people while others, leisure groups for instance,
bring together people of all professions and ages. In the pre-Internet era these groups have
been, by their organisation and means of communication between their members, strictly off-
line, while today we are witnessing the appearance of a growing number of hybrid groups,
which combine both online and offline communication [19]. Although inherently different, all
these social groups have two main characteristics in common: they do not have formal organi-
zation, although their members follow certain written and non-written rules, and their mem-
bership is on a voluntary basis. Bearing this in mind, it is clear that the function, dynamics and
longevity of such self-organized communities depend primarily on their ability to attract new
and retain old active members. Understanding the reasons and uncovering key factors that
influence members to remain active in the social group dynamics are thus important, espe-
cially having in mind their relevance for the broader social communities and the society.

The size of social groups and personal social networks, as well as their structure, have been
extensively studied. The considerable body of evidence [21–24] suggests that the typical size of
natural human communities is approximately 150, that both groups and personal social net-
works are highly structured, and consist of social layers characterized by different strengths of
relationships. The relationships within each layer are characterized by a similar mean fre-
quency of interaction and emotional closeness, both of which decrease rapidly as we move
trough network layer. These findings have been explained using the Social Brain Hypothesis,
which relates the average size of species’ personal network with the computational capacity of
its brain. Here we confirm that these findings also hold for leisure groups where the frequency
of interactions among members is constrained by the event dynamics. We also explore how
the number of attended events is related to the size and layered structure of member’s personal
network.

Previous research on hybrid social groups and interplay between offline and online interac-
tions has shown that offline meetings enhance attendees’ engagement with online community
and contributes to the creation of a bonding capital [25, 26]. In our previous work [20] it was
shown that the participation patterns of scientist in a particular conference series are not ran-
dom and that they exhibit a universal behaviour independent of conference subject, size or
location. Using the empirical analysis and theoretical modeling we have shown that the confer-
ence attendance depends on the balance between the numbers of previous attendances and
non-attendances and argued that this is driven by scientist’s association with the conference
community, i.e. with the number and strength of social ties with other members of the confer-
ence community. We also argued that similar behaviour can be expected in other social com-
munities when it comes to members’ participation patterns in organised group events. Here
we provide empirical evidence supporting these claims and further investigate the relationship
between the dynamics of participation of individuals in social group activities and the structure
of their social networks.

The Meetup portal, whose group dynamics we study here, is an event-based social network.
Meetup members use the online communication for the organization of offline gatherings.
The online availability of event attendance lists and group membership lists enables us to

Associative nature of event participation dynamics: A network theory approach
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examine the event participation dynamics of Meetup groups and its influence on the structure
of social networks between group members. The diversity of Meetup groups in terms of the
type of activity and size allows us to further examine and confirm the universality of member’s
participation patterns. We note that previous papers using Meetup source of data have mostly
focused on the event recommendation problem [27–31], structural properties of social net-
works, and relationships between event participants [31, 32] by disregarding evolutionary
behaviour of Meetup groups.

In this paper, we examine the event-induced evolution of social networks for four large
Meetup groups from different categories. Similarly to the case of conference participation, we
study the probability distribution of a total number of meetup attendances and show that it
also exhibits a truncated power law for all four groups. This finding suggests that the event par-
ticipation dynamics of Meetup groups is characterized by a positive feedback mechanism,
which is of social origin and is directly related to member’s association with social community
of the specific Meetup group. Using the theory of complex networks we examine in more detail
the correlation between an individual’s decisions to participate in an event and her association
with other members of that Meetup group. Specifically, we track how member’s connectedness
with the community changes with the number of attendances by measuring change in the clus-
tering coefficient and relation between the degree and the strength in an evolving weighted
social network, where only statistically significant connections are considered. Our results
indicate that greater involvement in group activities is more associated with the strengthening
of existing than to creation of new ties. This is consistent with previous research on Meetup
which has shown that repeated event attendance leads to an increase in bonding and a decrease
in bridging social capital [25, 33]. Furthermore, in view of the fact that people interact and net-
works evolve through events, we examine how particular a event affects the network size and
its structure. We investigate effects of event sizes and time ordering on social network organi-
zation by studying changes in the network topology, numbers of distinctive links and cluster-
ing, caused by the removal of a specific event. We find that large events facilitate new
connections, while during the small events already acquainted members strengthen their inter-
personal ties. Similar behavior was observed at the level of communities, where small commu-
nities are typically closed for new members, while contrary to this, changes in the membership
in large communities are looked at favorably [34, 35].

This paper is organized as follows: we first study the distribution of the total number of par-
ticipations in four Meetup groups from different categories. Next we introduce a filtered
weighted social network to characterize significant social connections between members and
discuss its structural properties. Specifically, we study how the local topological properties
evolve with the growth of the number of participations in order to derive relationships
between members’ association with the group and their activity patterns. In order to analyze
impact of a particular event on the network organization, we remove events using different
strategies and study how this influences the social structure.

Results

Event participation patterns of Meetup groups

Meetup is an online social networking platform that enables people with a common interest to
start a group with a purpose of arranging offline meetings (events, meetups) all over the world.
The groups have various topics and are sorted into 33 different categories, such as careers, hob-
bies, socializing, health, etc. These groups are of various sizes, have different event dynamics,
and hierarchical organisation. They also differ in the type of activity members engage, ranging
from socializing events (parties and clubbing) to professional trainings (seminars and
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lectures). Common to all groups is the way they organize offline events: each member of the
group gets an invitation to event to which they reply with yes or no, creating in that way a
record of attendance for each event. We use this information to analyze event participation
patterns and to study the evolution of the social network.

Here, in particular we analyze four large groups, each belonging to a different category and
having more than three thousand organized events (see Methods and Table 1). We chose these
four groups because of their convenience for statistical analysis, large number of members and
organized events, and also for the fact that they are quite different concerning the type of activ-
ities and interests their members share. The geamclt (GEAM) group is made of foodie thrill-
seekers who mostly meet in restaurants and bars in order to try out new exciting foods and
drinks, while people in the VegasHiker (LVHK) group are hikers who seek excitement trough
physical activity. The Pittsburgh-free (PGHF) is our third group which invites its members to
free, or almost free, social events, and the fourth considered group TechLife Columbus
(TECH), which is about social events and focuses on technology-related community network-
ing, entrepreneurship, environmental sustainability, and professional development.

Fig 1 demonstrates that the probability distributions of total attendance numbers of mem-
bers in events for all four groups exhibits a truncated power law behavior (see Fig A and
Table A in S1 File, which show a comparison with the exponential and power law fit), with
power law exponent larger than one. Similarly to the conference data [20], the exponential

Table 1. Summary of collected data for four selectedMeetup groups.Nm is total number of group members,Ne is total number of organised events.

Meetup group Acronym Category Nm Ne

geamcIt GEAM Food & Drink 5377 3986

pittsburgh-free PGHF Socializing 4995 4617

techlifecolumbus TECH Tech 3217 3162

VegasHikers LVHK Outdoors& Adventure 6061 5096

doi:10.1371/journal.pone.0171565.t001

Fig 1. Total number of attended events. Probability distributions P(x) of total number of participations x, for
four Meetup groups. Solid line represents best fit to truncated power law distribution, x−αe−Bx.

doi:10.1371/journal.pone.0171565.g001
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cut-off is a finite size effect. Power law and truncated power law behavior of probability distri-
butions can be observed for the number of and the time lag between two successive participa-
tions in group-organized events, Figs B and C in S1 File. In fact, we find that similar
participation patterns which differ in values of exponents) can be observed for all Meetup
groups, regardless of their size, number of events or category. As in the case of the conference
participation dynamics [20], this indicates that the probability to participate in the next event
depends exclusively on the balance of numbers of previous participations and non-participa-
tions. We argued in [20] that the forces behind conference participation dynamics are of social
origin, and it follows from Fig 1 that the same can be argued for the case of the Meetup group
participation dynamics. The more participations in group activities member has, the stronger
and more numerous are her connections to the other group members, and thus her association
with the community. We further explore this assumption by investigating the event-driven
evolution of social networks of the four different Meetup groups.

Structure of social event-based network

We construct a social network between group members for each considered group, as a net-
work of co-occurrence on the same event (see Methods for more details). By definition, these
networks are weighted networks with link weights between two members equal to the number
of events they participated together. These networks are very dense, as a direct result of the
construction method, with broad distribution of link weights (see Fig D in S1 File). However,
co-occurrence at the same event does not necessarily imply a relationship between two group
members. For instance, a member of a group that attends many events, or big events, has a
large number of acquaintances, and thus large number of social connections, which are not of
equal importance regarding her association with the community. Similarly, two members that
attend a large number of events can have relatively large number of co-occurrences, which can
be the result of coincidences and not an indicator of their strong relationship. In order to filter
out these less important connections we use a filtering technique based on the configuration
model of bipartite networks [36, 37] (see Methods). By applying this technique to weighted
networks we reduce their density and put more emphasis on the links that are less likely to be
the result of coincidences. In this way we emphasize the links of higher weights without the
removal of all links below certain threshold (see Fig D in S1 File), a standard procedure for net-
work pruning. We explore the evolution of social networks of significant relationships between
Meetup group members by studying how the local characteristics of the nodes (members)
change with their growing number of participations in group activities.

Association with the community of a specific Meetup group can be quantitatively expressed
trough several local and global topological measures of weighted networks. Specifically, here
we explore how the number of significant connections (member’s degree) and their strength
(member’s strength), as well as how member’s embeddedness in a group non-weighted and
weighted clustering coefficient) are changing with the number of attended group events. Fig 2
shows how average strength of a node depends on its degree in filtered networks of four
selected Meetup groups. While member’s degree equal to the number of member’s significant
social relationships, the strength measures how strongly she is connected to the rest of the
group [38]. In all considered Meetup groups members with small and medium number of
acquaintances (q 50) have similar values of strengths and degrees, i.e., their association with
the community is quantified by the number of people they know and not through the strength
of their connections (see Fig 2). Having in mind that the average size of an event in these four
groups is less than 20, we can conclude that majority of members with a degree less than 50 are
the ones that attended only a few group meetups. A previous study [30] has found that the
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probability for a member to attend a group event strongly depends on whether her friends will
also attend. The non-linear relationship between the degree and the average strength for
q> 50 shows that event participation of already engaged members (ones who already attended
few meetings) is more linked to the strength of social relations than to their number. This
means that at the beginning of their engagement in group activities, when the association is
relatively small, the participation is conditioned by a number of members a person knows,
while later, when the association becomes stronger, the intensity of relations with already
known members becomes more important.

This finding is further supported if we consider the change of the average degree and
strength with the number of participations. Fig 3 shows how the average member’s degree and
strength evolve with the number of participations in group’s events. At the beginning, the
degree and strength have the same value and grow at the same rate, but after only few partici-
pations the strength becomes larger than the degree, and starts to grow much faster for mem-
bers of all four Meetup communities. After 100 attended events the average strength of a
member is up to ten times larger than her degree (see Fig E in S1 File). This indicates that the
event participation dynamics is mostly governed by the need of a member to maintain and
strengthen her relationships with already known members of a community. As a matter of
fact, our analysis of member’s embeddedness in these social networks shows that members
maintain strong relations with single members of the community, but also with small sub-
groups of members. A comparison with randomized data (Figs E and F in S1 File) reveals that
both the degree and strength grow slower with the number of events, and that their ratio is

Fig 2. Node strength dependence on node degree.Dependence of average member’s strength hsi on her
degree q in social network of significant links for considered groups.

doi:10.1371/journal.pone.0171565.g002
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higher than in the original data. Relatively high value of the average clustering coefficient hcii,
shown in Fig 4 indicates that there is a high probability (more than 10% on average) that
friends of a member also form significant relationships. The slow decay of hcii with the number
of participations and the fact that it remains relatively large (above 0.2) even for participants
with a thousand of attended meetups, Fig 4, show that personal networks of members have
tendency to remain clustered, i.e., have relatively high number of closed triplets compared to
random networks.

We now further examine the structure of these triplets and its change with the number of
participations by calculating the averaged weighted clustering coefficient. The weighted clus-
tering coefficient cWi measures the local cohesiveness of personal networks by taking into

account the intensity of interactions between local triplets [38]. This measure does not just
take into account a number of closed triplets of a node i but also their total relative weight with
respect to the total strength of the nodes (see Methods). We also examine how the value of
weighted clustering coefficient, averaged over all participants that have attended x events, des-
ignated as hcWi ÖxÜ, with the number of attended events. As it is shown in Fig 4, a member’s net-

work of personal contacts shows high level of cohesiveness, on the average. Like its non-
weighted counterpart, the value of hcWi i only slightly decreases during member’s early involve-

ment in group activities, while later it remains constant and independent of the number of par-
ticipations. A comparison of the values of weighted and non-weighted clustering coefficients
reveals the role of strong relationships in local networks, i.e., whether they form triplets or
bridges between different cohesive groups [38]. At the beginning of member’s involvement in
a group, these two coefficients have similar values, Fig 4, which indicates that the cohesiveness
of a subgroup of personal contacts is not that important for the early participation dynamics.
As a number of attended events grows, as well as a number and strength of personal contacts,
the weighted clustering coefficient becomes larger than its non-weighted counterpart, indicat-
ing member’s strongest ties with other members who are also friends. The fact that in later

Fig 3. Event driven evolution of member’s degree and strength.Dependence of member’s average
degree hqi and strength hsi on number of attended group events by member x for four considered Meetup
groups.

doi:10.1371/journal.pone.0171565.g003
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engagement the weighted clustering coefficient is larger than its non-weighted counterpart
indicates that the clustering has an important role in the network organization of Meetup
groups and thus in the group participation dynamics [38]. Low and very similar values of the
clustering and weighted clustering coefficients in networks obtained for randomized data (Fig
G in S1 File) further confirm our conclusion about the importance of clustering in the event
participation dynamics. The observed discontinuity and decrease of values of the degree,
strength and both clustering coefficients, Figs 3 and 4, for groups GEAM and TECH are conse-
quences of a small number of members who attended more than 300 events.

Event importance in group participation dynamics

In our previous work [20], we have shown that the conference participation dynamics is inde-
pendent of the conference topic, type and size. The same holds true for the Meetup participa-
tion dynamics, i.e., the member’s participation patterns in the Meetup group activities do not
depend on the group size, category, location or type of activity. However, the size of group
events and their time order may influence the structure of network and thus group dynamics.
We explore how topological properties of networks, specifically the number of acquaintances
and network cohesion, change after the removal of events according to a certain order (see
Methods for details).

Firstly, we study how the removal of events according to a certain order influences the
number of overall acquaintances in the network. For this purpose we define a measure η (see
Methods), which we use to quantify the percentage of the remaining significant acquaintances
after the removal of an event. Fig 5 shows the change of measure η after the removal of a frac-
tion r of events according to a chosen strategy. We see that most of new significant connections
are usually made during the largest events. The importance of large events for the creation of
new acquaintances is especially striking for the groups GEAM, PGHF, and TECH, where

Fig 4. Local cohesiveness of social networks of significant links. Evolution of local cohesiveness of
members personal networks, measured by averaged non-weighted hcii and weighted clustering coefficients
hcW
i
i, with the number of events attended by the member x.

doi:10.1371/journal.pone.0171565.g004
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about 80% of acquaintances only met at top 20% of events. For LVHK the decrease is slower,
probably due to a difference in the event size fluctuations (see Fig E in S1 File), but still more
than 50% of acquaintances disappear if we remove top 40% of events, which is still much
higher percentage of contacts compared to random removal of events (see Fig 5 (right)). Simi-
lar results are observed when we remove events in the opposite order, Fig 5 (left). Only 20% of
acquaintances are being destroyed after the removal of 80% of events, for all four groups. This
indicates that new and weak connections are usually formed during large events, while these
acquaintances are further strengthen during small meetups. On the other hand, the removal of
events according to their temporal order, Fig 5, has very similar effect as random removal, i.e.,
the value of parameter η decreases gradually as we remove events.

Similar conclusions can be drawn based on the change of average weighted clustering coeffi-
cient hCWi (now averaged over all nodes in the network) with the removal of events, Fig 6.
Removal of events according to decreasing order of their sizes, does not result in the significant
change of hCWi. The same value of weighted clustering coefficient, observed even after the
removal of 80% of events, shows that small events are not attended by a pair of but rather by a
group of old friends. On the other hand, the removal of events in the opposite order results in
gradual decrease of hCWi. A certain fraction of triads in networks are made by at least one link
of low weight. These links are most likely to vanish after the removal of the largest events, which
results in the gradual decrease of hCWi. Removal of events according to their temporal order
results in the change of hCWi similar to one obtained for random removal of events, confirming
further that the time ordering of events does not influence the structure of studied networks.

Discussion and conclusion

In this article we explore the event participation dynamics and underlying social mechanism
of the Meetup groups. The motivation behind this was to further explore the event driven

Fig 5. Importance of event size for number of distinctive links in the networks.Change of ηwith removal of events according to their size (left)
and temporal and random order (right). Abbreviations indicate order in which we remove events: b—from the largest to the smallest, s—from the
smallest to the largest, f—from the first to the last and r—random.

doi:10.1371/journal.pone.0171565.g005
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dynamics, work we have started by exploring participation patterns of scientists at scientific
conferences [20], and to better examine the social origins behind the repeated attendance at
group events, which was not feasible with the conference data. The results in this manuscript
are based on empirical analysis of participation patterns and topological characteristics of net-
works for four different Meetup groups made up of people who have different motives and
readiness to participate in group activities: GEAM, PGHF, TECH, LVHK.

Although these four groups differ in category and type of activity, we have shown that they
are all characterized with similar participation patterns: the probability distributions of total
number of participations, number of successive participations and time lag between two suc-
cessive participations follow a power law and truncated power law behavior, with the value of
power law exponents between 1 and 3. The resemblance of these patterns to those observed for
conference participations [20] indicates that these two, seemingly different, social system
dynamics are governed by similar mechanism. This means that the probability for a member
to participate in future events depends non-linearly on the balance between the numbers of
previous participations and non-participations. As in the case of conferences [20], this behav-
ior is independent of the group category, size, or location, meaning that members association
with the community of a Meetup group strongly influence their event participation patterns,
and thus the frequency and longevity of their engagement in the group activities.

The Member’s association with the community is primarily manifested trough her inter-
connectedness with other members of a specific Meetup group, i.e., in the structure of her per-
sonal social network. We have examined topological properties of filtered weighted social
networks constructed from the members event co-occurrence. Trough network filtering we
have emphasized the importance of significant links, the ones which are not the result of coin-
cidence but rather an indicator of social relations. The analysis of local topological properties
of these networks has revealed that the strength of connectedness with the community, for the
members with small number of participations, is predominantly the consequence of the width

Fig 6. Importance of event size for the network cohesiveness.Change of local network cohesiveness with removal of events according to their
size (left) and temporal and random order (right). Abbreviations indicate order in which we remove events: b—from the largest to the smallest, s—from
the smallest to the largest, f—from the first to the last and r—random.

doi:10.1371/journal.pone.0171565.g006
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of their social circles. Average strength and degree of members with q≲ 50, which on average
corresponds to only a few participations, are equal, while the strength of members who know
more than 50 people and have participated in more than a few events, is several times higher
then their degree. This means that after a few participations strengthening of existing ties
becomes more important than meeting new people. These arguments are further extended
with our observation of the evolution of average strength and degree with the growth of num-
ber of participations. Both, average degree and strength, grow, but the growth rate of strength
is higher than one of the degree, for all four Meetup groups. All four groups are characterised
with very high cohesiveness of their social communities. The evolutions of clustering coeffi-
cients, non and weighted one, and their ratio, show that bonding with the community becomes
more important as the members’ engagement in the group activity progresses. As in the case
of conference participations, frequent attendees of group activities tend to form a core whose
stability grows with the number of participations [20, 39]. The need of frequent attendees to
maintain and increase their bonding with the rest of the community influences their probabil-
ity to attend future meetings and thus governs the event participation dynamics of the Meetup
groups.

The observed structure of personal social networks of the Meetup members is in accor-
dance with previous research on this topic [21–24]. The average size of personal social net-
works for the most frequent attendees of the Meetup groups GEAM, PGHF, and TECH, is 150
or lower, while the size of the LVHK personal network is less than 500 different connections,
i.e., of the same order. This is consistent with the predictions of the Social Brain Hypothesis
for the typical human group size. The faster growth of the strength, compared to the one
observed for degree, and the constant, non-trivial, value of the clustering coefficients are indi-
cators of the layered structure of social networks. The comparable values of strength and
degree, as well as weighted and non-weighted clustering coefficients, observed for small num-
bers of attendances, indicate that at the beginning all social connections are of the equal impor-
tance. As members’ engagement with the community grows, she begins to interact with a
certain members of the group more often, which results in the non-linear growth of her
strength. The higher value of weighted clustering coefficient, compared to its non-weighted
counterpart, indicates that member’s personal network consists of layers, subgroups of mem-
bers, characterized with similar strength of mutual relations.

While the group category, type of activity and size do not significantly affect the participa-
tion dynamics in the group activities and structure of networks, the size of separate events
does have an influence on the evolution of social networks. Large events represent an opportu-
nity for members to make new acquaintances, i.e., to establish new connections. On the other
hand, small meetings are typically the gatherings of members with preexisting connections,
and their main purpose is to facilitate the stronger bonding among group members. We find
that the time order of events is irrelevant for group dynamics.

The universality of the event participation patterns, shown in this and previous work [20],
and its socially driven nature give us a better insight not only about the dynamics of studied
social communities but also about others which are organised on very similar principles: com-
munities that bring together people with the similar interests and where the participation is
voluntary. Having in mind that these type of groups constitute a large part of human life,
including all life aspects, understanding their functioning and dynamics is of great importance.
Our results not only contribute to the corpus of increasing knowledge, but also indicate the
key factor which influences the group longevity and successful functioning: the association of
group members with the community. This and recent success stories [40] suggest that complex
network theory can be an extremely useful tool in creating successful communities. Future
studies will be conducted towards further confirmation of universality of event participation
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patterns and better understanding of how social association and contacts can be used for creat-
ing conditions for successful functioning of learning and health support groups.

Materials andmethods

Data

There are more than 240000 groups in 181 countries classified into 33 categories active in the
Meetup community [41]. For each of selected four groups, we have used the Meetup public
API to access the data and collect the list of events organized by the group and the information
on the members who confirmed their participation (RSVP) in the given event since the group’s
beginnings. Each member has a unique id which enables us to follow her activity in the group
events during the time. The collected data have been fully anonymised and we did not collect
any personal information about the group members. We have complied with terms of use of
Meetup website. More details about the group sizes and the number of events is given in
Table 1.

Network construction and filtering

Network construction. We start with a bipartite member event network, which we repre-
sent with participation matrix B. Let Nm denotes total number of members in the group and
Ne is total number of events organized by the group. If the member i participated in the event l
element of matrix Bil takes a value 1, otherwise Bil = 0. In the bipartite network created in this
way, members’ degree is equal to total number of events member participated in, while events’
degree is defined as total number of members that have attended that event. The social net-
work, which is the result of members interactions during the Meetup events and is represented
by weighted matrixW, is created from the weighted projection of bipartite network to mem-
bers partition [42, 43]. In the obtained weighted network nodes correspond to individual
members while the value of the element of weighted matrixWij corresponds to number of
common events two members have attended together.

Network filtering. The observed weighted network is dense network where some of the
non-zero edges can be the result of coincidence. For instance, these edges can be found
between members who attended large number of events or events with many participants, and
therefore they do not necessarily indicate social connections between members. The pruning
of these type of networks and separation of significant edges from non-significant ones is not a
trivial task [36, 37, 44]. For this reasons we start from bipartite network and use method that
determines the significance ofWij link based on configuration model of random bipartite net-
works [36, 37, 45, 46]. In this model of random networks the event size and the number of
events a member attended are fixed, while all other correlations are destroyed (see SI for fur-
ther explanations). Based on this model, for each link in bipartite network, Bil, we determine
the probability pil that user i has attended event l. The assumption of uncorrelated network
enables us to also estimate the probability that two members, i and j, have attended the same
event, which is equal to pilpjl. Probability that two members have attended the same w events is
then given by Poisson binomial distribution

PijÖwÜ à
X
Mw

Y
l2Mw

pilpjl
Y
�l=2Mw

Ö1� pi�l pj�lÜ Ö1Ü

whereMw is the subset of w events that can be chosen from givenM events [36, 37, 47]. We
define p-value as probability that two members i and j has co-occurred on at least wij events,
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i.e., that the link weight between these two members is wij or higher

p�valueÖwijÜ à
X
w�wij

PijÖwÜ: Ö2Ü

The relationship between users i and j will be considered statistically significant if p-value(wij)
 ptrs. In our case, threshold ptrs = 0.05. All links with p-value(wij)> ptrs are consequence of
chance and are considered as non-significant and thus removed from the network. This way
we obtain weighted social network of significant relations between members of the Meetup
groupWS

ij . The details on how we estimate pil and Pij(w) for each link are given in SI.

Topological measures. All topological measures considered in this work are calculated
for weighted social network of significant relationsWS

ij . We consider the following topological

measures of the nodes:

• The node degree qi à
P

jHÖWS
ij Ü, whereH is Heaviside function (HÖxÜ à 1 if x> 0 other-

wiseHÖxÜ à 0);

• The node strength si à
P

jWS
ij [7];

• Non-weighted clustering coefficient of the node ci à 1
qiÖqi�1Ü

P
j;mHÖWS

ij ÜHÖWS
imÜHÖWS

jmÜ
[7].

• Weighted clustering coefficient of the node cWi à 1
siÖqi�1Ü

P
jm
WS
ijáWS

im
2 HÖWS

ij ÜHÖWS
imÜHÖWS

jmÜ
[38].

Weighted clustering coefficient of the network hCWi and its non-weighted counterpart hCi are
values averaged over all nodes in the network.

The event relevance

In order to explore the relevance of event size and time ordering for the evolution of social net-
work topology we analyze how removal of events, according to specific ordering, influences
the number of acquaintance and network cohesion. Specifically, we observe change of measure
η, which represents the fraction of the remaining acquaintances, and weighted clustering coef-
ficient hCWi after the removal of a fraction r of events. The removal of event results in change
of link weights between group members. For instance, if two members, i and j, have partici-
pated in event l, the removal of this event will result in the decrease of the link weightWS

ij by

one. Further removal of events in which these two members have co-occurred will eventually
lead to termination of their social connection, i.e.,WS

ij à 0. IfWS(r) is the matrix of link

weights after the removal of a fraction r of events andWS is the original matrix of significant
relations, then the value of parameter η after the removal of r events is calculated as

ZÖrÜ à
P

ijHÖWS
ijÖrÜÜP

ijHÖWS
ijÜ

; Ö3Ü

The value of weighted clustering coefficient hCWi after the removal of a fraction r of events is
calculated using the same formula as for the hCWi just using the value ofWS(r) instead ofWS.

We remove events according to several different strategies:

• We sort events according to their size. Then, we remove sorted events in descending and
ascending order.

• We remove events according to their time-order, from the first to the last.
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• We remove events in random order. We perform this procedure for each list of events 100
times.

Supporting information

S1 File. Supplementary information: Associative nature of event participation dynamics: a
network theory approach. The probability distribution P(x) of total numbers of participations
in group events x, obtained from the empirical data for the four selected Meetup groups (blue
circles). We also show truncated power law fit x−αe−Bx (solid lines), power law fit x−γ (dotted-
dashed lines), and exponential fit e−λx (dotted lines). Fig A Log likelihood ratioR and the π-
value compare fits to the power law and fits to the truncated power law for the probability dis-
tribution of total numbers of participations in group events. Table A The probability distribu-
tion of successive numbers of participations in group events xS, for the four selected Meetup
groups. The probability distribution follows power law behavior PÖxSÜ ⇠ x�g

S . Fig B The prob-
ability distribution of time lags between two successive participations in group events yS, for
the four selected Meetup groups. The probability distribution follows truncated power law

behavior PÖySÜ ⇠ y�a
S
e�ByS . Fig C The probability distribution of link weights in a weighted

network before and after filtering, for the four selected Meetup groups. Fig D The dependence
of a degree strength ratio on the number of participations, averaged over all members for the
four considered Meetup groups. Red circles correspond to results obtained from empirical
data, while blue squares correspond to randomized data. Fig E The dependence of group
members’ average degree hqi and strength hsi on numbers of participations for a real weighted
network and a randomized network. Fig F The dependence of group members’ average non-

weighted hcii and weighted clustering coefficient hcW
i
i on numbers of participations for a real

weighted network and a randomized network. Fig G The probability distribution of relative

size fluctuations hei�e
hei , for the four considered Meetup groups, where e is the event size and hei

is the average event size. Fig H.
(PDF)
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